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HEMISPHAERIVM 

DISSECTVM 

OPVS GEOMmRICVM 

|n quo obiter traftatur 

De Maximis Infcriptibilibus , ac Mioimis 

Qrcurpfcribeotibus 

RATIO ctiam difcutitqr quarc aliquae Propo- 
(^tiQiics non adtoittant Solptioncm per Mc'- 
■ dia FL^n^ vei Euciidis EleiQCtiK^ . 

4, 

M E T H O P P nouA Geommic^ qua a4 Aequatie- 
nem rcducicur propoiitiQ dc SecHQng Heniifph*- 

rij ii^ ratione dfiti 

Acceftit APPENDlXdc Infcriptionc in Sphas. 
n Coni Scajcni, & 4c Supcrficie ciu$ . 
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SERENISSIMO PRINCIPI 

CAROLO 

CAROLI REGIS 

MAGNiE BRITANNliE.&c 

FILIO PRIMOGENITO, 
PRINCIPI VALLI^. DVCI CORNVBI^, 

R O T H S A I X.,ttC. 
DOMINO MEO C1.EMENTISSIMO. 

E o M E T R I /E ftadiom peria- 
cundumcum fitex fe, Pr IN- 
' c E p s Sereniffime, ac vtile om- 
nibus,tum vero Principib us re 
rum Militarium tradationi de- 
ditis, apprimc eft neceflarium. Eapropter 
ciim opufculum iftud HeMispherivm, 
DissECTVMelacubraflem,nonaliud Pa- 
trocinium ei quanrendu duxi,quam V.Ser& 
fiitatis,qax4teneiisaiiniseducataincaftns. 
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armatradauitpriuspcenequamnofle pof- 
fet, & praeeundo (uis exercitibus , Impera- 
toris munus adhuc Tiro geffit. Et quamuis 
( quae temporum noftrorum eftinfaelicitas) 
inteftinis lubditorum exa£la diffidijs , Pa- 
trid nunc pariter & Regnis exulet ; tamen 
quodca^lo ipfo facem prxferente auguror, 
faturum breui (pero , vt bonis auibus re- 
dux, velut fidus, e nebula illucefcat denuo 
Hemifphaerio Britannico , & altiffima pa- 
ce compofitis bellis , adminiftret tandem 
iuftiriam aequalitate(vt ficJ bquar) Geome- 
tric^, hoc efti perfefta per otnnes tergemi- 
ni fiii Regni ditiones. Et vero , ciim me na- 
tura genuerit fiibditum V.Regi^ Celfitudi- 
ni, nemirii asquiuseratdedicariamelabo- 
res mcos, quim ei, quem & Principem mi- 
hi praefecit Deus ; quemque intuentur (pes 
omnesnoftra;, tanquam liberatorem affli- 
ftiffimab Patri5e,&: ftindatbrem quietistam- 
diu optata:. 

Accedit ad hos obferuantix meae titulos, 
communes pluribus , pcculiar is nexus be- 
neficiorum & honorum , quibus Soceruna 
meum RiCHARD VM WESTONVMPortf 
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landix Comit^m aflfecaut, tto'Auus fcelil 
cis mem. lacobusRex , quam Sereiaiffimus 
Pares V.Screnitatis. Ab iUo quippe honori- 
ficentiffimis Lcgationibite pere^e eft adhi- 
bitus, poftea iri Tanftioris Confflij (enatum 
adleftuSjCommiffis ei maximi pofideris ne* 
gotiis : ab hdc vero infiiper honoribus exi- 
miis eft audus, fummus Anglia: Thefiura- 
rius creatus , Inclito ordini equitum Peri- 
(ceiidis adfcriptus ; denique poft obitum in 
confeflu pubiico Optimiac Prudcntiffimi 
Miniftri elogio cohoneftatus. 
Patere igitur,Seneniffime P r i n c E p s,me 
tot nominibus obftridum obfequiis V.Re- 
gia: Celfitudinis,ofFerre eidem hoc ieuiden- 
ie munus meum , ftudiorum meorum par- 
tum , & exilij aliquod folatium. Dignare 
vmbra ac praefidio veftri Nominis ppufcu- 
ium hoc, licet ex veterum Archimedis In- 
uentorum fecunditate progenitum,tamen 
nouum , cum multa fiut in eo a nemine 
quod fciam haftenus demonftrata. Piura 
fortaffe & his maiora obfequia praeftabunt 
■ SercniffimaK eelfitudini V. pofteri mei,pro 
quomm fidelitat£ ficut hifce (pondeo , ita 
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; fpero ^. cum fliiat in wiis it 
jangois Optimi ac Sapienciffimt fu 
Aui. Dteus O. M. feraet diu. precor Nobi! 
incolumcn V. R- Cdfitudinem;, ipfamqiic 
Regnis» 8c Regna ipfi reftituat quampri< 
munu Rom«if.Iunij 1^48. 



... • 

Sereniffima^ RegteCelfitudinis veftra:. 
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kiCHARDVi ALtflVS. 
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' WgrauefetnmHn^aitimref^f^ 

itffeter^s Unoeinia, ^Hdioris aStepeHtiak 

nrimyfinis pHftfyf^mJ^c dccipe . Semr foft 
aeeimnM mtin^^fihfiiit ^me i^gebat ktiihijryili 
lud iotd^debenfi^^Atithi&itniem '\ dniei^^rL* 2 
qmdfihHtiafiret^^flare daHiMtfiiifftiifeker^ 
Mtekgitmfatriaritm i<:^oUtif »fMtd^ jfbhok 
las ifiierdk!^ie\' '^"Ciim Ijnid "niltra Juribmdhh 
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irhfMttrttfcim CMmt, 
b^fUevigentefftwiibuyJ^rektina^ 
Di^iti^iseim^fte eratiic&btifs Claj^torius,^' 
aiinihiffranda^ftifitratiefnis J^fiieneiarum "pe^ 
nimmifr,atilbuyEitnf^hj/iraidr^bu}\f 



I n^Us ,i!g^ingen^;j^ilitdtifVimiimfUefi^ 
* nuUi-^-eUi fimeVhdfusfiiM^^bUUtfi^dits . '• f^ 
tii(^\^i^kftili^finjlitumm^yf^ 
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ras^j^n/ampiiarem^ ^ W hftia h^Hpifis illius 
'oft^ plfUuia ? «v tra^t nicefiiias ; tknfc foft fjtf^ 
res^anws, rettifins.)m€xJma fertiri^aiioncjf 
Frater meus Tffemaf^ jfs^^difiipfiMis.dek^aT 
tusy^drchiftudis ^^feosfptiffim^^qms dc^ 
^fhiora.^ (^U^draferiffit , recolehdfiSifknfuUt^ 
AilimfQrtuf^tfrum prit^u^eamt» fttoms^ 
fui mffr(tfuip4frfa ehmapctorremj^, Hetrua$ 
^ f^a'i^ttc,i^exf4ti^,ftoferc&as 'fu^a$iom4i\ 
refpdeiwi y Sietftfnen^ vt ea0ent , fipfM rurt? 
fus pifftius idem^^ter ^ denup Jsifhitarfft , ferfir. 
aratjue > 'pt pkAs^tas de C^ttdro} ^ Sfbartu>. 

frofofitiones ftfifet^^icenfuiknf .froftrnpdtf^rn^ 
defiMudifiemffardus, itt btcem ia/f tfufpf^remm 
Heatte ^ma4ifpfdens ^eHitk fer amifos , ean^ 
detn fnihi fttcefiitafcm imfiniere , mateiitef fer 
Ciarifs^mtm f^intm , euittfue £^ in iis di/eifih- 
fiiif do&ifsimum , (s^eas foktfsittfft fidifsimmn^ 
fattomtin^quemhemrisfaiifa notninp)^ichaer> 
lem ^nielum ^cciurn^ cuiHS pnienijmonumetf^ 
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iias cotitamicbrmn^^quemin 

Siihabe^ifeniifttLtiioiKhfufaiUtmhdCiCU^ 

muifate»i^dnjtmffraiio»ii0ififirmiatem» te^def^ 
U^)nurAniffero\: ^awp-ofoptum .enim efii.fk 
fiticl m^im^i^momki^^aUo^^aium hitc inky 
xaerim^'Eieme7ttpruf9si'Ettclidis^fiufifitppofta loea» 
*i^lurnotafiiisLeihriifus,no»J^auiy jirchime'^ 
dtas ^\>^polloma^as^frofofititm^>ifhru3kij[ugi^ 
*i>bi ftK»rJnda 'finr^ 4aiiota^,\^Msakcttftque e!t 
taiviemopm^infinum,itia beneummiiesi^^utneuii \ 
Wtf^brelbie^proHxhtamen^sMnei^ivofisin^Phyn 
fieasfi:ionfias^mm^arHS noff^p&fihahcmiuvtj, 
poFtquamhincm^cutp non.m^no: tempore^ ii- 
Unc ,ru^ritxais farumfofi ingentemei labaretnJt} 
demefiurus v Qucmimt tamen^atuiiores.', mamin \ 
hasfeuiriJsim^d^pUnaSiCenfiirye fiylumfirini \ 
gert aiiauando^neJHe[^aJidtu:ia)jion.ioerentur^ \ 
obiiti fiii omnia in tkceruhefie^ J^-modeUiores fer-^ \ 
titudinem , fierunifise y^ne»ue pdikeeri . f^iua^ 
in imfkriiiafiita ti^i^ramiammaiore.^^oiumki 
1 ttumwiitwejemf^^onerenfi « AxfMjecutn ii¥. 
beatjJriigiieiiar,£r^mcan^8ndtofufis:!aKt^ \ 
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Imprjmatur, fl videbitiw Reaerendifi. P.A}aK. Sac, 
PaJ.Apoil, 

J^x. ViBritiiu Efi/i. 4lafr. Vitfi. 



EX coaiimUIione Reuerendi^i Patris VincentiJ Cai»T 
didi Magifiri S. Matij jegi pr|^l~entcm libriim cui titUT 
ius HemifphMum diSftpm AutJwre Ricliardo Albio n», 
bili Angl<f jjcuius finguiif» acun)en-& fubtilitat.e8i ingeni; , 
funima cuoi demoflftianai pedptenitate fum adinii#us . 

Liber niiiil centinet contral £dem a^t Ixinos m ores , vtpo- 
te ab ig^ -(criptBs qiii pra;il|uilri fit antiqiiilsimi.^miJia, 
apud ^nglQ; natus , patrimoBij & ibrtunarwm i^turanu 
atqueepiiiiuinapatriaobfideiCitholicas Profefiionirfn eaj 
animi trafmuillitate tHlit vt nul)« iii 
uerintftreoitatcm iHiui mentis ,qn 
num fuMjn in ciel«coi)flituit & i:<MIo 
fimi authoris dignifsvnum opus he i 
torumomniuaiMathemaiicae, fedl 
typis dari po<recei)ii(i .. Ronw i&, l 

P. A»ipaiiinuC(mieriin Mtmitiiu BiHfdiliiimM»ghu , 
]^|>rftnatiir, \ 

Fr. HyacifiiJius Pajidslphus Magifter , & Sociuj Re- 
uerendiii-p, ff. ^''ijjtcntjj Candidi Qfdini? PtsdiT 
catormn Sae. Pal. Apol|. M?g. ' . ..^ 
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VpoIlo;iiu^ jn libris .cbjika^laaiftl^ilids^ii^p 

Conus fimplio^p;: » lcwpcjr impljijigicuf ^c Co;io re- 
.!6)x»,ac b^dspiiiuic^i^aue 0>;ii^/|^^puius,. 

Cpn^ScgfXipmiff&i^h^bctyptpicem ^n ,cencrp 
bafis HicmiipJi^BtHj JbaSjin FercTpirpulupi /a<fhim c;^ 
lc<aippc p^ani , J?,a'E jHemiiJfeaarij, J^alW; # 

Conus^4i5)^i(}jefticiem<;u^ipbn^Seg^ 

^ur autcm Sij^rju jljft^i^t j^nc,M Scjapr&^f wuspaij 
.illc.eft. I 

Cpn^s jp0rtlpius,^iqq!£liabeCieandem|)ai(im jcun^ 
Portione , & yerticem in polp ^el^ilphzrij ^ 
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P^v^ip^mph, 

ba{ifn parallelo , habph? vmif cm cundem cum polo 
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plrs^a {bt^fr? 4>mi1d ad 






c - Sc^kortBrimus , eft qui &^s«x ittdoIliirioAe ; Sc&o 
ffts m Cuc]|iIo> liabereuBdbm- axdm? cum Hemifph£9 
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Sc6br Secundi!tsve^pars^tfii/j|»hsenj , i^ua^» dos 
du£tion6SiShoris Primirelmdait»r» habeni$ eundem 
axecp ouintHfemiipiKori^v ■ * •-;:i/si iu:';!'.snr..« '. > . -•. 

Vocatur eciam Se^^^or Secundus > vel Sc&or Secun^' 
duslmbvmcdial, bjtitisdlk^mJuan^ $<^(3SorifiPdim^i<3ii«j 
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; -^ H^t^kmdmli^ fn0tiiii^rijtitdIllg^ta#vi^^^^HlM<^r > 

:& bafis circuJus circa dianietruiiHiA^j cuTffrit c6i<y~j 
iptAtott ipwal jbla /eiamia^ H^rWi^fe^ium^pej^' Ihf^ar j ^ 
i I-Mif •] <^ofidpiantur iam om^ia1^4a-pl»IM)pbr axem> '- ' 

Iparall^ik d^ecro AQi 'Du<3b^iiatnlfij||^<^Atrufii^ 
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^rP|jfl|Us HpM^ve|fxr^uo|ucipft£L$ei^ciris ipj^- 
circa punfiem azem .BP'>|a(%&Se^6rPrifaus IpN^ 
lam jfifi6£€3L Se^prf iPNiiik^hacupSe^boftPri- 
sBUs H D M j rei^i^u^t}!:' S^Qlidum ^uipckbm evcau^» 
tuxn ^ inter li^e^Yj^^fiiper&ies Cotiicas ex liiieis ip, 
Hp>MP>&^fP reuoluri^ f irca axem B P fa^^bs^ 
jComprehe^ium^qUodvofairuisSf^^em Secuodum 
liitcrmcfiium . Sc^i; Yero Secu|id$is vpc^cpr.pai$ iV^ 
la Hcvfiifphxtij qujc rclinguitur dcdu(9:o Sc(^re Rrir 
mo HDMjvellXXNiScllicec^quod con^inctur kir 
ficr b^^ ^C 69 ^Uijpprfiacm Coflicam h{kiin fx f^-. 
polucione lincacuih I D > NP^ yel H p Mi^» Scg«» f 
mencum y vcj.$j;^ihcmwn fld k^ii> > pft pars* Hemi|T 
phaeiri^ inter baiifit» |ieLf|aAi;m parallcluni I N >. vcl 
H M.. iegmeiic(im Zaccrmedium, eft quod concine- 
tor inccr rj^^f^ -^ N & H M. Portio ycro paes illa qva^ 
intcr Polum B , & aliquod Plauum parallclud» bafi %, 
pucaHMyvclINcpmiiietur. . ' • - 

' CoQjis I D N 4k^^t ponus Sc^nentf A | N C > 2f 

in rclacipnc ad Se^rcm I D N ^ > dicicur Cotius S^k 
.^locis. Et ff^ dudas foerinc re^ J:B & JN J&^ ^fi^^n- 
ccs Comim IBN > viocabicurillfriBdnus Porf ionis IBN. 
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' .' Tr^cus Coni> fA pats illa Cpiti qax i|ica:iacec bar 

£m&l^bnum.bai^par3]lelum^^aiuip{um> • 
Conns dicicur inBorsepo/^cus Hcmi|ph2rio> f^usai-' 

do vcrccx cius cft in ^cncro bafis Hcmiiphasrii . . 
Conus dif icur Inicripcus Cono , guando yprcex in- 

icripci cA in cencro baiis circumicripci> Sc baiis inr 
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jlerrptt cangjecircumlcri&entem iid cifciilo .' - - • '"j i 
l -■ Similiter ConusRc^^isinSphxfa infacifius Aki-^ 
■ tuir ) quando Vercex eius eft in Poloj baKiS veraaiilaxim || 
re<Sa tangit iuperficiem Sptixt^ in Circulo . • - l , .j 

Coaus Kt£tas inicriptus Hemiiphaerio^iicitur^qtaa'»! 
do Verteif «ioscft incentro bafis Hemilph^rij , 6c ba-* 
j {{s Coni tangit iuperticiepfL i|i circulo pdl^alieio bafr 
j Hemiiphaprij . " ', ' 

j Conus dicitur circum lcribere Sphsram , (^uando- 
Sphsra inicripta tangit illum incentro- bafis ;k>{ius & ! 
iaCitculo^' ■■'■■'■-■ 

Conas dicitur cijpc^im/cribere -Hemiiph^riunL» ^ 
|<}tiaiidoba(is Coni^Hemiiphxrij habehtidem ~ 
tr^flfi >&tahgunt iituleem in chculO'. 
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Similit^ 
Krripti Conoidibus yel Sphadroidibils ])vel ^uibuicun-. 
^ue Portionibus vel Sph«rarum vei Sphseroidum , /i-. 
cac in prxcedentibus cam diximus de lphjera> & He^ 

mupnatno^. .i '•'%'' * • ■ * ■ 

Latus Coni , vocatur^ ga2eccmguere<3:a linfea ^u£ 9, 
; vdrticeadaliquod puhdum in pi^piplK^ria baiisipfius 
dacitur;-') -'^y^ iwUK v •. . '••..■■•■. • •■ ■ • 
' Figura eenetrix dicicor yde (juacunque %ura pla-^ 
I iia>excaiuireuoIuck>hecifca:axeiiV'ari^uem manen-; . 
i tom-iiiat.aliquod Scdidikmi ;J^fmpli gr'ati:ivFigufa.j| ' 
genetriiciQiani edi.lTiangdltan^^Rct^^^ Co^ 

noidi^^huraboiici eft Semipa«ab«JaFce<5ha y &diicde cbp- 
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PROPOSITIO PRIMA. 

i 

Si quadratutn diametri bafis Heini(pha?rij 
zd quadratum diam^i bafis , Cy Wodri 
11 1 m ratioQeaelquiaHerat a.,u^:|C>yii07 
driis eiufdem cumrHemt(piii^rio )iU» 
tudinis ; €rit Cyliddrus jE{emilptia?rio 
sequalis. 
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HcmiMjtriaini A BC> in qiioccn- 
trum bans D , a*is D B , & fiipcr bafi 
AC, & akituclmeHciWlfplCfrij E)« 
conftiijuatur G^Undrus EGjJumiatur 

iam inradio AD p.un<9nnn,Fj:Yt fit 

'quadratiirnAD. ad quadratum F D in ratrone fel^ui- 
altct4ylibc'eft*Ccut 5 ad z,&ifiiper'circul6txiw}ioFD>; 
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fdMasiftiajcrdrlinea FC) & aJtipidihe B D, cQngitua- 
C&C54nH»u< fl 6 . *pic0 Jitinc (^ijdrum aegualem 

: iDudp ihnt m ratiotie pa^fium^Bafes autem^fU^ /^cir- 
I ciili , ic habeanc ad inuicem quemadmodum a diamc- 
i.duod^ ! fris quadrata , &per conftf u^onem, duadratum radij 
A D bafis Cylindri JE C , iid guadraf um F D radij ba- 
fh Cylind|"i HG> in ratione ieiguialtera , Cylindrus 
vero jEC eft.iie/gui3lterHpmipiiifi) vti demonftrauit 
Archimedcs ; (Cylindrus igitujr HG eft in ratione iiib- 
fclquialtcra ?fl Cy lindruitn E C, & idpq «qualis H^- 
miipbaerio t ^^dod clcmpnftraiiduffl ^rat . 
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axem : quadratum totius ascis , ad qua- 
dratum partis rnterceptse iiiter planum 
iecan^ & bafim » erit io ratiooe tripla . 
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Slt enkn Qy lincfrus D E iegualk hemij^hsrio ABCy 
conftitucus circa eundem axem BG^ & eiui^em al- 
Eicudinis, & per inceriediionem eoru4em ducacur pla-^ 
num H I > hstG. A C parallelum^ inceriecans axem B G 
in pun(3x) L . pico quadracuim axis BQ, cSc criptunu 
quadraci parus intercepcdc LG: Ducacur demonftra*^ 
cionis gracia a nuadx> incerie(5tionis H ad ^encrom G 
linea- H G i que cum iiic apqualfe A G radio baiis he- 
miiplmij) eric quidracum H G ad quadracum F G ic- 
eut f ad 2;> ied^uadracum HG> 2<gualee^ duobu^ 
auadrads ex H F > & F G . Quadracum igicur H G cum 
uc 5 ^ausklrMum F G 2. , neceile eft ^uadraDum H F 
efk X y di racionem ^uadrati H G ad quadracum H F 
ficuc 9 ad I . Cum aucem B G & H G unc xqualcs , Ch 
ctk eciam L G <8c H F > in e^em racione eric aikis B G> 
ad L G parcem inc<erceptam : Quadracum igicur axis 
eft td quadmctmi paitis^ inter<^ej>c^ incerplanum i^ 
can&& baiim in ncioiie tripli .' 'quod erac prdpoiicum. 
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iat:erum trianguli G H F .caedem fint , quit diametri 
lpha>ra^7 lacefb p}n^midi;ii 6?lacenscid>i in eadem^ 
iphii^ra infcri|icipilium , Qubd Iice>noh admodum ad 
rem prairlentcm feciati n^sc in dccuriix Iifc>riad lccjuen- 
tes propojfitione$ mulcum inferuiac j tamen , qjupniam 
Cylindri HE omnium in Hemiiphasrio inicripcibi* 
lium majwmiy vci ppftcaL demQnj(ltg.bifur, bafis cx ra- 
dio G F , alticudo vero cx axc G L ( quae dimidia iiint 

Uumi yt;m9x patebi? j conilitut« mix^ ^ vi|um ei^ ea de 
re Jfidx)f cnpk acunon^rc j.cum pra!^crtim y^ilc foffit ciTe 
4d ixml^ii anim^ducryilc . ' ■ ■; .- 

• • « " 

Jl4t($iram auccm irianguli cum firibus di^» lincis 
{u)aili£u4orex co^aod modo inilnaamm^i): iaci^clur^ 
cerf poc-eft % ^uia nimix^mntreslimte qux criangidiam 
ilivid CQrtipoiiani, hof ttm laterum iw dimidi»i ipbae- 
r$ (|U}d«m l^mididmcpcr G H j dimidium PyjTiu&iidi;; 
kt.iu G Fi acdemam iaieri; Citbj.dimidiam. H h<¥^ 

(Mao«tlMreuiDe:roftf^<;^r ' 

Aa primittm qupd.GH ^ iiemidiaAimr iph«i;a» 

fti»tii^m fift ^ «;iMn a?i H«mii|Jwrri| J»G,>Bga4-j 

Dcinde «jupd, G F , fe dimkliiSvii laeciis P^mkmidisi 
in^ pfQbatwr: qni» di^mctier ^>b«r» (vi dcmoJLftr»* 
i^ &iifijy^ > eft pQ^tiftieiqiiiijfier^ iiixriii {^midis 
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ber^ A G ^ianictrutn iph^a; a^ rc<fbim F E ; Eric igi- 
tur F E; Iacu5"^taxfi)c|Jf t3j[|5hl^lii(ilc^^bili5 , at^uc 
adcQ G F cius iat^ris. dimidiuni, , 

li ratiQnc cQncludi^Vi^i; ;5r^ «^iA JbiacpropQidtio- 
He prQbatum{i?/^uocf'i[G, leii quocTidem cft HG 
ixk, ieu iemidii^.itet^^iip|]^aEfij /itpotcntiitripla 
ret^ H F , quod kpfnm, demojidfti^tkuit Euciides de ra- 
cione diametri ^haera^adjatus qubiiiUcriptibilis , cric 
H F dimidium laceri$,£Ubi ; eadem cnioX cii racio dimi^ 
dij «id dimidiuip > quas cocius. ad cocum « 

.. •, » 

« 

Circiilas t ^uHisrnidiiis eftlifieailverdco 
fc&om ad niar^Qem iuperficiei eiii& 
iphserica^» eft a^^iKsIis iMclerllciqit:^;?' 
rlcacipnunteaQns^ 
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T^Vl^cfAftraiturab Arcli&ied<^iibrapr|w ^f^ 
J^JI ira ap^ Cyliadro.|tfopQj(idQne,ti:if«(inHl!.i«9^ 

criccfimaiqptima,. . . - 

Vnde iequicur^iquod, iupcrficicaiiphacricaclunt intcr 
ic, ii<juc ^fUdratal Iii|^«9ft. Juib^iph^iftim*^^ ^ 

mliph^ij vcl j[cOx«jij^^djmv^"^^6j^ 

ric2)VelradQ (^ircul^iim jequaliiim iupcrficiei Iphas- 
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PROPOSITIO IV. 
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Quadfamm Wntst tatn6nt k quadcato 

niaidrii^ ftbtrahdrd- 
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ejc quatftato Imear. A B iubtrahere (|isacii:atum li- 
nea?.Cp; Super linea AB .^dc^c^ibatur iemiqirc^ulus 
A £ B > in quo apuhdio A applicecur linea A £ xgualis 
data; CD> &ducacur £ B; dicoquod £B eft tinea-« 
quaciita: Cum enim quadratum AB {it sguale qua- 
dratfe eic AE, &'EB, (? fubducatur & quadiraco A? 
quadratum- ex £ A i quod reliquum lEift £qu4Ie erit 
quadracp es E B: eft igitur £ B linea qutsfica .. 

pROPOsifVb V. 
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Superficies fpaerica ledcrris fecuddi apqua- 
lis eft circidbv &d0 4>adio cuiusqua- 
dratutn vna cum quadrato rklij circuU 
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sequ^s fuperfic jci iphaericf feSQris pri- 
mi fitnul, iupt lequidls quadr^ito linex 
quae ^ polp ad mafgiaem joferiorem k- 
Stom lejbwdl (jugitun 
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gines iedlrorum . 

Cum igitur circulus £idus a radio £ B xqualis flt iu4 
perficiei ifhserk^i^^Sigsii ]BI)f ^^itculus ^ciam a ra> 

^QEf^ 9 1-|\- jQircuiiauteai cum iui^ i]tr9i^^aQe.^U4^ 
4mfmm i^iorif m iiuijruin > «ri^ ^Si iupfi^fie^e^kbsiacr 

CA i^idSQr^K^ P F;> ^iliupcrficicm. .i^hxrkavL kOxitip! 
Q^'H> Qfm^quB^ltaxu^ line» E^s^quai^utnlf.-,. 
9^9 G B; :$ii^34ufdtii9.igic^ sx ^uadraco ikie^ £;B^ 
^iiiii^fi^m £B & £c linea I > 'Pia^ quadratiim vma-» 
f,»0k q^suJKmxL £ B , iuniul |aiii|»a f<]ualia /int -^aa<^ 
drac9'^Q i|^.;^ j(^]Ania0iigi^4}Uakcaq^ ^ JLioaa. qim 



i$-l»¥«Mt 



I ^ < « ' ^i 



.^J*. I " 



^m 



4.b«iiis. 



— \ 



(; 



1 



ua- 



**d«dKi«i^ 



9fi 



SS 



X 



LJJJi^l 



i 



I 



s 



HEMISPHAERiVM 



I 






..•1 i 



. ♦ 

• » • 






JF 




• « 



A 4. 












t 



quadpatQ I xqas^iia. fiinc quadraco G B > eric & circulus 
ex padio £ 3 vna cum circulo ex radio I fimul a;quales 
circulo ex radio G B ; Sed liiperficies fphxrica fe<f^oris 
primi EDV, cui «qiialis eft circulus ex radio E B , vna 
cum iiiperficie fphaHrica ie<3:oris iecundi conficiunc iii- 
pef ficiem iph^eriGam iedx>ris G £> H' , cui -sequalis eft 
cir culiis ex iradio BG ; Superficies igictir iphffrica ieifio- 
ris ieckmdi G £ D FH > irqualis «ft circulo^x r^dio I > 
quod erat demonilrandum . 
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- - r 7) COROLUARIVM^ 

: Hincinitertur quod.iiducacur Iinea AB^drcuIus fa- 

4^as ^xadio A B xq^is eric iuperficiei ipha»-ic£ He- 

miiphasrij^ & quod iuperficiesKe<5borum primorunu 

ilnc ad iiiperficiem ip^icam Hemiiphanrijin: r«cione 

quadmoEiun iinearum iubcenlarum^ ad quaidracuxnj 

ABr^ubceois a polo ad margineni Hemiiphznj j & 

quod iecundorum ie<3:orum iupeirficies iph^Joe iZnc 

ad £iporficieih iphj^ricam Hemi/ph^rij^ficut exceiliis 

quadrari iubceni^ maaoris iuprami^orQm asd quadra» 

tum iiibcdlii^ a polo ad margincm-Hemiiph^ij . 
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S^pf adHenuipharriuiQ eA in rationci^ 
/iiiperficietl^hsericsr (eSoris » ad (vappt^ 
t%iem iiA»ricam Hemilphsbfiji ' ; 
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HOc confequitur ex demoftratione.Ardbimedis 
libro pf imo de /pii<era & Cylindro propofitio- 
ne vltima/ Voi dembnllrat q^od ^onus habens baifim 
a»jualem iiiperficiei /pii!zrica»ied^ris> aititudinem vc- 
roacqualem nAitaf^xtXi cqiialis ifit St&icki: Viido 
c6n^quitur,quddconns habco^ ijailm a?quaiem iii-;^ 
per&ciei iphasrice Hemiiplier^V) altitudinem vero 
fequalem radioviic acjquaiisHemi^iia^rios Coni au-i 
rem > . quorum eadem. eii aititudb ^ iunt in racione ba^ 
tiUm^iunt i^cur & ie(Hx>res ><quorum iupecificiesi iphc^ 
ricsi- iunc iKlit baics , altitudines ' vero easdem y icilicc$ 
radius iphxra? quorumiunciei^x^res^inracioneiuper** 
ficieruQi i{>h2ricax!um » quod crac propoficum . 
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7 Ex hoc docemtir , quomodo' .Sei^ri dat6 coiiili'* 
tuendus.fic Con«3.ineadem.aldcadine> arqualis: Si 
enim ducaturperpolum Se£)!ori^plaaunLbaii Hemif^ 
phasr^' parallelum^&in eo £u3:afueric.ba/is'coni sequa^ 
lis iiiperiidei iph^ncce Se«^ri$!i^ habemis;eundeml> 
cum Se€):ore vcrticem , ericiiie .cdqus ^quahs SciStoci 
daco.. SiJnilicer^coiio daco> cuiusradius-baiis mincM: 
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{ic<^am fiibtcniaapolo admarginemHemiiphaarij, 
alcicudo vero-IiAe;i ^liiitii a^i H«!miipii$ti; ^ conilicui 
poccft /c^or ^qualis . D^cacur cnim tc(3^ ^quaUs ra- 

ducacur re^ad c^mcvvi Hemi^U^ii > & «sx f eii^Iu- 
tionc ciuiclem circa axcnrHcmiipn^rij ,6<3ws cric Sc- 

LEMMA DEFINITIVVM, 

u : Siiinc duj» vci plura iolida vel plana e iuidcm Bltitu<^ 
diiiif^quf cum ikh fiicrint lineis vci planis pctrailelis 
^txmninfinitis^&pcritagulft planavel iblida>pattei 
linearufii vcl planontm incerccp^ habeanc vicifiSm^ 
eindem radonem vd propriecaccm « Dicojtoda pla-» 
ta vel iblida > eaiciom rationes vel proprictates habero 
^|U4$ Kabcotlioe^ vvl plans intetcepca ; &^uod omnss^ 
&:(i^gul^ pmci ao^umgue > vclplanorum vel iblido-» 
rum incer cajdcm^ncai vd pl>m inccrccpc^>£nt in 
cadcm ratione icu propriccatc ♦ 

Hoc clicitur ix dfcmoitftraas jit.Archimcdc > & alijs 
infignibus Maichcmacicis per viam cxcciTuum , &dcfc- 
^ibltim >6« prbporcionum > -^ -dcmoitftrari pociut per 
pl:<^fitioaem ^uintdm Archimcdis^iccoaiaidibusi 
& ipiueroidibus>Qpc: Coi^larij oidm propoiicionian-» 

iiexf > vi>i deitioniirac poportion6m cilipiis ad circu* 

himcirca. m«iorcm eliipiis diamctvtim > ciTc ficut mi* 

ijiofisdiametf i.ad maior^ * 

" .AiuiiKducft<iidumeciamcft)Qu6d brcuitaciscau- 
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ia i^p&omiil^ fimc lA conftmc^ionibus ^ /e(5biolies figu- 
rarumper axem;, ^^ iioet in muici^ iequentium pro- 
poiicipnum yficuti ^ in vicima prajceriCfi^ videancur 
neceilari<^ j accamen ^uoniam enrum iuppofifio iacis 
obuia eil lec):ori , minus neceilarium <iuzi eafi demon- 
ilracionibus inierere. 

L E M M A. 

SiiiierintduoCirculiinsequalescirca ide 
cefitrutn, Si ex quadrato di^metri ma^ 
ioris fiibdudum fuerit quadratum dia- 
metn mihpris > reliqui quadrati latus 
a^quale erit diametro. Circuli > a^qualis 
exceiTui maioris fiipra minorem . 








SIc circulus cuius diamecer A B ^ cenrrumC , & cir«- 
ca idem cencrum aiius minor cuius diamecer DEi 
oporceac au^em cercium exiiibere , qui exceiTui maio- 
ris iupra minorem a*quaiis fic . Ducacur re<3aFG^ 
^gualis diametro A B , deicripco^ue itiper iila icmicir- 
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cvdo F H G , a pun(f%<!> F , applicetuir linca F H , fqualis 
^UamecrO circuli minoris D £ , cjto^jCnm -min^ iit dia- 
metro F G, cadet intra icmicircukim i;i pi^ii^ H, pe- 
ripheri? , a quo ducacur H G linea,facjens.'triangu- 
lum rcdlangiilum F H G . Dico litieam H G, ^qualem 
cfle diamecro circuli qu?fici . 

Quoniam enim circuli liinc ipcer (e flcuc quadra- 
ca diamecrorum iuor^tca , lineajiuccm F G , ^gualis 
eft diamecro A.Bi, &Iinea F H , ^givdis ^iamecro D E, 
«rit; ^uc ouadracuj» FG > ad ^uftdracum FH, ica^ 
oircukis.,cx AB diamctro , a^ ciirculam cx diamc- 
ctp DJ£., &:pcr conuerfionem racionis ficuc <^uadra- 
cum F G, ad quadracum H G , ica circulus maior cir- 
ta diamecrUm AB, ad excefTum <guo maior excedic 
minorem circadiainecriim DE^ fed quadratiim F G, 
j ^quale Qft.duobus quadratis F H,& HG. Ciroulus 
igitur ex diametro F G , ^qualis cft duobus circulis 
cx dianactris F H , & H G , & ideo circulus circa dia- 
mecrum ^qualcm line^ H G , ?qualis eft cxCeflui quo 
maior circulus circa A B diamecrum exccdit mino- 
rem circa diamecrum D E . 

Hoc Lemma vniuerfaie cft de circulis in^qualibus 
licct non finc circa idem centriim , vc cuiuis manife- 
ftum eflc poceft ; quia camen nobis viUi non cit nifi in 
circulis circa idem ccntrum , viiiim eftiHud hicica.» 
proponero^ 
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Sifuperbafi Hemi&haefij conAitutus fue- 
ritCylindruseiuiaemcum liemifpha?- 
rio akitudinis , & in eodem iofcribatur 
Cotfus reSangutus ihuerfe pofitus; erit 
hic a^qualis exceiTui Cvlindri (iipra He- 
nflqrfiaeriutn,61fcomnibus partibus vbi- 
cunque jnterc^ptisiipter plana ad bafim 

. paraf|ela,{)!^rte$ vidisim intercepta?«- 
ijuales erunti 







»••• 



^ - 



••j 



' te ^ 



V-- 



• , y 







• t 




h Hf mKphfrium A B C ^ ccittrum D, ascis B D,^ 
fup^r bau A C , Cylindrus £ C , eiulHcm cum hc- 
milphfrio alcicudinis,^ in coconfticucus Conu$ EDF^ 
inucrlc Doficus , • habens verciccm in ccncro Di^ui» 
cum bahs radius £ B , ^qualis ik alcic4idini B D , crii; 
rc^ngulusj Sccencur vccunquc omnia duobus pianis 
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G H , ^ I K , Jbafi A C , parelielis ,.^ icerum-lcc^otur 
>l^o per axem B D, ad ba/im re(5);o, faqience in Hemi- 
pn^rio lemicirculum ^ BC ,'iri cbrio triangulum re- 
dtengulum £ D^ /& in plaAis pftreflBis , linea^ G H i 
I K . Dico partem Iblidam CylindijiE C, <3U? cft cxtra 
Hemiiph?rium , & notatur literis A E B F C , vel cx- 
cefTum Cylindri iupra Hemilphaarium; ^ualem eflo 
Cono re(9angulo E D F . _ . . 

Quoniam enim per into^ciftioncm plani G H , fa- 
^seft circulus in Cylindro , cuius radius eft re(f^ 
G L , in cono etiam circulus cuius radius N L , & 
in Hemilphigrio circulus cuius radius linea O L j ra- 
dius N L vero cum fit paralielui lateri E B , in tri- 
angulo £p B , erit ad lineam L D 7&ut £ B ad B D , 
& ideo ^qualis L D ; Et fi ducatur a pun<5^o O , asd cen- 
crurii linca O D , crit <juadratum cx O Dj'"^titalc 
duobus quadracis O L , & L D > hoc ef^ quadracis ex 
P L, & N L i icd G L , & O D, iiinc ^qualcsi Igitur <jua- 
dxatum cx G L ,^quale cft quadracis cx. O L > ^ N L > 
& ideo circulus i^^s cx radio GL,^qualis erit duo- 
Ijtts circulis ex radijs N L , & Q Lj icct 5« i^i^^vci. circulus 
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ex racJiQ G L > ^qualis eft circuio ex radio O L , vna.» 
cum cxcclI|i*%kcrj>*njeCPjQg<xi igillir J&(Skum^ 
eA ex parce GO, ^ouak <?il ei quod fac^m eft ex radio 

ceiTui Q):cttLi txradiQGLi^n etrculuni p: odio 
O JL , fiipraf circulum ex radio O L r $cd N I„ cft radius 
cterfi wcptKf rc^ffgttldE D F , ftmioef rsOTimf cft 
: ex parte G O, cft cxccflus circuli iti Cyiindro iupra cir-- 
I cujum in Hemiipiia?rio « ExcciTus igitur circuli fa^ 
' iix Cylindro , iupra circulum fa<):um in hemiiph^rio 

er intcriedionem eiuidcm plani parallcJi GH, ^qhsl" 

is cft circuio Si<^o in cono re«5):anguio . 

Simili modo dcmonikabicur quod circulus ^dais 9 
radio P M > ^Qualis cric cxccflui circuli in C^lindro cx 
radio J M > iupra circutum in Hemiipha;rio ex radio 
^M, icilicec ei guod expartp J (^i^dum ik; & fimili- 
tfi 10 omoibiii^jBaiCKbiis iiett in mSuaiicxf Hs&iti ifierll 

putef intetccp^ iimcEr atdcm plana por^cla «iin^is 
ffmbn$(xmi conct^fKMidcorc; ipiis {^ualoi (txig > lciiin> 
cccouod p3r$Cylindri£ C>iiofa|alicerJ$ GOQI^RH 
K T4k 9^aali9paru Coni rediMigoii nopief littris N P 
VS, ^tt^ incer pjanapacalleia G H>l K> incflrctpianciir* 
£1 ^updtdciis czccfius^ua|i$iiC|Qci Cono^^uod dlp» 

iiioQftmodumer^ , 

COROtLARIVMr 

Pat^(ci:demonftratii ovodcttm Cylindrusfii crir* 
plua cdo4 £ip€t cadem hm fc etui^fim alcitiidinis>iie« 
mii|t)M^ilm cric dnplum Colvi iaipfi» inicripci . 
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PRGPOsiTio viii: 
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Si Hemifphaerium fedum fuerit plm6 bali 
bari^llelo , f^perfid^s eius fph^ficafeca- 
Pltur in eademradone qua ifecatur^^ 
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Ic Hemi^h^rium A B C > CcQxim plano £ F , ba(i 
parallelo , iecance axem BI>, in pun<3:o G > Dicd 
(^uod ficuc B D , ad BG , ica j[e haijer^iuperfides ipli^i-' 
ca hemifph^rij A B C > ad itipef ficiem iph^risam por- 
tionis £ B F ; Ducancur enim iine^ B A , B£ i Sc quo^ 
hiam iuperfides iph^hca A B C .^ eil ad iuperficienu 
iph^ricam £ B F ^ licuc quadracuqi iine^B A , ad gua- 
dracum line^ B£> e^.aucem <]uadracum linef BA> 
f quale rei^ngulo ex dupla B D > in B D , &; quadraco 
linea B £,^quale eft re(^angulum ex dupla B D , in BGj 
re<l^gula aucem mper baiibus igquali£>us iiuic ip. ra- 
cione alcioudinum > re<^ngulumigicur ^^duplaBiD) 
inB D ; adre(£hngulnm ex eadem dupla 91) , in B d a 
fe habec iicuc BD /ad B G : ied & ^uadraca A B^ & £ B> 
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cum (inc ^ualia pr^cli<5)is redbngulis^ funt in eadenu 
ratione, £:i/ic^&-lifi«f #0*>-ad BGi- £jc^quali igicur 
fuperficies ^^^rica^A^C >i^4Mbec acl «iiiperficienu 
iph^ricam £ B ^ j fiCuc B D L ad 6 p : Si igicur ik^hiaL, 
f ueric Hemiiph^rium^c. ^liod de monf|tV. 

k ^ » M 
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Cum ab Archimcde denionftratum fic, quod ie<3:o- 
res eqba^es (iiit coois , ipbi^.am ; ba&s iiuhc : ^qt^ales ia^ 
p^riictebus iphgricis ^oidiium > & alcitudines ^qualo^ 
r;rdio :^>hi^r9 > Sei^aitU£iSd(3:o/es :tanquam conros eiui^ 
dcm alcimdinis; eiie : ihi^i fe ^cuis iuperhcie& corunu 
iph^ict-iiu bafesi ad.Hfirtiiiphjgriiyero esamhabero 
rationemjquam ipi^ ie^orum iuperiicies Hafiditad iiiT» 
peiriicies heiwipl^ibcum duoruzhliant partes ^-^ - • 
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Si coinftftuatiir Gyliodrus arqualis Hemi- 
fbhserio ciirca euddem axem, .$ ifecetur 

. vtcuhqu^ plaiib bafi paf allelo j pars Cy- 
liadri; interqepca iojter plaoum & baiim» 
a?qualis eft Sedbri (ecundo in (egmento 
^hsera? inter ead^m plaija intercepto . 



^ A v« >. 



SIc Heiph^rium A B C , cui §<jualis & circa eundem 
axem BDy {it Gonltituous GyliiKlrus EF,65lc- 
cenrar amboplano GHobafiACpaMtlleloJcckntc 
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prop. |8. 



( •. 



>i 






I. httittsi 



axem 



■■I 



f"l 






mmmmmm^ 



li 



HEMIS^HAERIVM 



JBam^mmi^ummmmf 



WMMMMp 



m 



* ' 



* z 







\j ^ -m I 



t • • t 



• I • t • 









\ . ; > • ♦ ' i . 

t <■ I I < ; 



i 






Per 9. hu^ 



tus '. 



6. huius ; 



• \.i*\ 



I. 



axtm mp^nK^I^^heiia^iurrivai inKl^Yii^^*^ 
fiilc 2|c(. ccaicruin > duo io^xiies ^.iciUf et pvimus K l> 
LB i^ '^sSxf^ iecmidiis AX&LC: i>KO< CylMrun^ 
Giii ^mioft paff& Cyiiodri £ F > incof ccpci^ intfsc ba^lm 
&:|3daatim paoUciuini C H r^^tMdcm efla ie<^i ^e- 
cfmdo AKDLC, » 

Cum 'e«:in| iu iioic B| « a4'B{>\ JMiujpeirficies 
Iphqrica K B L > ad lupcrficicm hcmilpha:rij , & fi- 
cut lupcrficieij(l*3:0pii S D1.:1l y 4uJ luperficicm hc- 
milphcrij , ita ic<3:or ad Hcmilphfcrium , crit cx «qua- 

^ xAKPtC; /^ itUc<^^;K¥liD > ad rcliquum^ 
Hemiifhasffijdemntoi i^ore,fi*6c6t|ad i4<^orcm lc- 
e^ndifim A K DL O j |cd ficot SI^ ad H? ^ i«a ectam pais 

^J^Hn S H ^ fticotn: G 6'. £ii «m»li igiiur > €<^ 

pars G F,squali5 \kdiaxx fecundo A K D L Cquod. crac « 

- - - , • -• * M 

COROLiiARlVMv 

iMonifdlum ><^ ^riam , oaod Cylindrut E H, fic 
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xqualis ie£tori primo K B L D , & qubd esccefTus cius 
iiipra porcioii9m|C)BXr^jVHf^lii;<r.<]qi nocacur liceris'1 
E G K B L H K:> fic ajquaj^ Cono K D L .' 
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I Quoci (i iccf um lececQr Hemifphacrium alio plano 
parallclo vcpocc M P N,lccanceiicmifph?rium in MN> 
axem veroinP/flcfacicncc in Cyiindro EF^parceoL» 
G O , incerccpcam inccr plana G H , & M,N > lcquicur 
ihSKircm leeun(hun.Vtiincerm«dlu:^MKPJl4N:>^s^9^ 
lcm tiSs parci Cylindlriincercepc^ ioc^r eMomcpli^nA-*^ 
videliccCpartiGO; ju . , :.. :- r ■■■> 

Cum cnim.ficficui; B I , ajdl.Dj ita ^C^lin^rus ^ H» 
M Cyiindrnm G F j & ica iii<^or K D L.i ?^ i^<^em 
iecuisbium A K D L C j .& iique: B P , ad P D , 'ica ie<^or 
M $ N p ;, ad ic^icm iecundum A M D N C ; «ic (i- 
cuc 3 1 > ad B P i hoc eil ilcuc C^Iindrus £ H > ad; Cy- 
lindrum £ O, ica ie^or K B.LX>> ad iei^QreQi M B 
N Di «8^2 diuid^ndp iicuc B I , ad I P , ycl Cylindrus £H> 
ad Cylindr um G O ^ ica ie(5):or K B L D , ad iqdh^rem ie- 
cundm M K D L N i icd ic<aor K B L D , arquaiis eft 
Cylindro EH . Igicui-ic<a;or ip^ undus MKDLN,a;^T 
1 js crii; C^lindro G O . 
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Conus in reetnento vna cum cOno redan- 
gulo eiUfaem StTtadifies «jxquales fiint 
dimidio fedQris fetundl. 
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ciuiHcm altitudinisiconus rc(3:ang«:iuls E D.Fi Cylwi*- ; 
(frkfi^t^m^tSM^ i^u^ls':|!teilii<|^«ti5,..8eeluiclcm'al- 

gute lAOj Ik^ heinilphadum iivM > A:N yCJ^axcm 
CDrtiM cbkAbiUftcm in putwJitt I ^, l$>ilcd -^ifdd tJohus 
^I^M feftgm*nt^viAcuincottdrt<a3iAgufeODP 
^Kntil 'itimpti ^iiki Imm; <l9M4di6 fe«^is ieciittclii 
AMDNCi. •• •' ■ • ■■'-•■'-' • •.- 

Oftlm ««hitti -dettibflllt^itti fit^^ cottui Vc^tt- 
^ttlgW iflt^naiis^xtiefliii Gylittdi-jik^cr fcgfticfittiitt. 
intcrccpti intcr cadem plana parailc44,^r<itoeftusODP 
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ceguajis cxceflUi A K M N L C , gui eft cxccflus Cylin- 
dri EC, fepra par<:«m Hciai/pfa*rr/ ABC,' intcrcc- 
pwm intfef planutti K L parailclum &ba^fon hcmii- 
ph«rij A C ; Si igiciu gd<fatur conus M D N , ^unt fi- 
mul iumpti conus red!a|igulus O t>P, cUm' coAo /cg- 
mcnti M D N , «quales coti cxcefllii Cylindri K C , lii- 
pra ic(S):orcm iecundum A M D N C : icOior vcro ieciih- 
aus aquaris cft Cylindro R H , gui pars cft Cylindri 
G H , z;gualis Hcmi/ph^erip & inter eadcm plana in- 
rifc^ii^Cylinffa-u^ «tkwi ICG ,ciim fil *iti|dfcfti alti-i 
ttid(iiti!^*,|e i(¥iibct ad Cylit^^d^uM RH>{kut 6aiis ^ 
j ba^tn -ii^iikxk ift mio** lei^iaktri , i\b^ e0i idtflft 
y ad t i igitur Cvliftdrtis K C , crt: Cylindri It k > 
Vnumcttm djmidib >"^ idco ispgfuAlis '^dtcki Iktindd 
AMDNC,yna cum dimidio; Scd let^ot ^ciindus 
vna ctfm tbRb fegwnehti M D N , Ik cono retSfettigultt 
O D P , fimiil , iJ^uMti* fe C^l* Adro K C j h6c *lt c^ 
bus,x^tiatian\ idStot jfecundtts cqttdis eftiduobus^ risji^ 
qui i^t?ut CDiius rc^iigulusOam cono icgihheMci con* 
trciunt f^Wn , i& ideo ieqwife^ jiiAt dimidik» tidt&ri$ 
&cuiU}i AMDNC,duodcrac<kmonft#atifiN^. 
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tiaictem dcmidiitts ia €)iiactJiK}Oe chta 

rsitlone cooftituere » 




iDHienaiph^Hafti A 6 C ^ cttittum D « axu 8 Di& 
- iltaci |k l:«cio£^<id F > in iquil opcAttfat «rohftittttct 
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cbnumiegmentladcpnum re^isMiiguIum eiufcfem aU 
tii?udinis : Sit igitur G , m.?dia prpportionalis intcr E , 
^ F;, sdat tiiangulum red^ngulum H I K» cuius ba-* 
fy K i {;t<Bgualis£, £^ l^us H 1, circa angulum redium 
^quale G > Fiat iam angulus BJ^ L , asguz^lis angulo 
^HI, &pcr pun<3:urn L,in fi^perficie Hcmilphaerij 
I ^racnieac planum bafi A C , parallelum ^ f^ciens. feg- 
nientum A L M C., in qao fit conus' icgmenti LDM ; 
a pundte etiam N, interlcdiionis plani cum axe, in pia- 
np iumatur pun(3;iim O , ita. vt O N , awjualis fit N D , 
6cex reuolucione trianguli O N D > fiat conus re(^n- i 
gulus O D P : Di,co con um iegmenti L D M, ad cpnum 
redbmgulum O D P , habere rationem quam habet li- 
nea £ , ad lineam F : 



ii.dttode- 
cimt. 

i.duodecL 
xai. 



Quoniam enim coni L D M ^ & O D P , iunc ciui- 
Hem altitudinis , iunt intd- (eiTcut baic^ ; iunt -autetXLf 

Jjaies in dupla racipnc r*iiorum iwafwm. > pcr,f bnftru- 

<9:ionem vero £adais'cfk raditvs O-N >;«M}ualis lateri ND, 
trianguli L N D ; triangulum vero L N D , ajquiarigu- 
him eil triangulo K H I , & ideoie habet L N ad-N D , 
iicutKI, adlH} Sed NO.iequalis cftND, cftigi- 
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purLN,adNQ> ilcut Kl^adlHj Cum crgo LN 
fit radiu5 bafl^ ^ni:!* P ^l^ Q>f j':yt^ jrpelius bafls co-: 
ni O D P , crit conus L D M , ad conum O D P, in du- 

\ 44u[?r?^Adum eft o^od (i vclis. f cKium! fhlcjjptjiim^ 
{^'^hitctf efTc minorcnt conofe^ngulo in rationo 
data , cunc &ciciKlu| 4^ aligu|usLp t{^ stqviisMs. ini- 
;|iqri angiilo man^uli HIK^fcilic^t angui^ ad K^^ 
' &<Sbum cric prppnuruni » •- ':'" 

CQaOLLARiyM, 
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£x ha^ prpppficione elicitur etiain qiipdii confti-: 
tuatur conusluper bafi Hem;(ph£rij Sc eiiilcfem altitu> 
^iniscumreliaiiis^critconus illc «qualis dupb^scp- 
nis Lp.M,& OpP. Sit enim conus ANC>Iuper 
baiiTheff|ii|ili(cr!J A C » & ei (ildcfn alcifiidiiui 'pIN^J 
^uoAi^m iadius ba£$ A D * xt^v^lis ^ft liitos L D >.ei 

Joai^MiiJB' CK A D i aBi|(ial6 dupbos c mwdiktis « 
N,d£l^Dr^ica Jirp>&NQ>to ^^u^> Igitui 
^aadr^ciim ex A D > cquab $(k diiobus qu^dBitis es^ 
L N > M N Oi At dDculufi er A D , hocelt i>a(i& com 
A N C > «qualif caric duobus itircults oz radijs L N > £s 
H ^ lioq; eOt baiibiis duorum .fjbnorum XDM > Sc 
pbQPt^ideo ambpbiB ^(laiiaccttT^c peir piaK^den^ 
pcm-ici^eet | o. huiulBbconus A Jil C, arguolis erie difni* 
dio Moris lccundi A L D M C . 
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CQnoratn infcriptoniiii (egmends^^H^miif^ 

phaerij maximus eft iUe: qui infcribitur 

• fcgmentofiflb penater(e£lioiiem Cy/- 

.]. imdn a^qudis jtiemifpbf rio • 
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EJ St6 Hemi/phsriam A B C , cehtrum D^ azisB I^ 
j^ & ciroa «andein aKcm Cyliadrus £ F , «quaji^ 
Hemii^haerio > & per G H , Gommuhem ititeried:io- 
nem Hemii^hsri j A B C , cum O^linidro £ E/ducatuir 
planum pmllekim i&ciens in Hemiipha^io iegmcn- 
tum AGHC>inquo:conftituaturconus GDH» Di^ 
C6 hunc efle mazimum omnium^qui in Hemiiphzrio 
poiirunt tinfcribii : Ducatur enim aiiud plaaum baii 
A C parallelum> &ciens iegmentiim in hemi^h^io , 
iii quo fit conus L DM >jqui fit velmaior veiiequ^lis G. 
fieripoteft. . ' , . 

(^ioniam igitur ic<5lor iecundus AGDHC, «dua- 
lis elt Cylindro G F , eo quod pars fit Cylindri E F , 

awjualis 
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jeqnalis HemiipliaErto > & eiii^dfn alcitudinis j ii et 
ambobus.dcmpcafiierit parscommunis GNDHF^ 
reliqua pars Cylindri , hoc eft con^s G D H > reliquao 
parci fed:oris lecilndi > qua? notacur liceris A G N> 
H F C > squalis eric . Sed conus L D M > /cgmenci A L 
M 9 > ^ppottihu! efle vel ihaior > vel a^qoalis! cfino 
GDHicltigituryclmaidr veiargualis cjcceiTui AG N 
F H G ; Cyiindrus vcroi f >eft aequalis le<3sori lecundo 
ALDMCsdempc^ itaque ex vtrdque paree comjoiu-» 
ni>quie nocaturlitcris N G LD M H F> cric rcligua^ 
pars ic^tis ieciuidi aequalis reliqua; parci Cylindri} 
tbc cft pars A G N FH C > aequalis. cono LD M.> vn^-» 
dam parce G I L M K H t conus icaque.' GDH> maior 
eft cono L D M i ezcedic enioli IUum quandcate . parr 
tisGILMJCH. . 

Icerum fi ducacur planum inferius O P > fkciensiegT 
mcficum in Hem:iIpIia;rioAOPC, inquofir.eonus 
O D P y dico etiam hunc minorem cfle cono G D H :. 

Cum cnim baiis coni O lyp 3 maior fit quam baHs 
coni GDH>iecabiriatera Cyiindri £F> iecet igitur 
iiLQ^R^, dc ic^r iecundus A O D P C > squalis erir 
Gylindro Q^, ez quibus dcmpciparte communi , re- 
liqua? parces erunc «quales.hoc eft AON > FPCk 
«qqalis cric cono O D P > dcmpca parte inccr O > & Q^ 
Seincerii>&;P>quibus vcrinquc addicis eric tptU6 ex- 
ceiTus A OQN i p RPC >coci cono.O DP, «qUaIis> 
ied pars AOCyvf ,FRPC>mi|ior eft cono GP H^ 
quancicace partis QGQ>jR.HP^minor igicurcftco.- 
nus ODP> cono GDH : maximus crgo eft coau$ 
G D.H ^ommum qui inicribi poccrunc in Hemiiphaf^ 
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ciD^cum omnsk gsi ivisHupra «ei^infia iidcribiuictir 
oiinctces iiiit ^ ConorumigicariA(ci:ipcorum<&Ci. 
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t ■ £x hdias Tilsoreinatis idemonftiadQtie dqi^ le j^ts* 
beot obtf^ttutcione di?ila4 Primiim . guod prc^yoltid 
kceruni huius crian^i CD S «eiccuius reuoluciohe 
StiQbaai dh conus G D Hj cft ca «luam noomimiU ia Co^ 
c6ilaria ad iecuiidam ptopoucioiiem iittius , icilicee 
dotnecri -iphcra^ » laceris Cubi ^^ laceris I^samidis in 
eiktem Cf&iti inicripcibilium > iunc eniin 0orum<ii-r 
midia « Vude etiam lequicut/quodcum conusCDHj 
jfk^aitimus infcriptibilis ^ Cylindnis G F > oric maxi-^ 
mus Cylindrorum qui eodem Hemiiplueri^ inicribi 

pocericw ■ i .).■'•,... i . • ' • ■: 

e Secunxlum 3 duod iicic cohnfi G QH , Gt ma^nmus 
qui iki Hemi(piuerio iniaibi poccrit >accamen criAn<^ 
gulum GDS V ex cuius r^uolucione: fa<jbus eft > non fic 
maximum trianguKiuh . Ponatur enim iguddin triaa* 
gnio LDTtUtkU l.Ti d^iTD.ffl^ tbecinr; x<|ua* 
jia , quod fieri pocuiiiec ^ cum iti criangulo GDS, Iz* 
tukQS,M^iiks^(itUtev^SD: Cam igicuc lacBraI,T|, 
&DT;itnc.«qualia9iiab angulq T}4em>ccacut pcf^ 
penditularis in. iacusLD^eric perpendiculacis. a^ua^ 
lis dimidix LD^Sc ipadum contvntuiht in crianguio 
LDTy £<^uaie eric «^adraco ex perpendiculari; la 
ctiahgQlQ vero G D S ^li a pun(%o S^ demi£a fiierit pcrr 
imidicalaris ad baiim GD, non cadec in.dimidiumtf 
buQ^ QDfds ideo miapr eric petttendicaiaris-quAn)^ ^-^ 
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nea qux abS,id dimidiam GD> daceretur^iiqiea.ve-t 
roque ^bS^ad difflidi«imGD>duceturia^udit eric 
dimidijc G D : /pacitun. igiair concentum ia ctiangulo 
G D 5 > arquale eil retSbnguJo expecpoadiculaci & di-. 
midia ba£is G D > & minus igitur quam qUadratum ez 
dimidia GDj vei pcrpcndicuiari ni trianguIoLD T> 
Sc ideo oriangulum G D S > minus triangulo L D T . 
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Coni fiint inter fe in radone compofita ex 

bafibus & altitudinibus • 



^< 





Slnt duo coni A B C > & D £ F -> ^ttoramaltiauiiiic^ 
finerecla B G, &E H^i Dico catibnemcoiii AHC, 
ad Ctfnu D E F j cilc c6pofitam er rationibns bafis A C 
ad baiim D F , & altitudinis B G yad altitudinem E H . 
Fiat enim ficot baiJs A C, ad baiim D F , ita itnea]^ H, 
a^ lineam G I, in reOa B G , fiopiis podu<a^.v & onc 
conus ez bafi AC, de alcitudine Gl, 2<jualis' cono 
D E F; Quare conus A B C , eft<ad conum D E F, ficuc 
iinea BG , ad lineam I G ; compoiitd autem :eft racio 
BG, ad IG>ex riBiombus BG,adEH, &.EH,ad 
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i G i hoc ell lickodiiius eoni A BC > ad alticiuliAein co- 
m D £ f y &• baiiseiuicieitk ciuki A B C > ad bafim coni 

DtEfi. Compoiicaigituff tiitraticMp&FUniailiftaicenii 
iicut enniiriacaai.eft:. • ■ • 
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PROP^OSITIO XIIL 



Inicribere Hemi^haerio duos conos in 

rationedatS. 
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Slt «ttio dai» ft ^ ac{ 5 > in q\ut ihJlbibeiMb ftmMt^ 
ihi^xhasrioduo eaiit. Fiat igitur criaitguliu te^n-- 
guluai £.F G> caiurlatera £ F^ & F G> cif ct SLtxgtdilr^r: 
iXi F) &DC «quaiia Uneis S> & R> dc cxcadio ci^ttjUi G £) 
ddoribttcur ieniicirculus A B G >. cutut cemrum O a a 
<^o ^orpendiculacis erigacur Dfi: §UkQ iam .anguio 
bDH ai^uali angUlo- B £ G> didp^cur lineaD. H » Ice-> 
fUflor inciatigulus fiDlysquaIii^vangttla£<S,F>-ISi;du-» 
^iiiiea Dl, ad peripharriam.drcuJi» t.pui)<3^I><S$ 
H «{eniittancur adhcteam^B D> perpendicaUres I L > 
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Sc H K itriingnh iam fa<3:<t I L D, iSc HKD} iunt ambo. 
GmiUa,£6xqualU criangula £ F G > quare etiam ad in- 
uicem fanc xq\ia.li3i . Reuolua|icur iam^ omnia circa_j 
oxem manencem 6 D > vnd^ fan^ iuic Heniiiphanrium 
ABCjficduo coni ineo inicripci IDN,& HDM: 
DicQ conos inicripco^ HDM,&IDN> eile ad inui- 
cem iicuc linqa R adlineam S . 

Cum eniai conus H D M , ad conum T D N > fic in 
i racione compoiica ex baii H M ad b^fim I N > & alci- 
CudineKD ad alcicudinem LD>baies aucem HM, 
^I N > Uni incei: ie Ccut ^uadrata H I^ > ^I L > radttH 
cttin iuoruna iHKf verq iecuaiic; fic L i> ^ & I L> aeqna- 
lis K D s bails H M > «k| bamn | N > i^ liiabei; iicuc ^ui- 
dracum L D > ;td quadf acum K, D \ alci^utiines vero qq^ 
aorun^ iuncipiai; LX>>^Kp>;9ua|-e propotcio cqqi 

H D M 1 ad ^oni^m I P N t ^opip^a eil ^x ^uadrJitQ 
L T>%ikd qu^dtnf^m K P > rcl eK4upl4 ricione L O, fd 
KD>^ex IiQe4KD>a4 lin^an^ L D > iiqc f £1; f acioQe 
{impl4 KD>ad Lp.d^M^^iffi&Uf irii|ipj4 r^cione^ 
L D ad K D > f vel quod idem elt ^ddica raciono i^Pi 
ad L P j,«i dupl« riUQtiel4> a »dK P.i qm rj^nec 
eric (impla racio L P MKl^i^id^o cqi^HPM» 
€«c g4 conum l D N , fi^^l (ii^ LP > ad l^i^^ffi p ^ 

wl Hi i»4 § > quod ^iflid^QVffYVE V 
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A 



Slt in Hcmilphsrio A B C , cuiiis ccntrum D , fe- 
<5fcor E B F D ', datiis •, cui' oportcat KhomjbunL 
^ualcm conftitucrc \ Secetur igitur HemifphjBrium 
pcr E',& F,plano ad barfim parailelo , iecanre etiam 
ixtvci ' B T>i\n pun<Sbo/ G ; i>r6aud;o iam axe quantum 
6bus ad partes B , fiat-iicUt fi D ^ 6^ G D , tanquam vna 
^duplam BD,itaBD>adHI>;& abH>pun6k> in 
axe prQdu<^~ clu^ lihcis £ H > & F H > concipiatur 
RHombiis £ HFD> i^Ucm dico z^iialemeile Se^l^oii 
EBFD. 
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' • Quoriiamicriim rciSbingurafnf ei dupf 4 B D-, in B G, 
cteialc cft'<fuidratocr E Bi^cfelali^ulum ctiam ex B D, 

siC b , tariquam Vni in B GI , aequale cft quafdraeo ex 
£ G i re<5):angula auterii cubrum e»dem eft altitudb ie 
habent (Icut bafes i Rccfhngula igitur lunt intcr fe (i- 
cut dupli ^6, ad B D ; GD ifimull, hoceft Kicut H D, 



ad B D . Sed &<]uadratum £ B , ad quadratum £ G , 
( cv£m Cm £^aalia ptfe^disiEe^^iigBiis j iii^c m.c«4cm 



1 



racione ficut H D, ad &P^ Girculust iekur cx radio £ B, 
ad circulum cx radioE G , ie habct ficut linca H D , ad 
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pcfQtta cr duobus co&i^ «[iiocuin J9tuic|ti c^ha6:$ droa 
ditikKcciim f F^ dsitudQ.T«ra-4Uiiborum,eft linea.j 
H J>> oeqiBiii; ^{^ ym, coiio fMj^ e9Dd[exa.bai({.'ficeiu£iem 
tldtqdiiii^^Sei^^^^ui^^^^^^^luaiii c&^cwnfii 
Ouii; ba^iadiui eft iiiuui jE^B^^Seidcicndp fi ^ :lliiomf4 
bus igitur £ HFD «b^oaiis: ^ ie(3xyrr £)BaFD> leci» 
procaiicur enim baief «iS^ailicudines : Fa(5his eft igitttb 
kJiombusa^qu^i^i^l^iidicp^i^inkC^: 
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lindio )S. 
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. Ex^biocpBcec gttod.)^nU8i£JBF>£i^faiseft {e(|ui^ 
poftiohi £BF) dem^eo enitai ex' tcroque ccimmam 
cono £ J> F ^ reii^[Uu»cQAU$ £ H F «rguali^ tA ^tsix^ 

fli •' ^ P'F f > • ! . • • 5 

■ Iter uin coaAat ^uod in^ 
l»aiorii>n$ ecia . proportio^ 
{liiMisiph^raruin iSe quod<» 

fiici fi sa pbrcione £BF 4 
autt iam maior fit HeMi^ 
iph^ro^in qttiadcenccum. 
dud^ fmt linea? ' £ D ,> •& 
F D in plano eaf ie^ipnc-» 
peraxemfadiip,ejtqUaHlin „, 
& |>orcioiii4 circuii £BF 

reuoluwn? fe«^*tM» iric lo. 

lidum incauacum^ cuius 
racio ad Iphattatn VelHeA 
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ad iphacras.vel hemifphasria* qnQritin func parcesj icili- 
cet in tztiotic iiipetficicruxn '^harricaruin ioanun > vel 
reifiafuihqua^iiinc .ttcs/portioniim^ videlicec iolixium 
tncauaicuih;; yfX&dctx E.B1pD ecic ad iphieram , iicuc 
iifiperHcies iphaerica eiiis £fiFiadiuperfic;iem xocam 
^hsr^> iiil ^ipucTei^ fi G > alcaiiido porcioms ^ ad fi l, 

'■ diam^htri iphsne ;quod. Ji^iiidoOkppardbiccx prius 
detnonifaracis ', qUare eadeiii racione conibuendus eft 
Rjiombus xquaiis [e£bo^ £fi FD «maiori > qud vii iii» 

, mus in conilrudlione minoris: Cum enim quadra- 
cumEG^»qualcificrc(5fcihgulo I GBj quadracum vero 
£ B yarquale rcif^gulo 1 B-G; idcb quadratum £ G > ad 
qoadracum'. £ fi cil iicuc linca I G, ad lincam X & . Fiatl 

I igitur if cuc I G ,ad I Bi ica D fi , adD H> idc conus cuius 

' bails eft ex radio £ G > & alcicudoD H , squale eric cck 
no cu4us ba'fi$ cft cx radio £ fi> alcicudo vero fi Di ied 
conus £ H F > ^ualis eft conoE D F > vna cum cono ex 
cadcm haQ, ^ alcicudine DH ^dempo igicur cono 
£ D F > rcliquns conus incauatus £ H F D , a^qualis eric 
cono exradiobail£B>&a|citudinefiD>hocell ibh^ 
do cxcaudto vcl ie<3:ori £ fi F D:: i Vnde cciam jmanife- 
ilum eilquod addico vcriquejoommunicono £D Fj 
eric Borcio £ B F atqUalis cono,£ H F . 

PROPOSITIO XV. 

Data pritna trium linearam proportioiia^ 

fium» & aggreg^ito iecundse'& 

tertise , ioueaire iecua- 



dam & tertiam . 
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Slt data AB prima^ & BC iggregatum fecunda: 
& tcrtiaj,quap in dircdhim appTicetur Jine« ABjSe 
fiat vna linca redla ; deinde ad tddxis angulos in pun- 
(5to C applicetur linea C E , a^qunlis A B dat«,&: com- 
pleatur triangulum ACE . Dclcribatur iam circa_, 
diaihetrum AE, lcSmicircuIus E C F A , tranflens pcr 
pundum C}&:apun(3x> B,ducatur BF>paralIeIa li- 
fle« C £ ad pun(5):um F , in periphxria circuli , & con- 
jiecbtntur FA,&FE;rc<9a.vcro FE leca£>it lineamj 
C B , in pun(^o D » Dico lineam C B, diuiiani elle in 
D^vt iitficutAB,adCD,itaCD,adDB»- . 

Quoniam cnim in triangulis ECD,& ABF, an- 
guji ad C , & B , iunt rcOd j anguli edam C E D , & 
BAF,a^uaIcsiunt,cum inHilant cidem periphanri^ 
CF;critiSereIiquui! angulus reliquoangulo «equaliS) 
&triangula E C D , A B F {imilia . Latus vcroE C , fii- 
d:dm elt anjualc latcri A B ; ideo , cum fint hoihologa 
ktera iiibtendentia aequales angulos , erunt reliqiia-» 
latera hpmologa rd[i<juis laterihus homologis a^qualia. 
Latiis igitur CD, trianguli ECD, acquale eft lateri 
F B , crianguli A R F ; Cum etiam in trianguio D F A , 



i »«■ 



1 



an- 



I 









^ ^ .^ J • 



i 



TSEt 



fmm 



14 



HEJWHgSPH-AEHn/M 



Tzrsrtrmmmmm 



■■■ 




angulus F iniemicirculore^^sfitii&lmea FB,per> 
pendicularis j erunc criangula AF^j&DFB, {imilia: 
& ^cuc A B , ad B F yica B F , adB D . ScA B F xgualis 
cft CD, vci iam dc monftrauimus t eric igicur ficut 
A B ad CD, ica CD adDBj Sclinca CB> diuilacft 
in D , ficuc propoficum crac . 

Idem eciam efficiecur 
hoc mod^. Sic A B pri- 
ma daca , &: iic B C ag- 
gregacum iecuda? ac cer'- 
ciic t qnx fianc ifk dire- AJ 

Oi;am vna linea i a ^nxx-', 
<^^y.ir4S3trir perpcn-:. 

dicuIaris.B D > quae. iit 

medi^ propprcionaiis. incer Afi*& fiC: diaisa iaou 
A B biiaciam in E, circa diamecrum AB , icribacur 
circulas- A ,F B G j a^ a g un^l» D , pcr cencrum E , ducat* 
twf linea «td extremam circuli , quar fic D F E C, Ccm 
tro . eci^cn £ » 4c intftruallo £ D , deictibatur arcus cir-» 
culi DH, qoji iccabitlineam BC iai H. Dico iam* 
qaod f ine^ B C diuiia {Tc in puni^ H , n finc A B. BH, 
]& HC » OQfttmuie proportionalej , 
... .Cmn-jenim linca D B , fit pcrpendicularis AJB , tan* 
ficc circuluxn AFBG inpun<a» B, ^idcoi'€i3angU'' 
lum fi J> F , «(jualc eft quadrato ex D B j Iterum cum 
pcr conftru<3aoaem fa<3a {Iclinca EH,«qualis EDj 
ctic CQCa A H , a?quaiis coci GD\&c dcdu(5hs «qualibua 
rcliquia? B H , & F D , jequalcs crurit incer iele ; reJtfeu- 
guium igitur A HB , redangulo G D F , & ideo qaa^ 
draco.D.B^-ajquale eric. 5cd per conftru«%onemre- 
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^anguJo ABC, fat^m .eft xqualc ^uadracum B D ^ 
re(Sbngula igicur ABC,6c AHB, sgualia iluit . Sed 
reifhngulum ABC,£quale efl d^obus red);angulisj 
fcilicetex AB,in BH,&;ex AB>in HCj&re<aan- 
ulum A H 6 , «quale eft re<S:angulo A B H , & qua> 
Iratb B H j, dedudio igitur ex vtroque > re«3:aQgulo 
A B H , reliquum redhngulu A B , H C , reliquo qua- 
drato ex BH, a;quale erit . £ft igitur iicut A B, ad 
B H , ita B H j ad H C ) quod demonftrandum erat ^ 
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PROPOSITIQ XVL 



Truncuis conreAadconum eiuiHem {>afis 
SL altitudinisj ficut cres linea; in coiltinuS 
prpportione fiihul fumpta; ad n^aximam 
crium : Proporcio ^utem debet eile ea^ 
dem quamhabec dian^eter baiismaioris 
ad diametrum bafi$~ niinbri$ eidfdeixu 

. • . • . * ■ • / * • 

Trqnci . 



I » 



^ It .cnim coaus A B C> iedhi« plano. baii parallelo 
Oli J> E , facjciii«.trmicum A ^ E C > & conum DBEj 
reli<juum coni A BC . Ducatuc iam axis B R > iecan$ 
planuai,D£> inppn^o F;^ &£ac ficuc quadratunL. 
A Qad quadratum. pE, italinea.BF adlineam BGj 
j& dudiq plano pcr Gj ad baitm AC paralJelo, 6cin 
,ep ^da bait «quifli baii A C i conilitii^tur ^irca axcm 
;©G>«<:qqus HBIiqaiajqualis eric<^no DBE> fcci^ 
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proc2intur enim bafes 8c alcitudines eorum . Diuida- 
tur iam G F in pun(^ K 9 vt^rii RF,FK, &KG, 
cpntinue proportionales i Se per pun<5):a F , & K , a^an- 
t^tphfa pftrallcla haii A C , de ^per Gngahs confti- 
t^aQi;m:.cp4i h4>cntes baies «qaales b^ A C , &alti- 
tudincsTK^^KGjguiilnc LKM^NGO.' 

* Et tfuoniiiti conftituti func guacuor coni liupet ba- 
'' fibtts-x^aalibusjfaciences iimul alticuclinem B R > c- 

Ciioc ^ul iiimpti^rqvalcs.cQaoABC. Conus.au- 
i;.ei3;vHB,I|yma cj; .^t^tuor , J>er conftruf^onem ta- 
£lus eftjcqualis Cono DBErRefiijui icitur tres, 
AFC,LKM,&:NGO fimul sequales /uttc tmnco 
A DE C . Sed ifti tres coni funt ad conum A F C , fi- 
cutliiMil GR,'adrm«am FR,kQc eft fknctres line^ 
proportionales ad itfa^imam ttiunfi^ cric ejaim R F 
iempcr fh^xima , vt i>dftea demoaftriibiinus . 

• Reftat iam dcmonftrafldum, '4&pa^ proportio ^uam 
habct R F , ad F K, & FK ad K G , fit cadcm qtiap cft 
AC fltt D£, <guod j(k oftendemas : Scccntur omnia 
piano per jutcm lacicnce in vtroquc cono trianguluni , 
& in imerfci^nc triangnli ABC , cum criangulis I 
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hKMi N G 0^<:tacanuir iiaca; jui piin^ G«^ |C> 
qux! iinc F G £s O K . Igitur cum crianguia 6 A R « 
BDF> dffBPK finc fimi|ia> erunc /epmema AD ai| 
0P^(4dit'l^FaaFK>&FKad KG;Sedcumiic FK^ 
KG) flcut AD ad DP> £ric coquenendo &permi|-> 
candof (icttt AP ad. F|C> m PP ad K G ^ & ideoli- 
ne« AFr^K? & PO ertmppanilek,^ criangula AFR^ 
DKF,^ PGK ilmaiaj & proptef«?a lineac R F, FK 
9sKG,int^m, racione^uiiunc AR, DF^ PK« 
• Ho< «ciam aiicfr demqi^ftrabi^ur: Per conftrut^ticH 
nem ^nim f^<^ eft B F ;(d B G , {icu^^u^dracum AR 
ad qu^dracum P F ; Sed {»^uc iit^ea A R^d iineam D F\ 
icaeft RBad BF, Dupla igitur cfl ra^iq FBadBQ 
qua; R, B a4 F B ^. 3i ^ur nar mcdia mofpi^tionsdis^ 
incer F B & B C ^ ^vue fit fi K > erunc quacuor iineiQ 
^ontinue propoftiotviies. I^B,FB>KB>0eQB> qnih 
rum exceifus eciam erunt iii^esc proportionai^ , ^M 
eadem rat;ione qua iimi; quacuor maiores : Cum cnim 
ilc iicuc R B ad F B > ica F B ad K B i ^ic diuidendo 
ilcuc FB ad FR> ica.KB ad KF> & co^ucrtendo (i- 
cuc JtEI a<r/B> ita RF a4 FK, Sim*li modoetiam 
dcmoi^ijftratii^ur eandem ^d^ rai;ion^m FK ad K Q . 
Suncigicar RF, FlC&fCG> in.cldcmrationc > q«S. 
(uiHri(^ad F|f>vcl AR adPF>^oceft AQadDEi 

&<ontoi jyipd :KM^i<k«\ piJitt<Jiun in l«i«^ F Q > fi- : 

^e4iU^acwprouc.ia.cpAilri4<^t^C}iiuQ 6^ (icric' 
B K m?dig proporciQAalis intcr B G ^ 9 F , buemad- • 
modum iamfecin^us'; Truncus. igitur A-Jj^SCV <l^i\ 
oilenius efl xquaiis cribus Conis.AFCV 2;K.M> &; 
N G O, eil ad conum A F C , iicuc ad R, F maximam 



mmmm 



mwr 



w 



m^^ 



•^■^ 



■n- 



mp^ 



9*.. lli.l.Ui LJI.) 



"W 



vvssBsaamt 



mm 



1: Jv8^ 



HEMISP.HAERIVM 



Conusc- 
qualis trd- 
co daco. 
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(riuAi linearum proporctoiialium ionc trcs Cbn(>nfm^ 
axes ) hoc eft iinea R G asgregacum ivfum proporcio^, 
haltum in ratione diamecri AC bafisjmaiods ci^<X<:i:. 
j^ DE diamecrum minoris bafi^ eiulHem trimci^yquod, 
eratdemonftrandum. . . : \: : : 

Qubd aucem R F fu: maitima tciudi propdrcidna-; 
lium mani^iium eft : cum ettim R B^ F B , K B £c Q Bt 
finc quatuor Jines concinue prpporcionaIi?s>i& R^ifa^ 
rum maxiina j &RF,FK>&KG ^arum cxcejOTu^in 
eMem racione>eric neccflario RF dxceiluum maxijXi^s . 
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Hiiicappaiiec quod Gonusluper bafi A C, & iti alci- 
rudine R G^scquaiis eric crunco A D*B C i Eric :cnin3u 
aqUalistribusConisAFC, LKMi ^NGO.Vade. 
leduicur quod idaco Trunco Coni confticui poflit Cp-. 
nusxqualis, i • \.,'. 
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Conus ;iO iedorem (uum eam Dajbet pro- 
ponionem, quam ad .diaoiecruai ba& 
Hemiiphaerij habent fimiil (tioipd laxis 
Coni vnii cum tertiE^pi^bportionaii mi- 
nof^e ,. in ratione axis J^emiiph^rij ad 
axemConi. 
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i l^ $CQ jitijm Hemifph^ium A B C > (uiii$ cencru P 4 
•"^ ^ aids B D > in ^uo itt; i^<^. ^irca ^undem axem 
^ B F b, cuiu$ Cpnus £ F > <& p^odu€h:^ ^e fiac ficut 
BO a(| G|> axem coiu» ica Gp id DR , picoprot 
ponion^coni £ D P ^id ^^lofen^ £BFP^ efleucu| 
linea GK copipo^ta ^ axe eonii ^ cen;i« prt^por^io? 
naii ad A C di^tnejtrum b^s hei0ph^^} Fjac enim 
circa eundem axem hcmiiphxxif 8s luper eadem ba^ 
Cyiindnts K C , 5s u\ eo ftiL Conus t e^an^us KP Q ; 
Fiat cdaji) Cyiindru^lH «aualis. HenuiplisriPiSff^iu^. 
dcm akitudinis^ 

Cum igifur Ccttm^ re^bngUlu^ K P O ? 4^\iifiis fijc 
per baiim Coni £PF in M> & N> vndc:fa<5tus cA 
croncus KM N O 4 Fiac ctiiam in cruacjo > iiipcr ba^ 
K O ;. & ciu^acm dtoi;Hdifti$, B ^> Qo^u^ l^ QO ; Eft 
igitur ficuc K B ad M C> ica |f P ad QPifHntenim 
prioKs £c &cundi incerfe a^uj^e^. CoQipofitum igh 
tur eat B D, <3D > ^ D R > ^ft cpmpoftum §x tribus • 
proportiorialibus in atiofte KlB ad M G > .^runju 
maiorcftiinca BO:r^rwnG«ii|i|W KMNQ» ^fta^ 
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Perio.Eu- 
clidis IX. 
libri . 

Conus K 
GO acqua- 
liidimidio 
Cylindri I 
P. 



Per 1.5(9. 

huius. 











Sequicur 
ex 7. huius 
fed intra-^ 
demdftra- 
bitur . 
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k^ 



Conum KGO ficut BD & G R fimul can^uam vnaJ 
iiff^&D V Eftiuecm truncus K M N O «^ualis cxccfliii 
fiub Cylmcfrus K L , cxceciitpomoncm E B F j ex.cel- 
fas itague Gyliridri fopra portioncm EBP adCbmlm 
K Gp 3 cft {idit B D > G R , tanquam vna ad B D . Co- 
iius kuccm KG O ,' cu^n iic tcrola pars Cylindri K Li 
eft (fimidium Cylindri I P. Cylindrus autcml P"«iqua-. 
ii$ eft fcidioni- E B F D . Igicur Conus K G O cft dimi- 
diumlciaofis EBFD. Habet icague exccflusrCylin- 
cfri k-L iupra portioncm EB F', 2d totum -fe^orcjn-» 
E B FD i ratipnem quam habcnt, B D , G R > caaquam 
vna ad duplam B D , lioc cft ad diametrum bafis h?- 
niifplKerij; ^^ed Cylindrus R t i: ^^jft Icfquiaiocr Se<3»- 
rii EBF;DV'ii6c cft cuni exccdit! Vna tertiapartc iuii 
nimJrtim quanaitace Goni ICGOj Rcliquum igicur 
%lindriJeL, dcdu(3:6 Cond K G O , «quale ctt fe- 
€idB EB-FS. Exceirusitaqufc%lindri KL, liipia^ 
conum KGO &porcionemErBjRi iioc eft pars^illa-» 
■wocata^iceris M K G O H i «qixaJis H\ Coiio E D F j 
l^iars cHim Cylindri KL noftata Jateris KEMNOL 
ytqiiilii tff portidiil-^BPv cuiin: fit-cxceduis Cylin- 
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dri K L iiipra truncum Coni K M N O . 

Ciim crgo proporcio «Sxccflus Cilyndti KL /uper 
portipncm EBF, ad totu icdiorcm fiicrit ficut BD, GR 
tanquam vna ad duplam BDj dcdud^ cono KGO 
& B D cum iignante y erit {icut G R ad duplam B D , 
vel diamctrum bafis Hemifphatrij> itapars M K G O N 
velconus EDF ei nsqualisad fciftorem EBFD: Scd 
compofita eft linea G R cx aace coni G D & tertia pro- 
ponionali D R . Eft igicur proportio coni ad ic(^orem 
iiium eadcm qu£ dcmoftranda erat . 



-^ fT * T 



i ,-\ 



** » f ■ . f «f. 



• >v«><^ ■ 



PROPOSITIO XVIIL 



lauenire Sedorem qui tnaiorfit coiia 

fuo in dati propoitione. ^ 
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Slt hcmiipliagrlufti AJuC ^ jce^ctum D> axis BD^ 
proporcio autem ' data :£ P ad. F Gx iA '«quir ici£h>r 
debeat eile ad conum iuiyn : Fiat igitur flcut £ F ad 
F G , ita A C diameter baiis Hcmiiphanrij ad H C j & 
data A D prima , & H C aggregato iecundas ac ccr- 
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per 17-111». 



fix y diuidatur H C in pun(Sto I , vc fic ficuc At) dd 
Hlyit2L iMkilC, sUih-iil ^l3lB'^a£DlCacqualis 
H I> & per pun^him K crai\{iec planum bafi AC pa-^ 

^uajfque linsi^ LD^A^^^, iffjeffeaitur in hemiA 
phsriq iectbrLBMl6>cuius conusuc^Lp Dico 
Se<^rem L B M P ie hab^jre ad conum iuumL D M « 
(icuc line^ £ F ad F G liAeam ,- . 

Cum enim A D ^ B D finc «^ajes , & K D & H I, 
erunc B D , K p> &C I C, concinue broporcionale^ > Co-^ 
nus vero J- PM le hiibec ad ie^|<^em iuuin 1« B M D , 
iicuc axis coni K D , ^. I C tcrcia propof ^ouali? ad 
BD & K:Pa.fimuJ.&ffipcifca^bc.n5ii;digm^jrum ba- 
fis Hemiiphaerij AC, h oc eft <icuc |^ C, ad A C; Fa^ 
(kz eil aucem iicuc L F ad* F G, ica~A C ad H Cj ef^ igir> 
xCilr.ircuc: B^ aA ^Qjinz JkSkks tliBM.^ ad' conUin;# 

*■ .»- • *• »■■■ *, 

'feUcil L:p M , qli^djsrat ^opdAnua y ■ < • 

|r|r .... -''» I 

j>>« A L .• •> ^ • . 4 t^ .^ . ^ .>«•«■. . I . Ji4<rf ^ A 1.4.1 ij 11 . . : 
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Dico qi)Qdi Cpnus cuius hm radius lit 
«qualis primae , altitudo vcro tcrtia , a- 
qualis fit Cono cuius bafis radius fit 
atquaiis iccundse aldtudo veroprinut. 
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Ste tres linex contiaueLpropor?ionale« A > B^> ^ Q 
«ifiant auo coni D^&E; & coni quidem D fe ii- 
Aea A ^adius bafis&Jiltitudolin^a C ; Com yero E , 
lic iinea B radius bafis, & altitudo Jinca A : Dico guod 
ifti duo coni D & E fint «quale*: bafisenioa coni D 
cuius radius linca A adbafimconi E,caiu$r.adiua B, 
eft ficutlinea A,.adlineain C^iunt cnimcircuU, & 
ideo in duplarationc^adioruinluorum : altitudp v«ro 
coni D , at linca G , & altitudo coni E , eft |inca A j & 
idco reciprocantiir ^ofvmk baies^ «Ititudines j «guales 
lunt igitur coni D i fio ]5 . 
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ES i fofe ft uii i r&rfrcrati»Hau D Ead EL^quam ha- 
beat in Hemifph^rio A B C , iedor G B H F ad 

cHpitri^h4!tia<:ktiilifii(kiex radlo BF lanqiudL f <»% 

iwKeift (Srcal(>ex htJi^ AB,veI 1ttpctfid0ilpfaBaicaf 
kemif{>k^i; (^Ubd ifiiihileftum «^d «l(ibet: ex ijs^o^ ab 
Arclhitiiclde demdnAratft jtunt lA M)ti8dc dii&emionp 
Cirtiili & de lph«i St Cylindr« /^pdrfkieB Ven> Pop- 
mAii G 5^H , ^giidlifc eft circJtil»'' « radio G B, & ift 
ratiorte ad iiipcrficierti h€miiphaei«i)i iicur jai ad B F j 
eritigitttrre^ngiilum ejt peripheria circpli «cradio 
AF tanguam redfcain lineam k l ^ualft iiroccficiei 
portionis G B H ; eidem ctiam luperficiei acquale cft re- 
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' dangulum e3c GB in dimidi^nii peripiieriam fuam can-^ 
[igua^i fe^am ^ S9 idc p ficu tjpef i^heria maximi circuli 
•ex ra4ip^F> ad durxidi^fBrpAttf^innx circuliexra- 
dip GB, kaGB ^(l.BTj^acidujJapoft^riorumjficuc 
peripheri^ ^xradio B F, acf cbcam periphfc^^iam cx ra- 
•dip G B, ica G B a4 duplam iBI j (od iicut. Deriphe- 
xin ad peij-ipheriam > icaie iiabeij B F ad B G ; Sunc igi- 
cur cres lineqp proporcionales ^ t^ , ^ G &; dupla BI j 
Conus icaque^^^x radio bafis B l^, & alcicudine cTuplaj j 
BI, argualis eft Cono ex radio ba/is B G , & alcitudinc 

(jisifli^M «: ^dc^^ifdi^CEano <ss cadiok«U)((c£S» hoc: 

eft iuperfid^ie^^s^i^^tudine B^FjtWicil $<i<^ 
ri-6:JHi|l.i . . X '/: ...,>:vi. !.'([ ;. .riu rr — • : i •.) 

. COm aiucpm Kti<^b ui ieqitf;Iifi.$cfdprs! iQliHll iup^ 
poqacurh^re ^temiUttfl^ cUuifiud in (i(ip]i!C.<iatL) 
P£<ttiIJb£v$ioKB ^iiilUuiilibi qii^it(i>i6)9U«>]ii«iti 
epnlipjMi f ]c4uQbu$«:Coitii« £lp«r fndiea^ baH «igttQrdiaj 
4carieqoali9^^PQrciooii^.CQi;iis«)i^ali^Si:^cu^ ssi% 
azis JC E /ad partcn» KX ^.iicucJii^iQr G 9 H F^ adpptr 
(ioiiiftm QBH. Aocip4atiur.ita<|iic.ii|io^'I>£ pm^O» 1 
Riukaxbii <)iia4i^M'tii&riaih:4ftiMi£iCI>M:prtii»^ 
5cDL aggrcgatum iecunda? &;cercix> icer^m ditfidsr 
curDI, vfi N,vciinc PM, DN, & NL, crQsIinca? 
concinue proportionales , 

Piuidacur ica(]uc axis Hemifphsrij ABC in pun^ 
Qaol, vcfic BF adlF, iicucDMadPNi &perl, 
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per it.ba- 
iust 



aigatUr- pknuin baH A C paralicium ySab interfe-i 
OTbneplanicuhi hemiipiiserio > ad centrum F ducan^ 
tu^ iine«e^tconftituentes in Hemiiph^rio' Se<5):oreni> 
(SBHF, &r |A>rdonem GBH. Dko qvLod Se€tot GBHF 
fitle6iior<}uabutus> & <juod habeatad Conum iuunu 
6 B H ratioi^m quam habec D £ ad L^SU^ . 

Quoniam enim D M > D N > & N L , (unc continue 
p^oportioniiles > linea Veib D £ > eft dupla lineie D M > 
erir ikut D E ad D L > i^a Se^or ad Gonum iiium > h^- 
dum «ft autem ficut M D > ad N D ita B F ^d I F> igi- 
tur ilcut £D dupium MDadND:> ita AC >dnplum 
axis BF ad IFiiSi^ I F vna; cum tertia proportionaii 
nd BF «B IF> Ccut DJ5> ad L D: Eit igitur Seator 
GBH F^ad Conunk GFH> iicnc D£ ad DL>dc ad 
portionem 'G B H > fic)ic D £ ad L £ > quodi^iendum 
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PROPO^ITiO XX, 

S^dor (ecuodus; ad jConum iegmonti ha- 

be( proportion^tn i quam habet iU- 

perfiql^s Sphserlca Hemiipha?- 

rijadb^ifimConi. 
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Slt Hen^i^iiieribcti A B C > CdtMzucn^b^$i>o.azi« 
Bl>i iti c|aopuixdhim I> pei t^od iecccikr.plimo 
bafi A'<!i>|ttnUelo» /iciejice io H4mi^ii«ciQ6gineiir 
tttoi ACFC; ti| i|iio £t.Se£bbt ^ymyiiiis A£mFCi 
& ooimisi f,t>^. Dioo <|iic4 S^<^ iecuaidtt^ A£ D.F C» 
& att OMHun £ D F.^ikbc §Mfci:£kifk Spli^erica HieoiiA 
pb«rijf iA B C,ad dfcalimi cirai^ f^h^&n Cu{ii.£D F { 
yvifiqat^^aaadcsanataL AB ad[quai|k3CmQCK^Ei« 

(• C«dftinijnir iginvrdica aittm. i^rpenti I D coiiii& 
redaitgulus C^HiU quoiu^ SiixiQlLftratam cA; 
i^tt04^CQmi<£ DP i vnacum coBaig^hitiguIo GI>H > 
l^qiiale» £m dimifiio l^idpdc; AEDFC ^ ehm hk 
iumpti|»)u3^^cacii^B(3ioQ A£DiFC : CBm'J|gitar| 
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EI, (ic radius baCs Coni EDF, G.I veroradius baf2s 

Coni re(5bnguli G D H, cui xqualis eft linea 1 0} cum 

eciam quadracum £ D xqaalc (ic duobus quadracis 

E I & I D , hoc eft E I & I G j eric eciam Circulus ex 

radio E D a;qualis duobus circul is ex radijs £ I , <& I G • 

» Conus igicur cuius bafis eft ex radio £ D , alcicudo vc- 

j ro I D , a:qualis eft duobus Conis , icilicec E D F leg- 

• menci',j8c Cdtto re<aangulo G D H , hoc eft dimidio 

: ie6):oris (etundi . Sed cum quadracum cx i^ B (i? du- 

plum quiadraci ex AD vel EDifiexiillovcradio&t^as 

fueric Circujus pro bafi Coni, & confticuacur in^dcm 

alcieadiHe (icilicec ID) Conus,<erit illedu{>lu».coni 

ex radio E D , & prbindesequalisSe^ori iccundo A ¥- 

: DFCv Sed Cohi quorum eadem alcicudo , iutx^ incer 

fe ficiic baies , baiesycro ciim finc circuli ^ iicuc qujir 

draca radiorum,£ft igicur ficuc quadracum AB > ad 

quadracum £ I , (ic ietSdr i^cundus A £ D F.C , ad co^ 

nuni EDF. Circnlus auccm 'exradio AB^^ig^uaUs 

eft iiiperficiei iphsricie hemiiphxrij A B C ^ & circulus 

ex radio £I,.cft bads coni. Igicnr ficuc iupcrficies 

fphae- 
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i pha^rica hcmiiphxrij A B C ^ ad bafim coni £ D F in 
iegmenro > itSL lc£tor ieciindus ad conum iegmenri . 
C^od erar propofitiua de;inonflrare . 
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PROPOSITIO XXI. 

Inuenire iegmentum in Hemifphaerio » in 
quo Sedpr iecundus (ic ad Conum feg- 
menti in quacunque data ratione pofii' 
bili : Oportet autem quod fit in maiori 
quam dupia ratioae . 
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ESco Hemiiphxrium A B C ^ centrum D > & axis 
BD> & Cylindrus £F z^ualis Hemiiphsrio 
A B C 3 & eiuBem alcicudinis \ ^ daoa iic proporcio 
G H 4 ad I L > in qua conilituendus {ic (cQioi iecundus 
in iegmenco > ad cohum eiuiHem iegmenci : G H au- 
cem debec eiTe maior quam dupla I L . Sececur iam.* 
GH in pun<3:o K^vchcKHjCercia parsipfius GH: 
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& incer KH,SclL, a^ttkiest Ti. in^cli» |cW|)tttio- 
nalis , &fiac ficut K H ad M , ita D F radius bafis Cy- 
lindri jcqualis Hemilphaprio ad DNi&liiper ba^ ex 
radio D N , fiat Cylindrus infcriptus Hcmilphajrio qui 
(it O N , ex cuius tabrica eciam lacSfcum Gt iegmencum 
A O QC , in quQ! (tsLt ie<5br iccundus A O D QC , & 
conus O D (^ Dico guod icO:ot lecundus A O D QG 
le fiabet ad oonum O D Q, ficut linca C H ad lineam 
I L ; Producacur itaaue planum O Q/viqucdum /c- 
cetCyiindrum EFainP,&R>&fitconusPDR. 

Cum igitur fo3:um fit ficut KH ad M , ita D F 
ad DNi erit conu9 PDK. ad conum ODQ^ficuc 
K H ad lL>hoc eft in duplicacai sapoibc K H «.^dM ; 
CyhxHrvts aatem P F , elt triphxt cQiii P DH» ^^^ 
ccitafncftad conum ODQ,{kiic oripk KH,hoc leh 
GH adII.rC^lindrus.mol'F>efi:x(](u;aIis lednrt.ic' 
coodo A OD QC^ ignrur ^t^Dr&oiindus^dconanu 
(>0C>m codejaa legmento, cft ficm G H ad IL . q^od 
fociejidamcfat^ 
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"" Not^Hrfm ^urcmeft qUod I L poflit JefTe maior 
«^iiini^K &i^ '&xtlA tidtd dicat ^f^ui^ quod media-j 
^f(p.oi5?9>it3li» M * poccrit cfiCtdfitt iemitfeiiwrrumj 
E>.C > ,qjiarff .pundtum N: ciclerc . potcft extca. Jjemii- 
pnarrium : quocf fieri hon pode fTc offcndo . Suppona- 
tur I L , a?qualis dimidia; G H , f propofitio tamenre- 
quiritvtminoriitquamdimidia;& erit tunc IL in 
racione ieicuialtera adlineam KH,6c linea M, qua: 
eft media proportionalis , erit potcntia iei^uialtera ip- 
fius K H i led ita ie liabet D C , ad D F j guare cadet 
pun<^um N in pun<3:um C: Si igitur minor fitlL, 
q uam.dimidia ;G H , vt propoiitio iexigit , cadet neccl- 
lario pun(^um ; N , in 1 inca D C . 

PROPOSITIO XXIL 







Si Hemitbhacrlum feStum fuedt duobiis 

Ixifim hemifphserij parallelis » 
[egmencum ihtercieptum inter ea piaiia 
habet eam proportiooem ad parteii^ 
Cylindri sequalis Hemiiph^rip inter ear 
dem plana interceptam , quam exceflus 
timimaf tritim proportionaliutti ( qu: 
rtim imedia eftaxis Hemifphserii » minor 
ygrQ pars axis iotercepta inter •baiim & 
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planum iuperius) (er {iimpta?, (iipra tres 
proportiooaiesCquardmthaior eft ea* 
dem prioruin ir[jnpr»rc;ilice;t a centro ad 
planum iupcrius» media^^ cendiQ ad pla* 
num in^srius , Sl tertia minor ad eas, ha* 
bcc 4d maximam prionmi bis (umptam. 
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EStQ fi<^uidem Hcini/pfi«rium APCiinguQ (iW 
dilo plani D E 4^ F <j i&dantta Hmi^hserium> 
^>cl htfxmAC p«ra|lda« qu^iickuic i« Hemliiphae- 
jrip Jcgm^ntum ifttcrcewum DF.GE; & |)?pau<9:is 
plani$^ fadti fint Cylindri circa euncfem axem fcgmen- 
ti V X , lcilicet H I , iiiper. biifi a?gtia|i bafi Hem|f ph»- j 
fij , 3« K^ L , fuper kafi jubfef quiftTopr^ ^ ba(iAV htmi- 
iphtrriji qui pars ef^ Cylindri Argitidis Hcmifphsrip , & 
^centro M bafis Hemi/pJijeM j 4u ^is liaei( jM N , & 
M O 1 cionflituentibus in cfentro M conum re<^n- 
^uium* NM O , & fecantem pfanum D E, iii P^ & Qi^ 
vnde imer plana cAdepi parailela fa^s eit ^ ciam tirun- 
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WS.cofii NPQO: Du<aas iam axis MB;fc<^iauo 
pham pep .pUA<3^ X > d» V> prodac9cur « & fiac ucu( 
VM ad BMiick BM ad XM^&: iccram ikut: VM 
2dJihk,wiBLXiA:9d \J4etvx Z ; Dico. quod eric ficuc 
ctccSSti^Wipl^r TMiupra VM»XM >^;Z> ad du- 
pbn TM> ita KegmeBCum DP G J^ , ad CvUiidrum^ 
KJl.«iclBftaciie^)!orem9 cuinsftipcrficicsipbcrica elb 9.^020,, 
«idem ^uc lupecficies ifigmeqci D F G £ ; Ducancur 
cftimLiinpapN X >OX>>CQf|ilicnciice$ comim NX O . 
- j 'dttin igtrttr Tf uncusN P QO> iltadcomtfii NXO» 
(iciit; Q-es proporcionales iti vai^c NV ad PX>.«t 
(Baximaim trittm > N V veto «qualis {ic V M > PX 
vcro X M f cri% cruno» N fi QQ, ad coniim N X O > 
{icuc aggregatum ex VM>XM &2>adVMj. Cum 
;iutem H V fic ad N V xCcutBLM ad V M > C iunc enim 
3?<5HaIc§HV:>&3M»NV,&VM;J Gonus h:!s?R. 
^ric ad coiium N X > in duplicaca racionc B M ^ 
V;M > hpc cft {Jcui T M a4 V M j & ideq cxc^flu5 Cy- 
lindri Hi > .iupra f^ginenwih .0 F G E ( «^ualU cift 
cnin^ dii^5 cxccflus trunco coni N P QO j cft ad eo^ 
hum HXli,ficuc VM,XM,«cZ>aTT^i*/ Sc^ 
(Tum cdnus H X R, > (ic araualis dimidid CyTindri K L > 
eric cxcciTus prxdid^as ad Cylindrum K L > (icuc V M > 
X M> & Z > ad duplam T M . Sed cruncus coni > cum 
fic xgualis cxcefliii Cylindri H I iupra icgmencum^ 
D F G E > eric vna ouin jegmcnco D F G E , zqualis Cy- 
Iindro H I i & ideo criplus coni H X R ; ExcefTus igi- 
cur cripli coni H X R iupra cruncum coni > hoc cft 
iegmentum D F G E , eft ad duplum coni H X R> hoc 
^lt Cylindrum K L , ficuc exceiTus cripl^ T M > fupra 
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V M , X M , & 2 . ad duplam T M ; Scd linea T M 

eft maxima trium proporcionalium , guarum; prima 

cA titiea ihcercepca incei* cbncrum 6c planum iiiperius> 

&: iecunda eiiaxis iiaxiiiphsttij > cres veraireliqiLaei pro> 

porcionalie^ icijicec -V M i X M , £e Z^^guarum prima 

efl eciam minor pri6r4im.,linea videlicec a cencro ad 

planum fap^rius , iecutida ' X M , a cencr«o ad plan,ulnj 

in&rius ^^ Zad eastercia.proporcidnaIis . Linea-varo 

T M cer f iimpca, deJignjuc truncum coni vna ctuii por-> 

. cione D F G £ j cres aucem reli^ua: prpportionales de- 

£gaanc criincum coni j & T M duplade{ignat Cylia-i 

idriim KL, cuius bafis cft iubleiquialcera ad baiiisxu 

'• HemilpliOTij'. Si igiciir Htmifph«rium &cJ 

««f. r • - » t , , f • 

COROLLARIVM. 

\ "Ex. hoc elicicur propprcio Segmenci incermedij 

J0"tGE,ad hemilpfcrium ABC,qua: compdnicur 

ex propotCione fegmenci D F G E ad Cylindrum K L, 

; & CyUndri. iC L ad Hcmi/pha:rium j Cylindrus ' Vero 

K L le habec ad Hemilbh«rium iicuc 9»x& cius V X , 

ad^axem hemilphsrij BM . Fiat igitur linea A"B, 
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s^ualis dupl^ T M } ^ fijc A C ^qualis exceflUi quo 
tripja TM cxcedit tre? propoftionales VM, XM, 
& Z i deinde C D fiat ■jpqualis ^sq V X fegmenti D F - 
GE, &BE,axi PM iiemiipharrij APC;ex his fiant 
duo revn^anpuja AP &AJ£: pico eandem efleratio- 
nem retSfanguJi AD ad re<3angulum A£> ^ua? /eg- 
menti D F G E ad Hemiibhafrrum A B C . Compo- 
nuntur enim rc<3anguja A D , & A E , ex cii^em pro- 
portionibus ^uibus componuntur icgmentum , -^ 
Hemi/pha?rium , & ideo in eadem ratione lunt . 
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PROPOSITIO XXIII* 

■ 

igmentiuii H^ffli^hapr q 1 nter j?afiiih ^ 
planutn parallehim bafi iatercepcufiLj % 
sequale eft tribus coni^ em(<iem icunu 
f^goieiitb altkudinis quoruth cfuo funt 

ex b^fi auiiari.reliq!uus vet^ ex Wi nii^ 

nori . 



SEceti^r vtcunque hemiiphajfium A B C , plano EFj 
^ban AC pataliblo! p & iiv^&gtnen(o ftjtc conai; 
tOF", &; iterU9\ iiipcr b^ifi AC* cot^ltUftfui' aliu^ 
A C? C circa eundem corum »ccm communem G D , 
qui etiam axis eit iegmenti A E F C . pico quod conus 
AGC'bis,vna(flumcono EpF limui iiimpti, ajqu^^ 

ks fint iegmento A E F C , * . 
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Cum enim demonftratum fic duod conus £ D F > 
vna cum cono rc<3anguIo ( guifit H D I ) asquales fint 
dimidio if^dris, iecundii(lem.onftratum e£iam fit <juod 
conusex radio ED,vel guod idemeft cxradio AD, 
0EC|uaiis fit duobus conisciuldcm altitudinis , vidclicct 
ex radijS EG>6S'H G, &ideoaequalisdiniidio le<fioris 
(ecundi inter cadem:parallela plana : eft; igitur conus 
A GC,cji^ baieinaioriiegmentij^qualis dimidio fc<3:oris 
iccundi AE D F C j Conus igitur A G C Bis lumptus , 
vnacumcono legmeriti EDf fimul, a?qualis clt toti 
lcgmcnt<> A E F C : X^uod.erat prc^fitum «' > " 



PROPOSITIO XXIV. 

Segmentum in HemiQ)hseri6 cbnftituere , 
quod habeat ad conum redangulum^ 
eiufdem altitudiriis prbportionem da- 
tam . Proportio autem debet efle maior 
quam dupla • 
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<& MemifphaaibitA ABCy centmm D ,axls B D>' 
'&licracioda];ii £F adFGjiguam habefsedebeac 
iegihenbum ad coiium rc(fhngulum eiuiHem alcitu^^ < 
iiis< CumaucemFG minorut quath cerrla pars lineae- 
cocius £ G > diuidacuf ica in pun<^ H > vc {ic G H , cet-^ 
tia p;lrs £ G « & inter FG ,6cHG, cadac media pro- 
pori^onalis I G : Similif er eeiam diuidacur axis Hemi"^ 
iphaerij BD inRiVtfic iicuc IG ad FG, ita BD ad. 
R D j iScper pun(^m R , agacurpavalleiumpJanum ad 
baiim A C, facieiisiegmencum in Hemiipha^rio A Kn 
L C i Fiac eciam ihcer eadem piana , (prodttc^ fi opus 
ilc j conus redangulus MDN circo^eundem axenu 
R D , & Cylindrus: OC , iiipei: baii Hemiijphjerij .AC ^ 
Fiacetiam iicucRD adBDi'ita BDad Qp,&con- 
fi^ictttis conis ODP , & KDL> Dico ^ iegmencum^ 
A K t C , ad conum . rc<^nguJum M DN', habere ra- 
cionem , ^uam habec linca £ F ad lineam F G . 

Cttm enim conus O D P ad conum re<5bnguiunu 
M D N iic in duplicaca racione Une^ O R ad lineam 
MR,veI quod idem eft axis BD ad R D j; eil- igicur 
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aJ>» S«d. Criiminis OC jdlb t^HK ami QDP,pc, 
esCflfibiCjrJioidri OP iiipra: fegtnemant ~A K L C >c& 
aa^MBUi» coniDjee^ngiilQ M £> N > .C^tIumIius i^itur OC 
ad tsuxiSSm itttuit iopca iegiiiciitam. A £I.C« eO:iL-< 
ctt mpU <^ aid ^ D^ Hic verv Cjlindrua OC^ :d 
i«3i3rQremiccuiicliiin AKBLC>cit ilcut tiipk QD 
ad duplam.' QD^i cknioaftcatttm dft eiiim ^uodi Sd^byt 
iecuiuias ^^iialtt.&i.<ittpi.O! coni OBP^Sei^tor igituc 
ieeuiuittsd&adcs€«ifiimCyiiii«ffi OC iapra- iegmcn»- 
cuiit) » ikac ditpU QD ad R D . Sed conus O HFy. 
cnmi^dAmidiittm Sbc^eris iecuxidt AKDLC^xqua^ 
lii>efl: dwfctts coiiis KDL,&M:DN. Se^^or hicur 
iecoadu^vnacumcanQ KD L inoceil ic^mencnmieit 
; adl conom re(^ogulum MDNx tet aderccifiimCy-^ 
I littdfiitipra fegmcnciim JQiooatsin literis A OKL PC^. 
! iicut dupia QD > vna.cum parce QR > eil ad K D t pacs 
igicint QR iigaat conum ^gmemii K D L . Sed ia^a^ 
ittae QP> i^D &RD>ia cadem raaona {kuc H G 
l(^£aPGicft.igicaf £cue QDad ftD> ica HG ad FG ^ 
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^ itnceceiienciuin criplft > hoe ei^ /£<:ut Cf iplum. Q^ ^4 
^"Qij» ica EG a4JFG,& diwd^Hck) ilcutdupJum QJ) 
(CUm QR jaillll>iica:EF.3id.FG., igitur dupl^m <^ 
fcilicet! duoconiODB* c\im QK cono ^gmenti 
K.l^.h., hoc cftjQgmcnwna. .AKiL.QAd. RD ^ ic<5>nuinrf 
re^ng^ulum ^H>N> iehab$£ fi^ucline«i £ F ad^F Q> 
f j^^m;eft jgicur io.Hemi/phjiJrip.iegmcntumj adrco- 

fliim:r^<ki^uluaiie}u£iem aicipudiai$i||r^Qj&e dar| 
E F ad' F G , quod erac propoiicum . 

PROPOSltlQ XXV. 

« — • 

In Hemiiphserfp inuenire (egmentum in- 
termedium, cuius exceiTu^ fiipra SeSo* 
rem fecuhdum eiufdemiupefndf i fph^- 
ric^ > ftt in ratione d^ ad ppxdiGtutaj 
Sedorem (ecundum : ratio mitem de- 

::bietefie mioQrquamifiibdupJAi- - 
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Slt proporcio .data OP.dd QE.^ijuam»Jiabcrc dc- 
beac Sedior iecundus ad exceiTum quo a iegmen*^ 
to ciceedatur i QP ergo mindr debctcffe quam dimi- 
dia O P . Supcr plano igiciu: A C , a punc^o Mx cci- 
gaturperpendicularis MTy&iiac ficucdimidia O Pi 
ibncec R P ad P Q^ica M T ad T Y ; SumpcoiCtiam 
in linea MY,pun6l:o V vccunquef dumModo My 
maior fit tercia parte lineas M Y J iiac M B. media pro-* 
portionalis inter M V j & MT> &fii<3!o radio M fi> fia? 
i-ieiniiphsrium A B C ; Iterum dara trium prqporr 
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is.huias. I ^kxi^uaHpitiMl 'MTj a^qiggivgatotreiiquarum ' V V5 

6th <G v]3 )^^34 , W^' Ik legmcWctim iiiterm<dtttm« 

&M 5^ il;>M'/ft'' l M V^' ^uibus im^Migatur 4tfigtiatu& 
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Sedor fecuiiiiia <^ &iA E Ix A^t etkim CylkKirm IC L> 

luper ba£i iiibielquialcera ad bafim Hemilphaprijj circa 
evticieas ^an ^Jouter-iadem plma; paraliela^interce^ 

pOU84 .: r, .-,• 

• Qbianiam igitur Y M eft aggr^gacum tfium pro- 
porcioAaiium^, lcilictt VM prim«,XM vcl 2V lc- 
cundao , tiuercemrum M & duo plana paraikla ba^i > & 
YZsd&is tertix j (iiiicetiam dj juiscrcis , ouarum V M 
prima, BM axis hemiiphsrt j iccunda, & TM ad eas 
tcfria ; eric (icuc cxcciliu cripUe T M iupra Y M , ad da* 
picm T M , ica iegmencum G D E I , ad Cylindrum,. 
KL>ltoc eilad Sed^orem iccuixium GDM£I> Sed 
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ilcKtt^h TM iubmib fuerir yAij^ligQ^orU^q»» 
t^^TMvnacumpaneTV* JEfti^urp^^xMid ilg^ 
m«!iitiQd Se^k>rem , Ikuc doplv T M vna ium. pstte 
Ty a^..«luetim TM. Exceflusiwqi» eftpars TY, 
gu^fead %l\i^dm TM hdbet eaadcm nxioncm «juiim 
habec Ci^ ad P O )^ coauettend^ «ric iicttd Sef^or le» 
candu^raJ^fc^flum quo iegmeA4um ^cedic eum , icd 
O P ad l*'.^^!^ od |ia<ieiidum erat » 
^ t^od ' attc<em op6rteac M. V efie maiorem ^uMvi 
serciapa» jine« MVjifeouitur ex eo^u6d MV de^ 
b^ac efle maxima crium proporcipnalium , quarum^ 
aggregacum eftlinea MY.' Cum cnim M V ^c linea 
a cencro ad planum iuperius > M ii^ vcro <^u:cacencrq 
ad planum inferius , ncccflario minor cric M X quam 
M V > & ideo maior eric quam cercia par» linea» M Y , 
cum cota linea MY ex cribus liiieis inarqualibus > &; 
proporcionalibu5 ^&s. (ic , quarum * M V m^ima , 

pROPosiTio xxvi: 

m 

Si Hemifpha?fium ie&um foerit plano ad 
bdf(m pdfaileto , icavctotus axisnon fic 

pocencia triplus parcis inferioris, fed vel 

maior vel minor , icerum (ecare Hetnif 

phcerium plano paralteloJta vt iegmen- 

. cum intercepcum fic a?quale Sedori (e- 

cundto eiuictem cum iegmenco faperBr 
cieifphaericae^ . 

Sit 
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Slt Hemiiphjetium. A B C , cuius centrum, D , axis 
fi.D)ied:us planoper pun^bim G Sid-b^th pa- 
rallelo jfaciente ie^onem £ F, & non flt guadratiun 
ex BD^triplum guadrati ex" G.D ^led vel maiusvel 
minus . Sityero iam minus > fis/iat ficut G,Dad .B.D > 
ita BD ad- HD. Inucntsitaquelinea? HG., qu« eft 
cxceflu5 qiio Jinca H D ^perat lincam G.Dt iiat a?gua- 
lis KdcsL M N j &; diuidacur fic in pun6);o OtytGc ucu.t 
GD a4;MQ, ita MO ad ONj &iri axc fa<^ ID 
xqualiMQ, pci: I ducacur aiiud planum baii AC 
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paraJIcIuiii , indudens fegmentum KEFL, du<9:iil 
quc lincis ad ccntrum KD,Ep, f D,&LD,Dico 
qiiod iegmentum KE F L ell 's^quale Sc6l:ori iccundo 
K E D F L . Cum enim demonitratum fit , quod ieg- 
mentum intermedium K £ FX ic habcai: ad Scdio- 
rem iecundum K E D F L , (icut cxcciTus tripla? H D 
iupra tres proportionalcs , qu^um G D prima, & I D 
iecunda , hoc eit iiipra aggregatum ex G D & M N > 
( iic cnim per conftru<ftionem fa<9:um crat j ad duplam 
H D ; cxceuiis vero tripias H D iiipra tres illas propor- 
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I cionales chqc cft ipiam H U) fit dupla H D , gua5 fc ha- 
bcc acf eandcm duplam H D^ ficuc iegmcncum KEFL 
adSe<^rcmt^cun<fum KEDFI^: a?qualc cft igicur 
icgmencum K E F I, 5e<3Jori fecundo ciufdem fujier- 
ficici iphapric*e , auod facicndum erac . 

Siaucem Hcmifphairium ic<5tum fucric in I, vc qua- 
dracum^i$'BD ucmaiu$cripIo quadraci parcis ID, 
plano KLp^puQjf^um I du<^jinueniccurpun<5him 
. G hoco&cb: $it.yccun5|uc ^?a PQ^^u«aiuidacur 
. fjc in p«n<3:o R , vc fic iiqnt (juaclracum B D ad qua- 
dficumi-D>salincft PQ^C^:daaiam XQjvi-^ 
^>l{:iPii: dggrog^o iecaodx ac ceftiae>di]iidacur ic^ 
P R in puntbD 3 > vt €(m P S > S R > R Q>in coacinul' 
rationo» . k-- • • • -.->•. 

■ Qooniam enim re<9singulum esc H D > G D , xqaet-. 
k eft jguadraco 3 D > re^ngult» cfiam «c G D > O N -ji 
a?g uale eft qdndraxu mex iDt re<f)laQguia ^eai^ ciw 
habeanc latus comn^une G D > Gm incer fe licut reli>:: 
qua lacera , Wdehcet H D £^ Q N ^ quadracaf ^igkur «c^ 
B D>43 j[l[);, cum (int prcdi<5)!is re<3:angulis ^iialisu, 
ftinc inoer f^ in eadem i^atioud > icilipec ficu(^iitiea H D/. 
ad iineam O N : IceruftT cum iiiiea HD, conipoiica^ 
fic ex linei§ H G , ^ G D > line« vci^ H Gipij «on- 
lbu<^ionem«c|Ua%iic;M N > comipoiica igicur erC D 
& M N , jp^aaTis erjt ilinca? H D rfcdratiQ P Q>ad Qj^ 
eft<]uadtau B D ad «guadracufn I D > hoc ^^line^ 
I H D > ad lineam ON 5 eric icaau^ & cpmpoficaei G D 
&MN, ad ON, ficuc PQ^ci C^R: Cum igicur ti- 
nea HD,ycl compofica ex G D > & M N , fic aggre- 
gacum crium proporcionalium > ^c eciam linca P Q 
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^ ^gr^^i^u tcium prpportioQdium > & iiabeaat ad mi- 
I norcs earum .eandeih xatioJEiem , &ilicct lintea. PQ^ad 
iQItjeandem ratioQexh. > quam habet compoCita ex 

D G & M N , ad O N i Sequitur quod diuifa: iinguls 
' proportionaiium Vicindm' iumptii; i eandem rationem 

nabebuitit ^icilicet.quod prima. prioi^um ad iecundam 
: earUm , liabeat eandem rationemquamiiabet pofte^ 

ridrum .prima > adiecundaim poiteriorum > 6siic in re' 
; Ijquis i Vnde ie<guitur quod iicut QR. ad R S , ita O N 

ad MQ,vel IDi'&ficut RS adSP,ita DI adpC. 

Data auteih. eft linea D X > & ra^io R S ad S P ; & ideo 
; data eft Hnea. D G , ^ puu<5him <s -, per quod^tranfiro 

debct planum E F . 

Ducatur itaque planum £ F per^un<3fi G^ ad bafim 

A.G parallelum , & erit fe<9axm iegmentum KJE F L > 

quod iam demonllrauimus en[ea?quaie Se^ri iecun- 

d<> K.£DFL,quodficieadum^cat, 
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Ex demoiiftracis appa;cec quod cofius £ DF xq\lali$ 
fit coHo KDL, Signecur enim conus £ O F > in in- 
(erie(f^onecump)anoKL>liceris T^ V( cum igicur 
S^or/eciindus KJEDFL x^uaJis iic iegmenco K£> 
F L j eric cruncus E F V T argualis parci K T D V L Sc- 
^ori^^undi > guibus G. addacurconusyel conipars 
comm unis T D V ^ crit cocus cori us E D F , cono KDL 




£x ^HOeciam /equicur ^ guod fi decur vccunque co* 

nus iii Hemi/ph«iaojqui non iic maximus^alius ei 
^qualis in eqdem Hemiiplia;rioconfticuipoceft . 

. Apparec eciam racio j q uare fi as^is iec^us jfueric in ra" 
cionecripla quadracicociusad qui^dracum paccis inftr 
rjoris ^ nori poflic icerum i^cari « vc Gx i^gfnflicunL* 
arquale Se(9:ori iecundo eiulciem /uperHci^i /pha^kjEf^ 
quoniam in illo caiu conus iegmenci c& maximus co- 
norum ifi^ripcibihuintiiHemi^haerio^vncle ei non 
poceftalius conflicui a>qualis : Manifeilum cA enim^ 
qaod Aece^io iiric duocpni £qpales>quadq iegmen- 
cum eft opijuale Se&.Qxi iecundo piuidcm: iyperficiei 
iphxric<B rvcfiam pfoBacum eft . 
. Hriiuimodi eciam iegmenco incermedip^ cui Sed»r 
iecundus eiuiHem iuperficiei ^ha^rica; a;qualis eil , Se- 
6coi eciam primus ei aequaj^is qacur : du(Stis enim a polo 
B lineis BK & B£ « u ex quadraco B.K iubducacur 
quadry^cum BE, reliqur quodraci.Iacuseric radius Se* 
(3:ori$ prifl[j^ui di(fl:oicgmewo «qualis eric , : . ; 
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Obieruandum eciam cft quod in triangulis K I D » 
ScEQD, ex quol^Uitii^itdlu^idA^ ^ukc duo coni a^qua- 
les EDF,& KDL,quadrata lacerum KI & ID,fi- 
itiui ihmphi 5^<^U((lift iUMI ^iMidffifti^^oram kt^l^^um 
B G «e GSrlatusV^rd GD «d)A€a$ ID) «ftitt Auf)£- 

elb ^x tomddtdtiiikm ^ ^i yqk^lel , Si igitUf prO«. 

«liud etiiastoiruih «^ikdm^citt^ ^ngutum fi^Ufiii 

crianguli daci circa anguium re(Shim \ 6c duod fdtid 

qtiftm h;ii}^t viiiim }atu«dfciettHgaittm re^lum |)f i^ris 

tf iilflgUli «d VhUift iii¥iii«kttil ^poilmQiki dupla iit t»^ 

tionis^aam ()(ib<?£f(;li^afim {>«ft»iotisid#feiiquum^ 

pridiris (Wftnguk tih:6 «ufid^m afigttlaM rt<^m i Hoc 
tlFid«tti^'(nittl t|)^f eft iittiui|)rdpo(i(ioni$diimon^ 
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Segmtimum ikerthedium ifi dacS rat ione 
^ id Hemi^haeriuttt ci^Wbefe. 
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Sft ^iftlo dtti ^li-dm il^M X id Z, ^ Ilippctfi^tlir fa- 
<adm,adfii: £ F ^tn icgmiftti iAtcrmtdij afct)iiali$ 

Se^iietundo tfiifemlubcffieiiffjjliajtitj^^iii ratio- 
ht «I6i!>ix^ Hemif^hidtiJifiaicli^*aX«[diiile52j k . 
fiftt ttthtfntife |)tbj)t)rtbrtal^ ED,1^P &J (i D-,6^ fectiim 
E D,F D & D H tft! ^tt6tti5tt6td^^j[>6rtid t}U4dr«:l 
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BD ad guadratuin £ F , noca efl proporcio re(fhnguli 
[ € D £ ^d^i^ftdracdm £dP;re<3^h£^iiluih.aufiem«x.GD 
in £ lp>:^ualeeftqUadrato £D, vna cuQTre^^ngulQ- 
cx GEin EDjhoceft «x FH in ED , ciim FH &; 
G£ iinc asqualesjtri^ngulnmaiitemexFH in£D,: 
a?qualceftduobiisrei6tanguiiji icilicctex^ED.iUl Dtii 
& ex ED. in D F » Sedrc5angulum ^TLS<Vi^Di9qvt9>^ 
lc cll xedangulo E FD vAa ciimquaadrato: ED,j& r^/. 
^ngulum £ D H o^quale pfi cidcm quadiaci^ iF.Di> 
£11 igicur redlanguilum c^GE in tDyxqmlttc^akOn 
gulo ex. E F > F D , yna oum. duo&us quadraBie. eic F ft ,, 
Quadcatum vcro ex £I>tequaie, cfi: qUadtr^o ex' £F 
&i quadrato ex F D, cum duobiis rccUngulis EFDV 
Quadracum igicur cx B D:, xqualo cH.quadraco cx £ F, 
vna cum £ribus"re<3:ahgalis ex EF,&5 FDfj& tribu$ 
gliadtacis ex F D : . Tertla pars Igicur cX<;e:fiui ^aadratfc 
B.D iiipra guadracum E.F* efll |-f<^ngulum ex £F, 
F D , vna cum . quadrato F D , boc eft rci^angulum e^C 
ED , F D . Scd dacus cft^ cxceiTus guadraci B D iiipr* 
quadratum E F ( data eft caim c^cio £ F ad. hD, Jtiii'' 
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cet X ad Z:) igicur & certia pars eius daca eft . Cocn.' 
ponacuraucemnocmodo . 

^ f 





' )£dt ^draco BD iabcrahatnr^ua^cttin E Pj Cixia» 

refi^ttt#citsparci«qaaU (itquadracam et; IKihuic 

ad irngulos^ rocSlo^ applicscac re<£h L I jfe^;ilis lineiK 

: £ V ditx > 6c iuper jin«amr L i deicrib^tur Circulu» 

. LNl M ; lam^panHh) K extremiratis lines I K> du^ 

. c£ica;r r^^ K KM per cencrUm circuli ad pcdpkeriam 

M i i^iks ci^cuiom in N v-E^ q^ontafm redbngulunik 

eiiMK iii KN sr^tiald e(l • <}uadr.iro' ex KJ (tangic 

. efi^im KXcirculum^LN I M: ) quAdr^tum verc»ex KI 

p6f cooOsrik^nem a;q<»le «ft otmie parci excds^s 

^^draclBDrlupr^ quadrac^m^x £ F^cui etiam de- 

m^niJtrMtttti eft r«f<5bflgulum EDP ifIea(qo:Ue>«qua- 

leigicar ^A re^iigali^m MXN>reClangnlo £ DF. 

Si^ fa^ eil linea L 1 , asqualis limmE¥ •,deda&Si igi- 

dur Hvel MN ex UK,9c EP cicFD ,reliqu» NK 

• & F D, equales erunt ^ igiciir cotaMK , toti E D «qua^ 

li»otit, Dataergoiitncpunda Py£,in SLxttScli&ca 

F&xCdlik radon^ X ad Zfidnis Gt- AAis . 

Quptiiam igitat' itfgmelltum iMermedium incer 
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eiui^crm iuperfi(^9t ipha:ric«,(&4^0ft ^&im Q £ arquav 
jitTH^eni; iegmeocum in^^limddium ^d Hemiiph®:^ 

B D ; & jdco icgmcnwm 4cpf ' \ 
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HocPfi>bk^;t,li<^6t nOA litillud ab>Archimed«^ 

j jpf d^iitum iibrq iecundo de iphs/a dc Cylindroprop. 

4.acuq;ien (sft iecitio;iphxr j: in racipne dai:a>^anuiro 

luod iciam Ceometra ha^enus demonHriata ; e?: hoc 

nim , Segmcntum incermcditim Ad Hemiiphafrium 

ifl ^uicun^. racionc coi^i^ui poceit ; ^ ad iphjeram in 

rationc minori Quam iiibdupli vel in <]uacunquQ ra- 

tione data ad ipha^r^im duobu$ iegmcnti$ intermedij$ f 

vcr cjc demonitracigiticilc coiligirur* . . • " J 1 

Hincc^iam ^nie^uicur>quodnCylindfQ$ confll-^ 

(uatur iuper baii hemiiphxrij.^ tn^eo & cadem^ airitu-L. 

dineinicriptus fueritconus re^nguius inuerie poiir 

(usj di Q per £ ^ F dudbi iuerinc plana parUl^la iecan- 

(iaCylindrum 45COnum rei^anguJiim^^uiMl <onu$il<» 

It redfcangulus i^cabiiau' fiaxc hemiiphaEtinm > tc fjx 

pntspbm incorm^dia interplana parallela incciscepca^ 

ad oocum conuin reiSamguluin, (icut pa^ axis £ F ad 

cocumaxem BD, '-- 

Quoniam enim parA illa Cylindd intercepc^ cil; a4 
cocum Cylindru4iv>iicut par$ axis £ F ad cotum axem} 
& pars Hemiiphaarij , hoc dk par$ exceisiis Cylindri io* 
pt-a conum rei^ngvdum inrer eadem plana^^l ^d CO'^ 
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cum cxceiTum in cademjmiiDat JaUccc E F. ad B Di 
necefTarioiibquicurjquodcritedaim cruncu$ (coniin-^ 
tcrmcdius ad cocum jconjiaa: in^^^n^racione r fi enim 
;(ic (icuccoicam ad cocumiica aiblaciimi^adabkiiuin^eric 
eciam ica reliquuiri acl reliquum :.. 
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PROPOSITIO XXJ/III. 

Daca proporciODe partiutn i30ds t titercept:a- ' 
rum imeraxera fegmtnti intermedij dc 

; centrum HemilphasriJ ^ eUndiem axera 
& pdlum eiu& , inuenire fegmentunui 

' «quaie Sedori fecundo eiuldem (iiper- 
periicid fphaericge . 

REpefcito diagrammace iiipeciotVj fit Amti propor-» 
jCioparcis F D adparcem B£> eadem quxlinex 
K ad lineatn .1 » & qucxAiam demonftracum eft in iu- 
periore quod re<3angulum cx GD in £ D, hoc cft qua-? 
dracum B D, zquale fic quadriato £ D , vna ciim rc- 
<fhngulo icx £ D in D F & gua:draco D F > eft autcm^ 
quadracumcx BD,.'equalc rciStaJigulb cx ED inBE 
ois y cum qiiadracQ B £ & guadcaco £ D \ dcmpco ica^ 
igue cx vcroque commuhi quadrata^DiXcmattcbic 
redangulum cx ED in DF, vna ciim quadraco ex 
D F j 5jequale redbhgulo cx ED imBE bis,cum qua- 
draco BEzguancoergo quadracum! D F cxccdic qua- 
dracum BEyCanco duo rediangulia ex ED in B£ ex- : 
^cdunc rccSfcangulum.-cx ED in DF. 5ccL quoniamL» ] 
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quflillidcas liaeariim &£^ FD ignoc^ «ft>nota auficfl^ 
4il fVQporfiQ far um $c€tmpo<%acur iic>. 
;;. &t ^u^dt^tolifid» K iubducacur, ^tiH^racuai liaf^ 
I i ^ rr liqui quadr^ kciks /ic L ; deiftd^ fiac iiAea M N 
;^^viali9 <iupl« ii t x ^udfdedu<l);a parct; MO ingUalf.Ii'' 
ne» Kifxnaiorctliimeftdupla I ^ua.miia9« K vtiai 
ir2id«monilfabkur ^Nli^^« O N Apflmtw iacut f»* 
<Mfnt r«^iigulttm Q P «<]ual'e ^uaiilAcoi #« X. # ^ comi 
pi«ft^]ttQcumrt!olai)guiiim Mf 
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QU^nift igitur M N aj^ua»- 
lii ti\ duplit lineiB I>fo <jaa 

d^dtu^ cit iiaea M O v^m^. 

lifl linec K ) ^ MceJTui O N 
appjicaca cft liAea ^cien» re^ 
<^languiuin OP «v^Uate «icCe i« 
iMi^(|uadra(i K iiipra ^iadra- 
cum I } viide ecidm rc «!ai|gtt-< 

ium M P , cxcedic re^ngulum M Qjodem cxccilU 
«juo (jviadracvim K excedic quadracum I , cric ficuc re- 
Ctangulum M Q^d re«aanguium M P , ica in Hemii^ 

pha^iQ 
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pnxrio re<^angulum ex £D in DF^adretfbngulum' 
cx £ D in (|uplam B£ . - 

Sed oflendencium eft etiam quod eadem Cit racio 
N P ad dimidiam M N , i^ilicet ad R N , quar in He- 
miiphiErio f D ad E B j quod fic oltendo . Quoniam 
enim izdac iunt in eadem r^tione FD ad£B>&MO 
ad M R ) erunt & quadrata earum in eadem rationo ^ 
icilicet quadratum ex F D ad quadratum ex £ B, ficuc 
quadratum ex M O ad quadratum ex M R, & per con- 
uerfionem rationis eadem etiam erit ratio quadrato- 
#um ad diilereiitias eorum j quare & kterum , lciiicec 
lateris FD ad iacusj quod poteft^xtefTum quadraci 
FD- fnpta. quadratum £ B, {Tcuc lacus M O ad tacus 
qii.odpoC€(tcxC€irumquadrati MO iupra quadracum 
M R a hoc cft ad lineam L . 5ric igitvLt linca $, qua? poi- 
£c cxceiTum quadraci F D |upra quadracum £ B^ qua'- 
th linea S eric media propOrcionalis incer £ D & excci- 
fum quo dupla £B iuperac FD. ' Linea igitur S cil: 
ad lineam £ D , ficuc L ad lincam N P s & S ad lineam. 
B£, iicuc L ad linestm MR, cx ^equali eric £ D ad 
BEjficuc NP adMR. Scd ED & BEfimul confi-. 
ciunt axem B D > oporcec igicur qitod NP& MR fii- 
mul iiimpca: conficianc eciam lineam in eadem racio- 
ne iedram iicuc B D iixis in £ . Igicur dacum eric pun* 
^um in axe , pcr quod cranfire Atbet planum baiipa- 
rallelum, quodraciendum ers^ :re]iquum pundxim 
inceriedtionis in axe per £ 5 . inuenlecur . ' 
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PROPOSITIO XXIX 

Portiofieni Hemifpham} ad Cylindrunij 
eiuiHem altitudihis , cuius bafis eft iub' 
iefauialtera ad bafim Hemifphserij , ia^ 
data ratione minore exibere . 
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Srtradodaca X ad Z. Oporcet aucem^uod Xdc 
minor) cum porcio hemi/phacrij femper minorik 
quam pars Cjilindri «qualii; Hemifphcrio circa euo* 
dem axem confticuca . Sic eciam Hemiiphapriumy 
A 6 C ^cencrum D j axis B D . Diuidacur iam ciiame* 
cer bads A C ica in 0> vc iic OC ad A C >ilcuc X aid 
Zrtiatque B D primaj.^ A.O aggregacum lecundjp 
ac cercia^, <pas diuidarur ica in P ^ vc iic B D ad A P > ii- 
ciic A P ad P O > & a pun^ Dy in axe fa<^ D £ squa* 
|i A P> per Epunt^m agacurplanum bafj! A C pa^ 
raileluma iecans Hemiiphxrium in G &;M ^ienigue 
porcionem (jBM;ducacur eciam per polum. B^aliud pla« 
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num paraUelum » 5c inter ditSsipIana, & circa axcnu 
B £ , conKitaancur G)&iihcirus 1 KAhfkt bafi squaii ba- 
fi Hemi/phaerij , & Cylindrus L H lupcr bau iubicfl 

■qoiakera iul'B^m; I|mi9|pHcrrrj '.»] OicQ pHtio^cm. 

9 3 M J^iEib^ire a4.4^1if <^'u^ <!< H ciuid^dL «i^ica- 
ctinis, & lupeFbaii ii^)JeK|uialtecaad baiim Iiemi^.hz- 

Hj , iiduc ^ i ad 2 . ^ireiiim coriui? i*€<fengulas ID N^ 

& conus in Cylihdrd-lt N i ^» ^ ^ - ; . . > 
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' Ec gtio^iam tfutteus .6dm I ^ R N £$ habet ad[ cci^ 
num I E N ,iicuc a^ mdximafirt criam trcs- proportiQ^ 
nales in ratione I,fi , lid l^ £ : Sunt' iUitem liliea?' BD.« 
AP,\&l*0,incadem racione. T^puiicus igitarconi 
{fc habet^ftd to^um -I S N ^ciiC tfes 'ill£ prjapomohalcs 
hoc eft BD & A O atf B D . Sctfid«m CruncUs ^gua-»^ 
lis efteicceffui,;qi!iQGyti!ndrusIK ito^ratpdttion«ah 
G B H\ 'PoHio igkUr G BH eft «iceifiisCylindri I K 
ilipjra cruricum Coni , igicwr le habetakiConum lE N> 
fltjit exciirus tripl*'^© iiibrai BDyAP, «c P(Di ad 
Bp,A:tfdGylindrurfi IK iicucad iriplam BD. Sed 
Cyiindrtis 1 K eft fei^uiaicrt* Cyferidti L H , ic habet 
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igicut ad.Cylincirum L H , ficuc; ad duplam 3 D ; Ex- 
ceflu5VerQtripl«eBD,itipra BD,AP^ &P0, ideip 
eft ac exceiTus dupla; BD , hoe eft diamctri A C iiipra 
A Ojicd excciTus AC,iupra A 0,eft linea O C , Porcio 
icaque G B M ie iiabec ad Cylindrum L H , iicuc O C 
gd A C > hoc cft ficuc ejccciTus crium proporciona- 
lium in raciope B D ^ £ D,vel I B ad K £ , iiinc enim 
n:<|uales dupl<e maioris JB D« Diuidacur icu<jue diaimecer 
baiis HemiipliJErij A C in pun<3» O , vc iic O C ad 
ACiicuc Xad Z}&fadadimidia ACfhoceft BD; 
prima crium proporcionalium , & A O aggraco reli- 
c|narum,&:diuisa AO inP,vciinc BD,AP,PO in 
conrinua racione , ih axe B D iiac E D^^^quaiis iecund^ 
proportionali A P , & ii per E , ducacur planum bai! 
A C paralleium , diifccaDit Porcionem G BH qu«Tii- 
Dam , qux ad Cylindrum L M > eiuiHem alcicudinis & 
c6iiftent;em iupra[bailm. iubiei^^^eram adi^aiim he- 
miiphfErij , habcbit propoi^cionem X ad; Z dacan? . , 

PROPOSITIO XXX. 

Pordo ie habet ad conum fiiutn ficutex-* 
cefTus trium proporti onalium (ti(>ra mi- 
norem ter ad dupium exceflum mediae 
(upra eandem minorem;& portio ie ha- 
bet ad Hemiiphserium, ficut redangu* 
lum ex terminis prae:diSis, ad redangu- 

'. lum ex maxima & media propottiona- 
liumprxdiaarum. ^ ^ 
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S-It^hifti H€Jitii/|>h*rium A B C, centf um D , sjii& 
_ D B , <jiii produeacur m £ 5 (ed noii fiacB^ moior 
B D ; dcrhondrationisgratia itx H^mifphcrio \ Si vet^ 
maior firctic, dcmonilratioAis t^en eadem «titxaeio> 
4d euad^t figiira itiportioilem tnaiorem HemilphA^ 
rio, quodabi^opofito ncfftro atiehum c&a Fidt Jki<^ 



.» .. 



• . • > J • L 



I4.huius. 




A 



E B minorgtiahi BD •, 6t iicut E D ad BD , fta Cc 
B D ad F D i Fiateciam F G rqualiis F B^ &pcr pun- 
i^um G di^acur;pIaAumHI,bafi AC paraUelumj 
ficapuncais H S^ l aU E ducancm- lihea: , vnde conci- 

piatm: cpjiiuf H £¥,^sm iinntieiionftaibimttscqua- 

lcme^fK^rtioi^ H^U 

Cum -enim per" conftru<n:iontm F G & F B fihc 
^q^ales j erit F D mecfia in Arithmecica ratione inccr ; 
BD^Si GDs&ideoor^ualiieritdimidio aggrcgati ex 
B P 6c G D ; quarp «it ficuc aggircgafciim ^x BD & 
G D addupJam BD, ita FD ad BD,& ED ad EDj 
fadae fiint enimper conftrui^ionem E D , B D , FD in 
eadem ratiohe ; & qiiadrata*H B & H G eriam iunc in 
cadem ratione; vnde per ea «u» iam demofiArauimus, 
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^cxcefliis BD fupra Fp,iii; linca BF,vc| F Gjcri^ 
coca £ G > cxceflUs duaruip maiQrum £ D & B D > iu- 
pra duplam F D , Ae fi vcriQ Uc A^dica fiicric FD, cric 
exceiTus crium proporcionalium videjicpr E p, BD & 
F D, /i)pra F D minorem ccr. ^ft auc^m conus HEI, 
ad conum H B I , {icuc £ G ad 3 G ^ B G guccm ?ft ex- 
cefTus medis iupra minorcm hk • Conn; igicur H £ I^ 
vcl porcio H 3 1 Ciunc cnim «qiiajcs , Kft ad conum^ 
H B I , ilcuc £ G ad B G , hoc cft cxcellus crium pro- 
pprcionalium iuper minorcm ccr , ad exccifum me- 
Qi<B iupra minorem bisy quod primo cfac ^^monftraj^- 
dum^, 

Proporcip au?em porciQnis ad Hcmifth^fliim comn 
poiica eft cjc proporriQnc ciufdcm ad ie<3:orem , & ik-^ 
^bqds^ HcmiifweriUm . pilcaactir i^aqu^ Imtk HP> 
& J D^:focoQcipiatur Rhpmbos H 1 1 P» qui ob iequa>* 
licatii^m coni H£I &porcip|^is HBi,aB^tta|i$«il ik- 
^ti H&ip. {V(^K3r(io aiitem pomoiiis ai^ ]lhom>^ 
bvitXL > ?el ie^rem > eft ea^cm awB iitiee £ G ad Jii 
neaiQ £Pi ikbsris vero ad H^ifphjcttum ^ racid 
B G ad fi D » Sunc enim in ratione lup^rficicrttm iua-^ 
rtim > ^ iuperficies in nuione iegmencorum axis he-> 
milphaerii . Pkt>pprcio icaqpe comppiica eft tx racione 
£G:^£D,^ BQadBD. ^ igicurppr a^.icxci 
Elemencprum porcioad Hemiiphjchum, UGucredan^ 
gulum ex E Q in B G , hoc eft exceisu crium propori 
cipinalium iiipra minorem tq: ia excefliun medix iu- 
piamixibreii^bits>^adffe£buigtti|imex EDinfiD^ho^ 
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eft ex maxima crium propoitionalium pr2cli(^rum> 
in mediam earam > {icucin propofitione enuaciat,um 

fuic. i - L 



COROLI-ARIVM. 




Exhoc apparet quod fieri poflitporcio> qute ad 
num iuum nabeac racionem dacam maioris inxquali* 
cacis modo non excedac duplam , 6c quod iem per ma^ 
ior iic quam ieiquialcera . Quod autem proporcio 
iemper maior iit quam ici^uialcera> iic demoniiracur. 
Iine<e enim £ O > B D > & F D iunc proporcibnales > & 
exceiTus earum £ B &; B F ^ in eadem racione j B G ve-< 
ro eft dupla B F j ii igicur conus conilicuacur xqualis 
porcioni iuper eadem baii > excedec iempei: coniu3L« 
porcionis parce maiori quam dimidiit > & ideo porcio 
adconumiuum maiorem fiabec racionem qaaai ici^ 
quialceram . 

lam ii daca iic ratio > guam habet £ G ad B G > ini 
qu4 Qporceac inuenire porcionem ad conum/uum» di- 
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^idatitr B G bi^triam in F > ^ iicut £ B ad B F i it%j 
^uA dvLQ aliic linea:>(]uaram diflerentia iit £ B ; hoc ai|- 
iem fieripoteil . £t hocmodo inueniemus centrum 
H^milpnaBd j D > & portionem H B I ^. 
- jExdemaniilratis etiam apparet quod ratio GB ad 
B£ fit eadon <]uafn ha^et quplum quadrati HG ad 
«madtacttflt-H fi j & ^uod portip ie habeat ad conunu 
tuixm',^]cut duplabi^vnacum iphxric^ iuperficic-^ 
portionis ad diipiam baiins . Cum enim tit £ B aa 
BF in ratibne duplo; ED ad B D 6: G O tanguanu 
f naiifi retic iicut £B jki EF > ita duadracum H B ad 
(^uadratum H G > & ad pofteriorum dupla , iicut E B 
ad B G, ita quadratum HB ad duplum guadrati HG, 
& permutarido &c. Porcio aucem ie habec ad conunij 
4uum ficut E Gr ad G B j hdc eft compdhcjido , (icut 
quadratum HB vna cum duobus guadratis H G ad 
eadem gUadrata H G . £t hoc verum cft in omni por-v 
tione i etiam maiori ^uam Hemiiphsrium . 

PR,QPQSiTtQ XX%I. 



£^ce(Tus. Cylindri cpnflitu^i fuper bafi ^ 

, circa axem Hetniiphserij > fuprs^ conuii\ 

.tedan^utii mtodm CylindfO, ^qua- 

Ife eft Hemtfpiiafffo $ ac fo^^ 
fid^ills pairtibus Heiflifphserij inter ea;- 
l ^empjsma ybic^uqqueipterceptis aqiia; 
lea^erunt* 



Vide infra 
poft prop. 
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HAE C PropoAtio eft coniedarium ad iepcimam 
iiuius> in qua agicur de zt^uaiitace exceisus Cy- 
lindri iupra Hemiiphsrium ad conum red:angulum ; 
Ss probacur quod excefTus ille iip;£^ualis eono red:an- 
gulo inicripco Cy lindro -, & quod fmgulx parces corre- 
ipondences fingulis parcibus incer eadem piana parai- 
iela {inc eciam a^uaies ; vnde eciam iequebacur pro- 
porcio ieiquiaicera Cylindri ad Hemiipiia?rium: In iiac 
vero demonitrabimus f^uod eciam demoni^ari po~ 
cuiilec in di(5b o(3aua iiuius /zquaiicacem Hemiipha:~ 
rij Ss parcium eius ad exceifum Cylindri iiipra conum 
re^^nguium. 




Sic igicur Hcmiiphajrium ABC,&Cyiindru$ EC 
fiipra baiim & circa cundem ajcem cuni hemiiphaBrio , 
& in Cylindro iic conDsfedarigiilusE D F, inuers^po- 
{icusad Hemiiph^rJumi&^iccenf ur bmnia duobus pia- 
nis I T & K V , bafi hemiipiia^rii paraileiis j iciiicec 
tonus in L , Q>_& M , S j Hcmilphaeriuiii in N , P , 
& b , R i & axis eoriim communis in G & H . Dico 
quod cocus eixceirus Cyiindri EC, iiipw cQttum rc- 
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6i:angulum £ D F > ssqusdis iic Hemiffkauio A B C j & 
quod /ingulxpattes ungulis pdrtibus correfpondencef 
incer. eadem plaha parallela , iijfit inter ie ^qu^l^^ • 

Ad demonftracionem verdvcemur eodem arcificioi 
iquo vd iumus ad demonftracionem iepcima? huius . 

Cum enim quadracum radij Hemiipha^rij BDin^ 
omni parallelo vcdique du.(^o > iica:quale duobus gua-j 
dracis radiorum circuiorum a iediione fac^orum > vide-^ 
licecinplano IT, quadracum ex DN vel BD (iuhc 
enim a;qualiaj a^^uale eftduobus^quadracis-ex NG, 
& G D i G D vero xqualis eft L G , igicur quadracum^ 
ex N D , ajquale eil duobus quadracis.N iG &.I. G j Cir- 
culus igicur £id:us a radio N I) vel IQ ( iuiic eninu 
itquales ) xqualis eft duobus circulis fkdiii a radij L G , 
& N G . Sed cif culusex radio il G > eft eircuhis inC^- 
lindro fedus ex inceriecSione plani I T rf irfulu^ yero 
cxradio LG>eft circulus in cono re(5tahguIo j deni- • 
que circulus ex radio N G , eft iri HemiipIia;rio fai^us 
ex eidem inceric^ioiie plani 1 T . Rurlus tcittuliis ex 
IG radiojXqualiseftduobusciiltulii exl'^ijfi.LG,& 
N G i eft etiam ^qualis circulo ex L G vna ciun excei- 
iii, icilicec eo quod fa<Si:um eft ex parce I L , vnde cjccei- 
iiis ille sequalis eft circulo ex radio N G j exceflas igitur 
circulifa<2i in Cylindro E C iupra circulum fa<3:um in 
cono re<ffcanguIo E D F apquahs eft.circiilQ j&,<9» cx ta- 
dio N G in hemiiphajrio A B C; Idem dempnftjfabi»- 
tur in circulis fa<3as per incerie^onem piani K V i fi^ 
in omnibus planis bafi A C parallelis,vtcunque incer^ 
iccantibus Cylindrum , conum re<^nguluma&.H<jr 
miiphafrium . Vnde per lemma antc prop^fitioneih 
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7.haHi$ ^ppitfct>quo4 totos e)fiM^$ Cylindri EC, 
f&pta oyi^tfm rc^ngultttA £ D Pv^t^iiali^iic Hmif- 
pHacrto A B C j & <^uod (itt^la?^ Mftej <iiii|cl^tw , Cii* 
gtilis partifetes4i^ Htt#»i!phitHi coitt:feQflcJcnce§ in- 
fcr e wtfi planab fiftt *rt*rti itgftdte$ j itilK*^ t^ftocf pit^ 
Cylindri Aotatali^^is H.MIC, Sq[Ty,*quifi« fic 
parti Vhr^^arij O N P R } «a fic fet totum j i^uod 
dcmofiftraitdum crat , 

pROpositroxxxiL 

Si Hcmltphfl^f ium fedum fuerlt vtcunquc 

pUnq ;id ba6ai paroUelo i & r^ut ^m 

Henfiiiph^rijad aX^tn fegtneqti, ica fue- 
ritaKi$ pprtibnis a<) fecuadam,d( fecun- 
da ad tertiam ^ Portio ita ie habebi( ad 
; Hemi^)twfriuT0 1 ficut exceffus, quo tri- 
plus 9Xts eius excedic tres prjrdida$ 

proportionales ^ dup(um axemHC'^ 
mi^haerij , 

SEcc^ur enini Hemifphar iurn ABC Vicugue plano 
F C^ 1^4fi A C pafaftejo , iecJift^e axcni B D in H : 
Coficipiatur iam Cylindrus A N ivLptt ba/I hemifpha?* 
Hj AC &sineac{eniaicifiKlinecpnuifuti]3,^incoin- 
i^riptut;coftusre^ngu|us EDN inucric poftus Hc* 
ifti^zrio j qui ctiain kdd fint plano F C, Cylindrus 
^ilitct in F $^ G > conu; retfbngtdus in I , & K > Hc'- 
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mifjphaJrium vejro in L j & M. Ti3t iam linea OR: 
arqmlijs axi Hemiiph^rij B D , & P- i:qualis HD j & fit 
ratio OR, ad Q^cpipk eiusujuam ' habet ipfe.OR ad 
P . C^re' fiout conus E D N ad conum I.D K , ita^ 
ericliriea OR adlincam Q^& /iibdudl lincit Qjib 
OR linea, reliqua R >erit ad cotaih O R ,'iicut triin-^ 
cus coni £ I K N ad conumtotum E D N'. • ' ^ i , l 
: Rurlus iiat linea^^ 5 T «qiialis tripla? B H *> m Qvd 
fubtradkaparte T «ba»ili.>lineae Bi t reKqUaSierit.ad 
tocam S T , {icut e::ecenus C^IindiriE Giupraiemiicttm 
coni E I K N i hoc eft.Jicut poctio/L B M, aA Gyhn- 
drum E G . Sed Cylindn;is E G eihid comtiniED N > 
ficuttripla BH ad BD,hbcflilificiiccQtaiST-ad to* 
can^O^R i Ex xqmli i^kvii eiiicitdadlineai^Stadlcptam 
OR , itaportio L BAI^^^-coa^ntEDN . ••HinUiph»- 
rium vero A BC eft dupluin boni £ D N^ gtife^ por* 
cio L B M -eric aci Hemiip^sriumL A,B C^yJ^txjii liniea 
S ad daplam iiotiasO^') ' 'Sedtiijicaj )fi.<vvc^l- T , feft ag* 
gregacumtrium proporcibixaliuili ^ou^rum.B H ma« 
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tixai iutAtioDc BD ad-DH^ (Juod iic probabimus t 

Sit c^ifli ficuc BDad:DH,ica FH ad H V,& HV 
adVXjdcqnoiiiamcftficutBDadDH^ ita BH 

ad.H Viccit pcrmucaado fibuc BD ad BH, ica DH 
ad H V $ ^ pcr conuerlf ohcm racionis {icus; B D ad 
HD» ita>iDadVX>: Icetum cum flc ikut H D ad 
VD, ica H*Vad V'X> cric pcrmutando & pcr coa-» 
lact/iosi^ot racfonis (vtftiias) ficut HD 9d VD, ica 
Vh «dXD* Q«ar^lLmt>9iiatacriinc«e<coocitiuepro^ 
parcioi»aic$BP»fiD»V/Di&XD, F;»(aa tft antcm 
QJindatin tripia ratioiic, ( &idcO <|U»ca pr()pocciaQia^ 
lis) iidi lameani) OM^f eiu$ <|inMn liiaixt M. P lineam , 
hoc dl in. cripla oacioiie ad axcm 9X) , ci]i$ quam iia- 
bccipflt BDm HiDakcm iegicnctLci./iunc.cnim ^^qua- 
lcs B;D,,0R, AHD, A; P*; jQi^ qw|uali$ cttii- 
aee XO^cumlfincflocnbcinie^cna jpacicme ad azcm 
BD t dcd«i4is %ituc ck ar^wiibUs; JJ D «C OK, xqitn- 
Jibtis Q&;^i^4<<}ii«riiemaJierpQrs R s^aiis eric par*^ 
ci jBX» Igiturpacs Xaacjm^etum cric BX, aggre- 
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gaCQ mw JmcJirum pr-Qp^i^ion^lwai 3 H ^ f«| y , ^ 
yX, iinca verp ST §ft^ua|i§ rriplr BHj gii?ro 
parte T dedudUijjca S ?rit ^equali^ e^^ce^ui guQ tri- 1 
mus axij pprtionis L B M excccue tres illas proportio- 
iiiile$ , guarum maiwcil; ad$poicionisi Katio igitur 

poi^iohi^ #4 Hpmilpb«rium fift flcut liaea? s iu| <lu- 

plwn 3 D ^ vd ficut e^ceiTus triol.^ 3 H iuprg WC5 jpro- 
pQrtioQ^cS; (eu lineam B X ^ ad duplam nx£m HemiP 
phsrij > ouod erg( dcmonftrandum , 

m 

r • ' 

Hinc iecjuitut quod data radonc jcgmftorum ascis ^ 
data cil etiam ratio portlonis ad Hcmiiphscrium : In^ 
uentg enim ( ex ratione data B D ad H P ^ \^^ B X \ 
Vel aggrpgato trium proportionalium^Quarum BH 
m^ior i & 4?4u<5):a 3 X ex tripU B H , mani^fta erit 
linea S ) qux ratlo ^ ^4 4uplam ^P, efl portionis a4 
Hemiipha^ium t 

PR0P031TI0 XXXIII. 

Sl iiiper c^dembafi Sa circ^ euQdem nxem 
conftituta fuerint Hemilphseriura <& Cy 

gulu$ inqers€p<>«tusHemi^h$rrio;qt«f 

<)mn1a fcfla fuerint ytcaqque infra C0in- 
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HEMISPHAERIVM 



Goni plano ad bafini parallelo, (acient^ 
circulos in Hemifphaerio , cbno , & Cy- 
lindro ; & fi (iiper circulo in cono pro 
bafi cbnftituatur Cylindrus alter» & ter* 
tius fiiper circulo fado iii Hemilphi^rio, 
circa partem axis inter pdium Hemii^ 
phxrij & planum iecans : pars Hemif- 
phserij dempto Cylindro fado (uperfe- 
dione coni , a^qualis cR paiti Cyiindd 
fadae iuper iedione Hetnifphaerij, dem^ 
pta parte coni in eodem Cviindro in- 
tercepta» . 





Ic *ieifti(pfia£rittm A B C , tcflMrtfm jy i "ixis: B D i 
.^iiipcr cadcm.baii' licp[ii/fthjppij. A C confttfua- 



cdnus rc^nguIus^F t)<j , cuitls & fecmilphirij fit 
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HI bafi AC paralMum|cwns|»q!jffbhaTii|Tnin L, 
& QjCpnum rcd^neujfum i^ K ^ N,& axcm cpmmU'' 
laem in M : conftitnator cttam fiiper circulum fa^m 
I in cp4o JC N Cylindrus O N , & |upcr ^irculum i|v# 
Hcmi|ph«ptio L Q^Iittdftts P*^ bicpparr^m H^- 
miipb^ij A B C /intcrccptam jn CylipdrP PQ-dcm-. 
ptp Cyliiidro O N , ^cilicct qu« liptanir Jitffis £X K i 
N$<i«<jualcmcflcparticiu/c|cm ^yliadiri itn^ ca- 
^m plana f d^pto cono rc<Skangulo ) intcrceptjc, 8^ 

fignatat |itcri§ L T |C > N V Q. Tranicet cnim pfanum 
Dcr TRSy, quodfit T V > & ^MC^tur iinea tl): 

£t quotiiam quadratum LD cquale pfk quatilratis 
J. M > & M P , quadrat um vcro H M ?pquale pft ijldcm 
quadrapis *, linepr cnim Omt ^ouales ) fysit c^iam amua- 
lcs linea; K M & M D j (^adratum igitur H M «qua- 
ie cft quadyatis I^ M & K M * Circ?nln$ vcf^ ^t r^ip 
H M ; noc f ft cttct|ins in C^Iin^ro f C , ^qualis cft cif- 
tulp C3C radip L M * hoc eft cifeuio in H^iniiphcrip 
L C^v|ii cum rcfiquo fii^o tx p?n? H L j» q\|oa igitup 
fjivkum elt cx partc H L awraafc f ft clrc|ilo f#^ cx ra- 
dio K M i afqiialis igitnr ctt Cy|in<irUs ON Cicccflui 
CyJindri FI lupraCylindrum P<y^pccftlplido inr 
cauato conflituto iiiper ?xcpi|U ^rcaTi H ^ (^m dr^-r 
ium L Q; dcmptis igitttr ex ^qualibus , Jcilicct«t par^. 
ce Kcmiipii^rij LRSQ^prte Cjrliadri ON » a<h 
tata. ii^eris K R S N > & ex ^cefTu Cyjrndri F I iupra 
cruneam coni fcdaagnli F K N G , pane ezcauaci 
ioiidi tipuci iitefis H T , £« V 1 > quar fe(iquic iunc 
paf ces Hemilphaeri j & exceflus Cyliiidri F^ iiipraco* 
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num retf^bangulum incer eadem parallela plana iunc 
imec iea:quales>quod4emonil)t^dumerac. 

i' COROLLARIVM. 



Mulca aik cx hac demonfbracione occurrunc cixau 

- - ■■ . . ■ . 

asqualuacem.parciumiquemadmbdum ii ied):io fiac iu- 
pra E , ycppce in plano T v > criinc parces F P T , & 
O R B > incer ie squj^les iciliccc in Cyiindro O N > & in 
reli^quo , vel excciTu Cylindri F I iixpra Cylindrum PQ: 
Similicer & pars LTE pary ERK,ablaca, communi 
LEK .'Icerumiiprodm^^ifuerincCylindrusac eciam 
cxceiIUsp,ra?4i<3:us vique ad baiim A C , manifcila crit 
aequalicas incer parcem KZD & exceflum LAX ex 
dedu(3:ione .-Equaliujn A H L, K M D ; quod neceiTa- 
hum animaduercifre duxi t - 

4 

Quod ailumpcum fuic in fine CoroII. Prop. 5 o. fic 
dcmonftrabicur . Daca cnim fic £ fi diilerencia iace- 
SMtn recSbnguIiqusiici , &j(a^io laccrum f?c £ B ad BF> 
cx quibu5 fiac rc(5bngulum E F i Ducacur iam diam c- 

ccr E F>& producacur quaoc^m r^^ r — :;- d 

opu^ y Produ<f^o cciam Jaccro 
EB,diuidacurangulus FBiC> 
bifariam Jinca BD> quo: quo- 
nianianguli FEB, EBDiunc £ b . 

minorcs duobus rc6tis coincidet cum produ(3ra E F ; 
Concurrancigicurinpuii(3:o.D, aqiio dcmiccamrpcr 
pcndicufaris D C ad pfoduftam E B , & complcacur 
rciilangulum ED. Dico lacdra EC, & CD> cfle la- 
cer a re clangul i quxfic i : 
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-i£ft cmin fitiit EB ad BFjfifa £C 4<dCJ?, & cft 
BC|i.»flaalis CDj Igicur EB.cilcioefTmlatcm EQ 
iupraiacus C D> ;&llCe(5buigul^m £ D eft quod qu«e- 

JcbiicUlri .; . ,, / . . 
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' " fi^' maibr •Mcmifph^rio , «qualfe Trun-' 
cum coni conftituere fiiper eadem bafi, 
& eiufclem altitudinis . 
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Sco porcio A B C , /uper bafi A C, in quo infcri-, 
bacur coiiiii A B C , iiipa: eadem bafi. £c quo- 
niamcohus ie habcc ad porcionem ABC,iicuc du-' 
^lum ^uadracum AD,ad^idem;dupliim ^uadxacam 
vna <?um quadracQ A B : propordo, verq Biuidcm coni 
A^C^-4d cruncum du«iirum,eft iicuc lines ADj 
Ad ttcS^oncihue proporcionales,. quarum A D radius 
baiTs mmoris, prima, .&. HB radius baiis minoris^ 
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ficunda > EacUm veratiricratiaraifijf ADad comndG" 

cam ejc oidem A D» wil cum rei^ui$.diiaba& mopdr* 

eiQiUiUiHM;> (iaa^d,upli qm^Jti A D>>dd cbmobfitttm 

ex eQdem duplo quadraco vna cum quadrato A E. Fiac ' 

itaquedcuc duplum quadracl AD ad idem dupluiri:^ 

vna cum^j^ufairoito A Bi itiltnaa-A PM iiactim E F $ 
gua? diuidacur in pun(3:o G , vc fit prs E G «gualis 

ti;g5 lin^ cQjfjtiAue proforticm^Iw j«8t|>fr ptin<?fun» B,. 
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trafnfeat plaQum hzG A C pjrallelum, in quo fiat ci«^ 
culusexradio a?quali Kneas GK , cuiusi centrum B^ 
qui fit circa diamecrum H I i & du<9as lineisi A H , I C>. 
concipiatur truncus coni A H ICiDicohunq a?qua* 
lemcueporcionl A B.C . 

Quoniam enim triinct» CQOt AHIC ie iiai>er ad 
eMium ABC,iupci?fladcm ba£iAC a^citticiem alti- 
eudiAis BD,ficuc tras:itiieflecQaciQae:proporuonaIe& 
JAiaciancradif AD adrqdiism HBi hoccft iicuc li* 
ofca E F ad lincam E G , vei A D* ^ ilccnim per con' 
^udtioaem h£tam eft > ^ eric permtt!;»ido dcui: A D 
«1 £ F, ita conus A B C, ad trvwcttai coni A H 10 i 
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Sed £a(fbim eft eciam ficut conus A B C ad poitionem 
A B C,ic9 A D lin^a ad £ F Ijiieam >£x cquaii igicur (i- 
cut Conus A B C ad truncum coni A H I C ^ ita idenv 
Conusad portionem A JB C. Aaquales igitur ihtit trun> 
cusconi^portio iupereadembad&inea^em aJicitu- 
^ineconftitutij^uodfacienduQierat, .. 

S C H O L i V M. • . 

. ■ ■ - » 

Hic obieruandum duxi> quod nulla fit portio jfpha^r 
rs pr£terqu£»m yna , cui non confticui poilit truncu$ 
Coni iuper eadembafi & eiuiciem alcitudinis cum por- 
tione ) xqualis i H^c autem poptio eft > quando axis 
IphaEraE ie<f%a elt> vt ut pars maior ad reliquam tripla^ \ 
vnde quadracum partis maioris eil ad re<f)singulum ex 
parcibuS) vel ad qu^atum radij bads portionis/in ea- 
dem ratione icilicet tripU \ 8c tunc poroio ( cum (It ad 
conum luumjiicut tripium radij baiis quadratum vn^ 
cum quadrato axis , hoc eft iex quadrata , ad eiuiHem^ 
diio duadrata, in jfHtiosic tripia ) erit triplaconi & id^o 
.-equalis Cylindro iuper eadem baiG & eiuidem altitu- 
dihis conlHtutQ : Truncus igitur coni non potefl con- 
fticui ei aiequali^ iiiper eadem b^fi & in eadem altitudi-r 
ne. Si veroie^ fueric diameter ipii^ra? in maipri<quam 
triplaracione^aetium, etiam Het^ipoted trunciis coni 
maiori.portioai a9qualis>ied baiis poi^tionts erit minor 
badstruiict , quod lic dcmonftratur , 
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Datae portiofii fj^bxrx^ quae habet ratio- 
nem <}uadrati axis ad quadracum radi| 
bafis maioretti quam trt[]flam, Inuenir^ 
sequalcfrufium coaUiu(dem alticudinis» 
& (iiper eadem bau . 
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Slt pottio /ph(waf A B C , ^is B I>, radi us Ufis ADi 
&c £x ratio qua^raci B D adtfuackacum A D > ma- 
ior quam tripla -y 6i inicribitur conas A B C ^ circa^ 
eua4em axcm BDi&lupercadcm bafi ACj^c cumi 
not^i iit proportio cbni A B C ,^ portioncm- A B C, 
fiac Ac iipea £ F , ad £G linfeanir^erit Ei^imaior 
quatn tripla EFjquoniam por-eio: iinaior cft>.quam« 
tripla coni inlcripti : Diuiciaturiaiii-FG ifi .HjTt-fint 
E F, F H> H G, concinue proportionales j & du<^o pla- ' 
no per polum B parallclo bafi A C , in co fiat circulus 
ex radio B I , in ratione ad ADjiicut FH,ad EFi& 
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i^Q^ Imeii' A I >• fiJO , ^mnippiiiair AI J£C . eruiictts 

•iCuunr «nim fa^2^ fiirfict|rfWls<A/B^Q^ portia» 
nem ABC, ica EF^ad £G> i^dbimleft Seifiamiicus 
F H ad E F , i^a I B radius baii$ maioris ad A D rgdium 
minori^ji^llfi» tviiyci cfiHiri^l^Qy.^ <j^oiiiiain Coni 
I D K , & A B C habent bafes liias cx ijiclem radijs icili- 
cet I Bv & 4 D & eittldem aititndinis ; crit Conus IDK 

near H G ad lincam £ F , ex x<]uali eadf m j^jj: jro- 
portio Trunci A I K C ad Conum ABfrjr^ifaffmea? 
E G ad lineam E F j &pcrmurando {i^ut E F ad E G, 
ita Conus A B C ad Trunqum coni A I K C . Se^ per 
conftru(^ionpm faj^ ? ft E F" ad*E'G /icut Conus ABC 
ad porfionem iuam A B C Acqiiales igitur iunc Por- 
cio A B C , & Truncu$ coni A IK C> c[ui confticutus 
eft iixper eadcii^ baii & eiuldeni altitudinis, Quodf^-^ 
ciendum prop6n?batur , 
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QUi fuDitt ridi j iiaiibktt cduiiciiiSi cnriHdnpolqkitdii^ 
iint a?qu<des Trdca^Cdiit^aaia^-oiim^iibtK 6cucjDrc$'pO:* 
pot^idtiain in |:atiqnd ndifinim Jbi^4]m/tiiiiiiqi>ad'ma^ 
^ini^ttn^rar^im ,>itaiiinkiictif coiiiir A'liCC idrCenaou 
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xnam earuin m casiem Tatianc. Cbiife<piturjsrj^o gaod 

cres cotii^icilicetGoi^aalDKj AB^' j &altev gui iic 
meiitusipropcimoaa£i9incereoSi.iJLiic xquales Xirun> 
coGoiiifAlKC.. 
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Truncutn cohi iiifcribfbre GyliadrQ fcper 

' ha(beat;'adCyliddrinnratioiiemdatani. 
Ratid ^utteih deBei ^clftiaforVqiiamj 
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SIcGyiindm AiBiCiiiusajcis ^P^ &i^ru»^daca fic 
^eajquamiiabeciioea^ELiaJJineam Gjin 9ua_» 
conilicuendus iic tnincus coni^adC^ciindniin A3 - 
-r.Quoniam. YeroFL maiof leib-^uamiCerciapars ii" 
cre£D iG,^bicindfc.cur ab ea pars.f ^H^irquaiiscerciv.pai:- 
ciciuiciem>di dioidatur r{^iquaxia:|yufu9» Kx^vc/iioc 
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FH> axl.HK>icaAD radius bafts CyJijticiiri ad C I » 
piQ FadiQ bafismiqoristriuicii ck igtto 6<3x) drctilo cirr 
ca dianiecrum IM>& daOtis lincis AI>M£> cpnci^ 
piacarTrancusconi AIM£, Qucm dicobabere ad 
CylindrBni dacuoi A B > racioneni d<i^ain lineer F L ad 
lineam Q^ 

Quoi\iam enin> fa<3:uni eft iicuc F H ad HK > in^. 
A D ad 1 C ; eric ficuc F L ad F H , ica Truncus Coni ' 
AIM F/ad conMOt AC5. Igitur ficuc FL ad cri- 

I plam F H > ycl lineam G i ica criincus A I M £ ad Cy- 

I {iiidrum A B > ^uod ^cieiidum erat . 
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Simiii proruis(nddo>CyIindrocircumlcr[bipoteft 
Truncus^oni in Mohedaca . Cdm enini conus (uper 
bafi minori crunct ^piuicid aUi^dinis fiptilctitminor 
crium prQporcioQaliuni a4 crej^propo(cioAa)q ilmul > 
ii^ racione |-adij minoris baf»|> ad radium maiprisj Cy- 
lindrus yero fic criplus eiufdem conij habebi^ rationem 
quam habec criplus radius minoris ^ad cresdii2as pro- 
porcionales . Sit igicur racio daca linea: A B ad lineam 
C , in qua circumicribendus (ic a Truncp coni Cylin- 
drus daitus s &t'in A B iumacur pars A P •f^ualis cercias 

parci ipfius C, reliqua a ^ 'p e ' • ^ ^ 

vero D B diuidacur in 

E,vciinc AD,DE, C • 

£B •cdneinue propotioiialef , £( qupniam AD ef^ 
Cercia paisilinese C > eric cruncus <;oni quaciicus a^ co- 
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num iuper minori bafi, fiaiCitota^AB ad AD. Fiat 
igitlir iiciit AD ad DiE, itafinijdms fcaCs Gylindriad 
fsdium bafis maictt^is Xran«;i:; ($£icx>mpleaturexiiis ba> 
{ibus circa eandcm diamesDruni Cyrllndri Truncus co- 
nij-QuEiii dico haberejednddm.isreioftem.acf G^^ 
drum dacuino quain iiahec dinea. AB:adiiHeam*(f v 
Demonllratio ex priecedentibus , & coniiiri&^^oiifi^ 
conltai:, - 
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: Siin Trunco.Ccmi confiitutus fuerit Cy^ 
lindrus fiiper ba(i minori eius, & circa-> 

• * ■ ^ • ■»• • • 

eundem 'axehl ; erit exceffuls trunci fii- 
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pra ivyunarum aequaiis quiqatiY f^onoi- 
di Hyperbolico , cuius vertex efl cen,- 
trum baiis minoris trunci , al ti cudo ve-i 
ro eadem , & cuius genetricis Hypei-- 
boU aiymptoti iunt in lateribus eiuf 
demTruQcK 
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SVperbafi A Brconftituaturtruncusconi ADCB* 
cuius minor baiis iit DC,eiquca:(}ualis.£i(^ Cit 
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.G H i & circa axem E F truitci & bafim . eanjlem G hi 
concipiatur Cy lindrus G D C H .• .Dico exceiTum trtinT^ 
ci ADCB iiipra Cylindrum cG D C H asqualem eflc 
Qonoidi cuidam HyperboJico , cuius vertex pun<5hini. 
E, & Hyperboia? ( a cuiu^ reuolutione ia«^tim eft 7. 
a/ymptoci fint in lateribus ipfius trunci.Secentur eoim- 
omma plano per axem j &baii A B, parallela ducatur 
liftea vtcHnque L M , iecans axem in N , 5^ lineam DG. 

in P pundfco . 

Quoniam igitur linea L M fc(3a eft bi^riam in N , 
&non bifariam in Pj crit re^ngulum LPM vna_» 
cumquadrato PN zquale qu^rato LN.-quod cum 
{itmaius redrangulo L P M j fit pars cius.Icilicet.gju^ 
dratiim ON,ci ajqualc ; quadratiim igitur ON viia 
cum quadrato P N , vcl D E fimul , «equali a liint qua- 
drato LN; Sed quadrat<K,*tiani ON vna cum re- 
(fhngulo LOM j «qualc «ft idcm quadratum. L N j 
rcdtangulum igitut L O M^ «qualc cit quadrato P N, 
velDE. ■ ■••'•;. ; ■ / 

* Si igitur ih pTancr j)cr axcm circa tliamctrum EF, 
pcr punda £ , O , du&i fuerit HyperboU V^fifquadra- 
tum DE «equalc qviart* parti figura?/^per totunij 
quadiilatcrum A BC D , vbicunquc.ducia ruerit Il^nca 
LM ^fquidiftans b^fi A B, crit redangulum' ex parffe 
incccccpta intei; latus A D & Hypcrbolain E O I ia» 
rcliqu^m , seqiHiIe. quadrato D E , vel qp^M-t* jparti fi-: 
gurae . Vnde conftat quod ii cx radi js O N,& P N,vbi- 
(• unquc lumptis Hadai fuerint circuli, erunt ambo (imul 
a^quales circulo ex radio L N . Sed & circulus ex radiQ 
L N ajqualis ett circulo cx radio P N vna cum excci- 
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(li qui 6x exparte L P. Evc<;flu§ igiturj gui fit cx par- 
te L P, «qudis cft citcutc^^i^aeic radio O N > Vndc , 
pef ca guar ^cmonftrata iuri^ erit cxeciRist^uncicdni- 
ci A D C B, lupra Cjrliftclrum G C, hoq eft corpus il- 
lu<l*^blidum 6<9:um ^x r^uoUttionc triangqJi A D G j 
citca axtm E F , Jtgu^tc Conoidi Hy pcrbolico lE K . 
Quod aMtifeiift latera At),CB,frnc ibfius hj^-pcrbolael 
afymptoti; mantf^ftum cft ex dcmonftijatis ab Appdl- 
lonio Uj^ro iccundo cQnicorum . 

PROPOSITIO XXX vnt 
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Si iri CyiindrQ infcribatur circa axetn eius 
Conus qui non (\t redangulus verit ex- 
ceiTus Cylindri (bpra CQnum t a^qualist 
Hemtfpha^roidi circa eundecn axem.» 
conffitutoi^ & Hngulae partes ^xcefliis in- 

ler eadem pUna interceptap % sequales 
eruntfinguliseiufdem Hemiipharroidisi 
parcibus intere^dempian^^iacerceptis^ 

• • • 

SItCylindru$ AE, cuiUsaxis/B D» &fuper bafim 
eius A Cs6c <:ir<;a cCidcm axcm inlcribatur Conus 
ABC goinonfit rc<aangulus;{i ^mm h^rkre€tah- 
julus , tunc excefliisCyUndri iupra CQnum «qualis cft. 
lemifph^rio , vti iam demonftratum eft. Dico iam 
txcdTam Cylindri A E liipra conum A B C , atgualcm 
cfle Hcmiiphantoidi cuidam conftiituto /uper bafiFE 
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& cuius idem flc axis 6 D . 

Secentur cnim Cylindrus & 
Conus plano G H ad bafinL»Q 
A C parallelo > vtcunque per 
axem in puntfio I > & modudto 
a jce iii Kx yc {ic B K a?qualis B D, P 
fiat Jicut retfbngulum KBD> 
vel ^ciadratum B D> ad quadra- 
tum B E vel DC > ita recSbn- 
gulum KID> adqiiadracunL» 
I L j & erit pun<^m L in EI- 
If p^ : Sedlicuc <jjiadratum B D ad quadracum D C > 
ita iquadratum Bl , ad quadratum I M . Erit igitur 
componendo , ficut redangulum K I D vna cunL. 
«guadrato I B > ad quadratum I L vna cum quadrato 
I M ; ica quadracum B D ad <]uadracum D C . Sed re- 
^togulum K I D^ vn4 cum quadraco B I ; a^quale eft 
quadrato BD : Quadraca igicur. IL , &. IM iimul 
sequalia lunc quadraco D C . Circulus igicu,f ex radio 
DC, vel I H ', ajqualis eft duoSus circulis ex radijs 
I M , & I L ihoc eft circulis fa.Ois in cono A B C> & in 
Hemiiphaeroide , cuius bafis circulos F£ , & vercex 
pundihim D : Ec fic per cocum Cylindrum A E , vbi- 
cunque le(9:us fueric plano G H bafi A C parallelo , 
eric circulus (zOms in Cylindro ^ualis duobus cir- 
culis fa(^$ , lciliccc in Cono, & Hemilphicroide . Sed 
idem circulusex radio I H , asqualis eft circuloex ra- 
dio I M in cono , & excefTu fa<io ex parce M H . Vn- 
de manifeftumeft, qu<xi excefTus per cocum Cylin- 
drum a^qualis fic Hemiiphxroidi^ & quod iingula; par- 
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ces ii»gulis corre(pQA4encc« im aw|uales , ^uo»^ 
monftr^ndUm erat , 
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PROPOSITIO XXXIX. , 

Si m Cylindro Idlgribamr Cqous lupcr ba* 
fi eius; p. circa eutidetiiCyHfldriimcir<' 
cumfcribatur Tructis cqhfi,cuius minof 
bafis fit eadein cura Cyiftiqro Ct cono , 
& fi figurse planar ex. iedioiie truioci ^9« 

t ni & coni pcr ^etn fa£br ^ habeant latC" 
ra o^pofita paf allcla ; erunt ambo ex- 
cefiiislcilic^tCylindrifupra conum,& 
Tr unci coni &pra Cy linorum fimul ium« 
pti,;quales Conoidicuidatn parabolico 

circa cundem axcm 3t fuper cadem b^fi 
cum trunco coni conftituto , 



• I 




Sltcnirh Cylindrus A C , in ^uo ^c inictipcus Co- 
nus B E C i4& circa cundem A C Cylindrnm , &: 
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iiiper bzd eiujclem B C , {" qua etiam eft bafis infcripti 
com ;circumicribatur Txuncu&coni F BC G, ita vt /i 
|e(5li fiicrint plano per axem D E , fint Jatera oppofTta-» 
F B , C E parallcla j {injiliter ^ latcra 3 £ * C G . Dico 
cxcefliim Cylindri A C iupra conum BEC, vna_4 
cum cxc^u trui^ poni A B C G f upra CylindrunL, 
A C , finiul xqualcs efle Conoidi cuidam Par^bolico 
circa eundem axcm DE &iupcrcad^m baii FG con- 
ititiiny.;. pacactir ffnim ytcunque planum i>aii FQ 
paraiieluiii iaciens ia ic<ftione cier axcm lincanu 
H I, iecans vero axcm PEiiii K>Sc |acus coni £ C in L. 

£c quoniam line^ F B >£ C liinc parallejc } aequidi-: 
ftantcsr eciam i unt F £ , H jp > qnare cauaji^ c&Mh ip- 
n F E » idpoque r^di^ngaiom .H L I ad re<5bngulum 
F £ G ic habct ficuc 1. 1 liitea ad lineam £ G . Sed {icu( 
LIadEG,it^cftiCLadC£,&DKadDE, Rc- 
d3!angulum igicur' FE G, yel quadsa(:um £ G , ^ft a4 
re(2angulum H L iyTelad quadracum eiaxfaalc, iicuc 
linea D £ , ad linean); D.K'.. Qufurt. iliii Jincft K I iii^ 
m^cur quoddam puiK^um M,itavt quadracum. KM 
iic 2PquaIc rcd:anguIo HLIjeric puudium M in Pa- 
rabola , circa ax^m ,p £, cuiii^ yeji^:pun<5him D , & 
ordinacim applicaca: fiinc lii^ea: KM, &JEG. Etfic 
per cocum cria^gulum £ C G > ybipunque du^ fuj^rit 
linea p^ralleia ad FG>eric re<^ngu|uin ex parcc iAr 
cercepci dc parcac extr^ ) intcr parailelas F B 9 ^ £ C , in 
eadem racione ad rc<l^ngulum F£ G, vel quadracum 
£G , iicuc pars axis qua: ad yerciccm P , ad cocunxi 
axem.DE. 

Sed ^cdTus qua^aci K I fiipra quadrdcum K L j 
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eft rcOangalam H LI^ ( 6cGcin reliquis> ) ^deii 
concipiancur circuJi fadlii ex radijs K L & K Ij («Se (ic in 
reliquis 0>ni fi £ Q & trudiici F fi C G partibus ; erunc 
exce/Tus circulorum iii traiicoiupra circulos in Cono^ 
incep ie iemper in racione /e^mencorum diamecri D£ 
( icilicec parcium incercppcarum inccr vcrcicem D & lc- 
dtionem ) ad cocam D £ . Sed ica ie Kabenc in Parabo* 
la ordinacarum applicacarum quadraca > Vnde mani- 
feftum eft quod corpus iblidum ex rcuoiucione ea> 
rum fa<fb]m y arqualc eric cxceiTui crunci Coni F B C G 
iupra Conum B £ C j quod cratpropoiicum demon- 
itraro. 



COROLLAItlVM. 

In praccedencibus demonilracum cil^ quodesrceiTus 
Trunci Coni iiipra Cylindrum ae^alis fic Conpidi 
Hyperbolico ; & quod exceifus Cylindri iupra Conum 
nbn red:angul um azqualis iic Hcmiiphxroidi , & iam 
demonilrauimus^quod duoilii exceiTus iimul ilnt 
a*quaIesConoidi Parabolico. Vnde eciam manifcihim 
ei): , qubd Conoides Parabolicum asqualc iic Conoidi 
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Hyjserbolicoj & hemilphsfcrotd» iimui iumpcis » ( iup^ 

piQUCo (|uo4 uruncus Coni Iiabeac poncii^ipnein in pro> 

poficione cleclaracam . ; £x ^up eciam /e^uicur , ouod 

cum H?(*ii/pfc^roidcs iit duplum Coni inlcripci fecuc 

a|b Archimeae demonftrdcur) Conpides hyperpplicum 

(^l Heiiii^haeroidis dttplom > fomnia eni|xi iimul 

iumpca xqualia iuncTrunco Coni>qui iepcuplus eft 

j coni B £ C : ji ac e^iam quod exccflus Trunci Coni 

lupra Conpide Parabolicum zquaie fic Conp B E C; a$ 

quod (ic ie habebic iemperquando diamecer craniuer- 

ia HyperboliBi cx cuius reuoiucion^ fa(5(:u(n eft Conoi- 

; des Hypeybplicum sqaalis fueric axi Eljipfis gene- 

firicis eiiiidem Hemiibhseroidis , & figura? ipiarum fi- 

miles : Vndc per Geomecf iam Indiuifibilium , a Pacre 

Bonaiiencura Cauallerio nupe|: repe|tam > facile de- 

monflrabicur , quod racip ipiorum ^olidorum fic du- 

pla i hoc aucem ftqdipfis rehnquo > cuni no;\^c incen- 

cum meum in hanc meilem immiccere ^lcem : Mulca 

;tutemiunc> gus^ppe huius Geomctriap» £iciliufi i^, 

Jiucem prodeunc > qitam veteri Archimedis.mei;hodp> 

^ idep a Geomecf is noA negligendam cenico . 



PHQPQSITIO XXXX- 

Stintniqco Conj infcrjptuf (ucrit Conus 

; cir<:a cundem axcm, ita yt fi fcQi fuerini 

] plano per axem, habean^ qu^ &da funi; 

in plauQ Jatem inuicein par?i jjcfo 9d caf 
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dcm partes ; Exceffus Trunci fiipra Co- 
num, sequalii critfrufto Conoidii Pa- 
rabolici, cir^a cupdem axem, & intcr 
bafcs ciufdcm trunci Coni conftituto, 
& latera Trapczise pcr fcaioncm faflac 
crunt tangentes ipfius Parabpla . 
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SIcTruncusCani.A B C D^ cqiusaxis E F, & circa 
^eundem Conus G E H, iu conftitutus vt cum ie- 
^ fuerinir per axem > linea; A B > G ]^ >finc parallela: > 
Dico excefliim Trunci A B C D > fiipra Conum GEH, 
sgualem efle frufto.Conoidis cuiuidam Parabolici,cir- 
ca eundem axem &inter baies eiuidem crunci confti- 
tuto ;cuius Parabola;, linea^ A B & CD iunc cangen- 
tes. Sececur enim cam Truncos ^uan;i conus pTano 
peraxem FE,&producancur latera AB,DC donec 
concurrint in I , in quo eciani pun<5fco axis F E produ- 
iftus illis occurraj : Producacur eciam latus. GE iti K^ 
adxoncurfum Jinco: DC produdse -, & a pundo K aga 
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tur 
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tur KS, parallela B C ,. iecans axem proc{u<5bum itu 
pun(%oX: Secemuriamamboplano MN vccunque 
bafi AD paraIIeIo.j (^uodi&ciat communem Ie<^io- 
nem cum planoperaxem lineam MN; in ^ua fit P 
interIe(^o lateris Coni > & O axiseius. 

Quoniam igitur rei^ngulum M PN eftadre<5hn- 
gulum A G D > ob Xdjualitatem linearum M P & A G, 
ficut P N' ad G D , hoc .efiiicuc linea K P ad liAcanL* 
KGjliAea vero KP^compofita eftex KE & EP,& 
liiidaLKO/cxKB &*GjeftadtcmiiaicfcE adEPi 
ita IjE iid E O i Si cbmponendo KP adlEP , iicut 
iLQi^d^E^O ', 6c pennutindoi KP ad L O ydjctit E P 
ad £0:iterum{icarK£>iad-£G,ica LE a4 £F; & 
compdnendo {icut KG ad EG ; ita LF ad EF-j fifi 
permutando K G aid L F , (iciit £ G ad £ FijJ^ead^m 
eft ratio v£ G ad £ F , &'£ P ad' £ O . Qt^ut! eadsm^ 
etiam eritratio KG ad h^jqax K^ ^.LO',6cyan[ 
mutando ficut K (jit ad' K P ; ka Lf ^ L O », iCe(^n- 
nlurn ergo M PN>eft kd redsuigoltint A GD^ iiciit 

inea LO ad line am L F . ' '■■■■ ,;" 
<: iSiigiturinlinea AF iamanup;^'^ F Q^xttius giia^ 
dratum^quale {itt^dimgiilo' AjQX)^i&44ilinea M O 
pars H-O , cuius quadranim:fit;iE^ualdjre^nguIo 
MP'N ; erunt: pan(3a Qj^ & R' >in Pawbdla , cuius 
vertex'pun(f):um L^-diameter L P,B^^ordinatimappIi- 
catae RO,&QF. Quarc circirli,<jifi'fieiltvex reuo- 
iutione parabola* circa axem L F yicouales' erunc ex- 
ceffibus circulorum in'trunco^ni A B C D iiipra<:iri- 
-cuiosiii Co]v> G £H j Qaadratum enim MO a»gua- 
le eft qua dratis R O & P O : Igitur & circulus eic radia 
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tic !^4|»^q iM R t^ ^{ii^ icv^c^eijcrts-.o^AibiisJei^oiii;*-. 

^ccilus T^rQad Coni «A^iBCP lippa Conum.GtH* 
irc|aaUs[ e^;F)-4(tiQ Ci)tQ!bi4is ?ata.bmcU cuius vertex eA 
^iitl^ni '. I,^ W$2if Tptticain; Com A B CD ^ Quod 
|ritn6. clciaoDi^fJniliMi^tyai; i ' .. ;, /. 

. Qu^ autcjii.iiiu?^ ApICI^^iiJirt^n^cotes ciuA 
ijcni Pai-^b^at^ip^^Qfaacitr ^ Cum.^nim Unca S K iic 
parallel<i BE, 6c intct; eaicicm pm^ileloi lioe^ ABt ^ 
■6 K»cri»jeci^. an^aJi^B^^ Sq«1 B.C dupl^jcft B.£ > 
%t^r ^> 4upl2& ;S<K •,^affc let^asnn B l <jiip^.elL .S.I i ^ 
c£ I dupk i L : Cumugicur B..i^ f>rdii\ai:im applicaca 

fitdia(n4crc>lLJ5 ^d: $L.parA|(ohtaj(igen:9 PiU^aManx 
iii vercicc I; >de I L atqu4^&diai]:becc<> X £ i iioea du<^ 
«pun^.I ad £ f ^ peir <x>aiicrium ^./.libri i/^ppolior 
^ij edt cangen^ Pa^abplfcu, JLin?ayej-6 ABXeit linea 
^^ , gUacb . A JB) iiaea , can^ eciam Parabolam in^ 
codem^pUii^iQ B {di ^ccciam. linGai.Q C >.qu6d demoftr 
(^taAdttm erac . 
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COROLLARIVM. 

Hinc deducicur qaod enceths TruDci Cbm A B C D 
iupra fi-uftum Conaidis Parabolici QRBCT (it xgua- 
lisConoGEH, 

Ec fi concipiacur cri^togulum B I C vna cum Panu 
bola B L C in/cripca , reuolui circa axem I E , vnde fa- 
(Sti iinc Conus & Conoide^ Parabolicum > quod Conus 
illefcuiusaxisdupluseil axisConoidis Parabolici j fic 
eiu^em*Conoidis^I^boIicilfr/qaicercius>..= 
t ■ CumcfiimCdnusrSIK iicat<]ualis Cono eac eadent 
bafi&drcaaxem LE^ericetiam^ualisexc^ifiuTrur* 
ct fupra. ConDideParaboIicum : B I C j iedtocus ConuA 
BIC o^plus eft Coiii S IX.i Conoidesigitur IVira4 
bblicum elUexieafUilki partiliin gnarum Conus B i C 
efto^l&ideo ie%iliteitiiis cft Conus fi[ICConoL4 
disParaboliciBBC.J i ;• '. - i -I ' 
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dem axem caiiftka«prJOMiQ& 3^ BCi^X' oflpmhlit 

&£. Secen9trkerbiiiiOft^niip}8hbc.peraxe^ 1 

I^erc ik B iiat pQa<S3 L di M incerieiPiiQncs Hnc^UH 
I DI.^. Gii >cam eo^ecivlker^ {A'Bj:.£)korQ^a^-< 

gulum DIB ad rec^ngulum PICBi,C ., . :• j::i;/l^.;. 
Quqniam enim eft iicut D I ad I B ita A L ad L B » i 

lum D Ilf aate^nguTnri^ PXlB^A^ut rc^igvlum ; 
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wi-(H»ci iJtiw elt. eadfcm qua? j\ L, acl a a^ , oci 
K « ^fe^At*^^i'E'SS(m *y 9.?tt|lfeftg«fo ^A L B. . 
ar^uale eft re<Sbangulum £Le4*iSt)^tlg^Wai3MBi 
arauale redangulun^ GM Hiead^m igitur cft racio^ 

■mdh £1; l^ 4d4«t^6Mdum •O M kk &: fic> <rk Mr^o. ; 
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quft ^nxkt c^^an^uijbl qv^xnemkiaxiuin yiciiiikn ibm-f 

^: i^f /^(^i^i^uiuiii*; O M;H .yn^/ coin : ouadnitb M K ^ 
^qtialc eft quadrato GKs.^Asia^nguIu#i'£|.J!yn^ 

per t^!ipcaiiipoj^ian^axiA BGyTfMcimqiie^ic^ fue-t 
rit ]p<tf(i9 ii4es$ ^sqibs^Dn 'lA G. pafalleli^ijq^aidracajn^ 
ycn)i(^ J^rcft ad ati^fkatum MKi (Icac cireulus cx m* 
dip-QIQ.^dfitcuiufii^caLBidio.AiKi &^^^ £.1 

^dqvadraoifn' LiL^i^ut circuiu$ ^ jra^jjioSEi.ad.xarcii^ 

^.^it3e|citmi6nc c^iic^quf^dm^am^ GK: ^<£Iiu{^ 
qiiacitiiO» iM Kifei LX^i iliiiC pooftktitiiU&i-tmt^u^ 

. . : f itnig^uf qttadu&AivIjhl '^^Ofitc iiedBi]|g|il0:£I^ 
4cqusuimixmKijim^4t^ M^ ^jDiai^ 

iftm p^Ml%kN 4 HiQt^dSt < ifi £llipi|> ctiiiuaiiisW difi 
mctel;ttiinfla!m^.linift> &$)r,i(ui0itiiiinx|bfiLdiiacflr K Q^ 
4& J'|d ttleiadient mitpfif /j^oa itisii iBd^n^|c|ajP'K % 
ie {XU^4^ideo/<aiiD iioovfdiinaop^ appiidai^ssdiii 
43!«r. BA/(]^i»i( iiK>ia^]i^ pbtt^itt J^: irO) Aifaraiiceh 
rea fi du|£ iueric iemieinp^s.cirqi:diiimcvi|IVDfiDt»j 
trandens per pun^N& 0,r(icutaMydorgio libroj 
l^cundo Conicoriim docepfiurw&pmniacirca axem 
BD rcuoluantur i fe(3a eric Portio Spiia:r« ABC vnai 
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citm: Cono A B C > dc Spha»iorcleiato B N O ? <^am* 
6brem > cnm om^jErs cvcuii IiY^ilhs £n3^ per iedaoiietit» 
cuiufiiis Pktii baii AC paralleji^ iiat femper iequaies 
I exceisibus Girculorum ia»3x>rum ia porcione inpra cir- 
culo$ in Coffo ia6fosperei>u^em|>huu interietdaonem, 
necfifliirio fequitur idemipiian^bidesxquaie efle excef^ 
iiii Pbrtionis Spliaeta; A B C iupira Conum A B C^igikQd 
primb erkdemonilrandiira . J ' . 'i/iv 

- r Qnod autem diamieccr B D iir ^mper in bmiii por^ 
tioneminor^iic maiii&ftabitut; &;apparebitqiiiid:dia^ 
mecer akeraerit iemper jcqualisiinejt Ah^ ^^inipo- 
flator enimquod linea AB ikdtz fit bi&riam aiine4 
G H 1 in pun6h> M j-^de .todangulum A M B foretr 
asazimum bmninm 4 qus Qx iigm^is eiu0bm A'& 
pofnttieri ; qiiare etiapi reif^guliun G M H' erk mai 
kimum omnium > qax cx iegmemis linearum ^parai-' 
ielarumbaii AC nent. Scd it^btngulum 'G M H » 
ciom ilt ieqaaie redi)iangul6 A M :B » eiir «quale ^fivi* 
drato dimidia; A B . Quare diameter quse per dimi* 
diam diametri B 0, yeMinda; A B traniibit v erircqua- 
iis toti A B > qu(e maior icmper ectt ^4>mni porciono 
Spbxnequam diameijer BDi&bt^xtdit eaimangulum 
reAum' AD B* Miaor igitur eft diaihece^^D reli<' 
qui »^weperdimidiam BD traniibicr^iidcb Spli«* 
roides eric iatum > quod ez refioiDsion&£li]^p£sl tirca:» 
«ninoreni diametrum BDi Siataai^dk . QuQdieCiam^ 
^emcukibandum crat'. 
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Pra^rniisis tra^^cipQibus de inicriptioi^e Sc circum- 

icriptione Qylin4rp|^rf|,ti^ •^HS^^lpis Conoruin , ncc 
non de comparacionf ^xc^fTuun^ eorum ( vbi ecianu 

jBqualifacem quorund^fn^lolidprum guar ex reuolu- 
tione CoP^^carum ^c<8aea Um g e n ei rttptuf dcm onftra- 
uiinus ) iam ordine & nacura confequens pccurric , y^ 

dem inftijiuatui; fjijlqyifitipi |cj|kcc4s m^ximis ia^m 
piibSi ^s^ fliiijimif pir9mn/cni>e4titufii ^uir qlioni^ 
a oulte f guo€| iciaaij lid^niM tfa<a^af ft,pitm |amc4 
4b:$xcdi[enfi|nmp iS^ erudiciili|fnp yirp P, AifiqhAeic^ 
/Vi^^q. Kiccio aliqua huic ^>ccui«cioiii linieriiiejtiti;» 
acceperim;) QBibus incica(:us > kd amphoresr) iiuiuic^ 
matieri® ipeculationem ^i^ grttiftm ftttdicti^ruhi ej^- 
po|ei|4am incubui; ^ i<^quenre$ prop^cipnes pr£>« 
iencr .nf gQ^io a^^qmii^bdas t^ec i]|iuckitid«8.(;i« adbi- 
ptpr >f ooftrH^i^i t £cqu;oiiLiami(biU4pruili .|.ii^t^<ii^ 
iraci^ eft eadfiti jfi.conis A^ Qriindris >.<)u«.i4 Pyrami-. 
dibii$<S&JPar«iie|epip<;disiiciIicef ^u^ {tCO^^araiJcle- 
pipe4aittntcriplal^^aix>uiuf|i> 911« iupttfi^dedi biii 
^ in eadem alticiidiae iiim , ica ^ C^li^i 'iaric ciipli 
Cpnorum \ & po^niit ib}ida ii^ crjp|ic4c^ xatid«e ki»-? 
rumi yeliineaniin ikemplpgairUauevordiiiteft^uinama 
iei^OQe {inec; re(^ > S(. pftf q4^ <^od inatixii nm.ia-: 
(icium qModfi^fjj^i^gmencis.^iu^il («^«Jines «eft 
qtiandq jineaie^jfjcyt maiu« iegmd:uih^ ^tfpiunu 
minpris) tunc^nim iplidu|n»qupdti( 4quj^4ratp.maip<^ 
jris legm^ti prp bafi> & mino^ci i^gpienco pro ^kicu-h 
liine >,eft maximum iblidum QU04 iieri:pqc«fit &t&g\ 
(nei^i^.eiui(lemfe^lii^e«. I^afiiiiccaEurigitiiC;.. ."■ 
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r Sitreaa ABftafl'bif?ifiafmmJ)tfna» C,&i 
I ia paii^s H, &r D ^-crlfariaM , & iumatur vtcuiiV^uo 
pun(^m E , guod km' ponamus in paitcm H D ca- 
Aetc 7 ( tr45 dlim iunt caiiis t icilicet \A g uando £^um- 
pnim: piiiidimv c^tdit intra terminbs line£ HD>vel 
«xtra eos >• vel in alterutrum horiim piindhMrum H vel 
i D ji&ifiMi ficttt A D ad A E , ita A E ad A F j &eriF fi- 1 
cUt AD .ad A £ , ita D £ ad E F . Dico redhmgulunL» 
I FE B 'maius eflc dupbiisrecbngulis C E D , C D E . 

Quonlam enim C E minor eft quam C D i C D ve- 
tb dimidta D B j«runt C D , C E flmul iiimpta» mino- 
res D6>3sideo re^ngula CD£,CE D minora rc- 
aangulo ED B i Sed eum fit F E aid E D , iicut A E 
id A D V crit rc^angulum cx A D in F E , aequal^ re- 
dangulo ex A E in £ D . Rcc^ngulum vero F E B , 
cft ad ¥c<^aiigulum cx FE in A D propter commu- 
nem akitadincm F E^iicut £ B ad A D, & rciSfcangu- 
Ittffl AED (JKjuafe rc6fengulo FE, AD) eft ad re- 
(Sangulum E D B i ot> communem altitudiiiem £ D , 
(icut AE ad'DB, Quarcproportiorc<aanguli FEB, 
ad re(9angulum EDB,compofe cft ex proportionc 
E B ad AD , & A E ad D B i hoc eft ficut rc(SfanguIum 
A E B adre^angulum A D B . Std re^ngulum AEB 
vna<:um guadrato EC, cqualc cft rc^ngulo ADB 
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vna cum quadraco D C ; quanco crgo re(!^angulum^ 
A £ B ezcedic re(5biigulum A D B cancpc^uddracum 
D C excedic quadracum E C . Excefliis vero quadra- 
ci DC vel H C , iiipra miadracum E C , iimc duo re- 
dbanguia C £ H 5« C H £ } Eadem isicur aequalia iiinc 
cxcdTui rei^anguli AEB iupri re^angulum At)B» 
Sedaammonihrauimusr^auod redhngulum F£B fiv 
ad re<3a[ngulum EDB, iicjic i«(^ngulum AEB ad 
re<5hingulum A~D B jiBJice^^nauis -, ac eciam quod re» 
(fhngulum £ D B iic maius duobusrecSlangulis C £ D 
& C D £ } & propcerca mulco maius rc(3anguiiis C £ H 
& C H £ . Mulco igicurmdusieric re(5bingulum FEB 
duobusrcaangulis OEH «c'CHE. 
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Si'verot^ddcricpttn«9wm£ in ttiluiKL H pun^uinfy 
redangulum 'F£B'«^ua}d mtduobusi re^n- 
gulis C £ D ^Sc C D.£> quonialn -«b eommunem air 
cicudincm £ D :, & squafitaceiji linearum £ D & D B^ 
erunc duo re<5tangu£i (5^£) «s^C^J^tjt^aUare^aan- 

{^ulo £ D B : rc<Si:an^ula etiam A £3 ds A p B » a^qua^ 
ia eruric j quare eciafnrrd(3boigiifi«n P H-fi tcdualc cric 
rca:angulo £ D B^isidRo. Jadbt&lf oibtg&lis C £ D 
^D £ . Sccf fi cadac piai^aii^ ^ ii^\.nt^ (^tlijtF Uiud 
pun<aum F, nec re&nguJww. FJE, B > vndc. nuJla po- 
celt eiie maequaJicas vel <iilierencia . 

• Cadac demum eitra liiic^ni -H^t^vvehln •partemj 
A H , vel D B i Dico rc^aangulufti F E B» jniiiUs cfTc 
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<3»ngAilum A^I^£t.miflia»,?^«»iigvUocADB;, ofe 

pf ii^ .flemoailr^ci^ jrcc^caofiyj^in f h Bminu^ rcccan* 
u io £ D 6' . :Sc4 rcccnn^uin ELD Bl cft minu^ dupf 
us recwngulis CD5 &c,C£Dihabcn^ cnim com-' 

m.unq4ltii5i»<bttcm £Di& mino^cft lin<fa D Efi quaaai 
; compofi^j^ ex duabus C;D<6f QEi;. Mu^Q jgicur mh 

\ nus dft rc<;tangu|um F E B , quam iunt "duo rectangu- 
k C E P,& C D £ CimMi . Quod d^monftrandum cra t. 
Noi;andum <elt, ^uod it^ lUmi poteft punctum E 
in lincl D B , vt tercia proportionalis, A F fii; maior li- 

n<e^ A^i-^^c j?*itettmf -«Mkfi^dY^ paj)ic^«m R> S ed 
hoc iuppefitft ^M i3A«w«w»<:; racio^rd^inonitettiom? i 
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makSiiitiim ett^^tht^fi^ii B quap 

fi^rirpqinQt^*<ii,qi^j;iu$lihe^ fcgmentis 
. «iufclemisefk?.^^ :--! uu , : 
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Sicut in prcccdeme Lemmace cres cafus occurrunty 
jca in hbc Theoremace conformicer variacur demcn^ 
itracio > vti mox pacebic . Sitigicurrecca AB ieccain 
punao D , vciic AD dupla D B . Dico iblidum ex qua-i 
^raco A D in D B j efTe maximum quod Heri poilit ex 
(^uibuRibet iegmentis eiuicfem rectx A B : Di uidatoT' 
enim biiaiiam in puncto C, & icerum in H > vt Iit AH 
atqualis H D vel: D B , & fi ficri poceft fit puriccum E > 
ii| i^uoJinea A B iecca &ciec iblidum ex quadpaco A E^ 
in E B reccam > maius fbhdo ex quadraco A D in D B; 
Ec primo fic punccum E inparte HD. 

Ec guoniam iolidn func ad inuicem in ratione com- 
poflca ex bafibus & alcicudinibus j erunc hacc.compofi- 
ca ex quadraco A D ad quadracum A E > & lihca D B 
ad lineam E B : Fiac igicur ficuc A D ad A E , ica A E 
^d AFj quadrscum igitur AD ad' quadncuni AE> 
cil fieuc linea AD ad liiieam AF; qitare' prbporcio 
iftorum fblidorum componitur ex rationibiis A D ad 
AFj& DB ad EBi&idcofunc in rationc^reccanjgu- 
lorum ADB,&AFEB. Scd reccangulum cx AFEB 
minus eft reccangulo. A E B quantitace reccanguli FEB> 
rectangulumvero A E Hvna cum guadraco EC, aequa- 
ic eft reccangulo AD B vna cum quadraco D C : quan- 
co ergp riccangulum AEB excredic reccangulum ADB, 
canco qUadracum CD cxcedic quadracum CE j Ex- 
ceflus verdquadraciCDiiipra guadratum CEjcft jcqua- 
Ic duobtis reccangulis C E D, & C DE ( puncto E exi- 
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ftente inter C & D j exiftente vero inter C fic H , 
erit exc^iTus a^qualisduQhu;; rectangujis C£H^ CHEi 
& fi in ipium punctum C Qecidcrit j non eft cjuod ex- 
c$dat quadriicUm CD>i^ recrdogulum F£B miiu^ 
eft duplp (^Qsdr^Q CD, icilicee rcccan^uloEDfi; ^u^ 
demonftfaEii lum |>erpr«cedens iemmamiQoradr^ 
r«cMngul.Q FE.B. Rect*fig«lufft 'igicur A W ^cc^ 
dit rect^ngulum ADB miiiorie;cee^u c^uitti cxcedic 
rectangwlum A I* E B ? tc propccrea. Reaanguium^ 
A D B maiu$ «ft rflctangulo A F E Bj & idca iblidunu 
quod lit ex ^unidrdco A D in D B lineam , maius cft 
ciai j quod Hc e^ quAdrato A £ ia £ 3 s guod pimo d<^ 
ippQftraiidunimic. 
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; Si vqfQ fu?:rit; punctMm £ idem curo puncto H , m^-i 
njfpiluni f ft gupd r^tangwlum «x A F £ 3 «fi^ dimi- 
djum recwnguli A D'^ , <9fi idco iQlidww ipx <^u«4f ^^9 
Ai JArectam £ptW ad|blidum'9x ^uadra^Q.AD 
in p |l, itii iQ94^^i rationc , icilice^: diwidiwoi : ^ fiQ 
iemp^rnniAW gi,iantopQpin<|uius fueri^ iccta, Mc^r- 

www A, . 
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Sif dc^iqii^jpunc^um £ in.p^m DB>i& luppQ^a- 
^ur qviQd (blidum ex quadmo A £ ta.r^wm £ B> ma- 

iusi/It vel jequakiblidQex ^uadr^to A 0in D3j ^fi^ 

(icut Ap ad A£ m A£ ad A Piac^ dcmoftww i» hivkr 
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ciquaJrato AE^iu E B ^.fTcu^ re^StjiqguIiim ADB ad 
rc^iirulum cx A F iA EBjicd rc^fcmgulum AE B 
miiiUs etl re<^l)gttt6 ' cj^ A F iA £ B y bi^A^itsi^^ re-. 
(H^nguli F E B i niinus vcro rc<9:angu|o .iiiP? * Q^an- 
titace duprum rc(^nguloruin C P £ ^ C E D j ied dc-r 
mpnftrauinius , quod rc(Sbngu|um F £ B minus (i^ 
duobus rc<3aiig\ihs C D E , C E D ^ quare inaior ^ft cx-r 

ccfTusrec^nguli A P^;iuprarc(^|igulum AEB,guam 
rc(9:anguli AFEB iupra idcm rcaapgplum AEB, 

Re(3angujum igitur A P B jnaiu^ cft j-cdlangulo AF- 
EBj&ideo iblidumcx quadraro v^D in PB^ maius 
iblido ex quadrato A E in E B , auod d^monftraQdum 
crat , Maximum igicur el^ Iplidum qubd fit cx quadra- 
co A D in D B , omnium gujc ficri ppirunc ex icgmcn- 
cis eiuielcm k^js. AB > qtioci 4Kik(QnIlntre.opac(ttic . 1 
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COiCOLLAaiV^ 

Liquidp pti^m cpnflac ex pcxmiisit ^j^ilo^^^uQ pr<V^ 
ptosie^fi^ialtnclABdd pudhtmiD isa0d6'ic-r 
^dnn fific in eadein.|iaro? lijitapJbq^n^iM^^^if ioUcls^ 
^xiilif ieffinemisiaihiait. :' '; v'l-i o:..r;;:b .. ;■- 
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Si cim4ttm taogcfi^ rciSb; toie^ qrin cfci- 
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pchdicularis ; diamctcr ita diuidctur a 
pcrperidSculari , vt fit pai-s maior ad mi- 

]iorem»:fi£utt0tacum produ^adpro- 
dudam*. 
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SJt cnim Circulus A C B , qucm tangat Jinca C D 
io. pun<S);o G , conueniens cum diametro AB pro- 
duaa in puniSb Dj & a C puncfoin diamecrum A B 
dcmittatur pcrpendicularis CE. Dico ficut A D ad 

DBitadTcAEadEB. ; 

Ducacur enim a^ccnopo JF-ad punctum C conta- 
<aus linca FCj&gubniamanguius FCD cft rectus, 
fi fupcr diamctro F D dcicribatur circulus , tranlibij: 
pcr punarum C,&idco quadratum CE «qualc crit 
rcaanguldFED. Eft«ikin idem quadratiimEC 

a?qualc rc<aanguIo A E B ; guare Ccut D E ad E B , ita 
AE ad EFj&diu^cndoficut DBad JBEiitaAFad 
FEi&permutando icut DB ad AF,ita BEad FEj 
& ad coniequejitium dupla {icm D B ad B A , ita B E 
ad duplam E Fj & cbinporicfldo ficut D A ^ A B, ita 
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^E cum dupl4 £F(hoc cll A£fadi«lttplam-£E^& 
per conuerfifonem. ritibnif ficut D A |k^ DB^ ita Ai^ 
kd excieffatti iuumitfpn d^tiim^ P > koc eft £ fi * fii^ 
igituf Yitut JklXnd DB/icii AEkd £.B ^ iquod erii^ 
propofituin demonArara ♦ • . . i 
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Ii^a^imu$ cbhus quibdtcrlt ihfcf ibi ht qtid: 

; cuoquq ConQ cft v quJin^Q l>afi^ jhfcr|r 
ptldiuiciit:^en^prcuiu(<;rib^iitisi k$i v( 

icgmcntiiih i»d y^rti^m fit dupliun r?^ 

liqia. ' r 
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Stieftfii^ C(Mi(^| A BC,cti«ft*cif B©46«i««U*ift 

m&mE ■trAtiti:Alfitin\imhA(tmfm 

inlcri|»ci Pp.0^, •DkO'^<AiUni iri^ttttH-^i^D^^*^ 
niaxiiiium , qu^ poterit infcribi Cono A B C . 

Quoftiani ?nii^ ratioConi A B C ad Conum FDG> 
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CdmpbQiturezilacionebafts AC adbafim FG^&sl^ 
cicudinis BD ad akicudinein £ D; bads verp AC ell 
adbafim F G in duplicacit racione rddiorum luoruin^ 
A D & F E^ vcl: B D ad B.E , hoc eft ficut ^uadi^acum 
BD ad quadratum B£> alnc udines . vero iunc iinea? 
B D &; D £ . Racio igitur Coni A B C ad Conunu 
F D G rcbinf driitdi' fex (^U4dtato:^D,:adqi|a<|ratum 
B £ > & linea B D ad lineam £ D > ied quadratum B D 
in BD£ijcicCubumex3D;&:quadracumB£in£D 
£icicmaximumIoIidum>quodexiegmencis eiuidenL* 
BD ficri pbteft; & propterea' conus ^ P G ( cuni (it 
cbinpolicasejr i jiciem racionibus ) tSb maximus c^niis 
qjti popqric iitlqribi in Coiio 4 B C . . Oinnes epim co- 
nivtcunqiie inicripti habent rationem compofitanu 
ex iegme^cis axis B D: ficut {ohdsi » qu2 fiunt ex qua» 
dratispartis ad verticem in partem ad baiim > quorum 
maximum eft iilud , quod nt ex iegmentis , qua; iiinc 
in dupla ratione ad inuicem . Conus igitur F D G eft 
maximus inlcripcibilis in Cono AB C . Quod demoa* 
ftrandumerac. 

COROLLARIVM. 

Euideiis eft cx demooftraris ; quod Conus A B C ik 
fnimmus> qui circumicrib^re ppinc Conum FDG<. 
Si ttiim non ^ric minimus, £>rec.alius , cuiu^.a^i^ vel 
maior vel minpr eftct ajiEe B D > quo iuppoiito pars 3 E 
Qon forec dupla £ D> 4&iic icquerecar abiiurdum ... 
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; ^ habet axieoifiHim^diiplumirieit 
- qua('partis axis^bgerar. • 
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It'rpfearra.A0BC> 
Cttiiis acis D C diui- 

C E dapla p E , Sc-^EA 
triante:planunfi i^B id ^ ' 

ram A © ^ C , fadai](^il^ : 

in ei circuium qiii B^i^s 

iic Coni A C B . DitoVo- 

num A C B efle niaximH 

infcrippibilem in^xra 

AD BC. Si aucem non fiCmaximus,o|)iaflet'(iuoct' 

alius fit maior> vel iequalis « Sit igit up { fi iSeii pottfk i 

Co^us FCG maior vel falceni' asqualis vtuiusiiiaiis 

F G fi^paraJIeia baC A B , & fef diamccrum 't> C in 

puo<ao H. . .J V, i.ii . I 

Quoniam igi^urConus AG &ad^^mit» FGGy 
eft in racione compofita ex baIe'A P ad taifim^F^G , Si 
aicitudinc EC ad alcicudineiri HGj bafeg'vtf6 funt? 
ficuc ^uadraca radiorum iuorum , hoc eft licHcre<5bin:'' 
gulum CE r> ad re^attgulum CH Dj coihpddta igi- 
tur eft raDio<Coni AC B std Cbnuni F C G » cx^aciohc? 
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redanguli C £ Q ad re^ngutum C H E^ > & iine^ 
E q a4 l^^OTn^Ij^i h(i^ f^ ^^^xfl^i^nta Mf CE D 
in EC, ad iofidum,cx CHP ii^ HC. StA lolidunu 






ei^ e'li0 ift: HCV^^ ^Wm ci 




dux fieri pq^^riinc ex ^egmencis eiuidem linea; C D > 
maxiinum, (pr^ cnim Eq^ftlcltlfict «irFi|^D.j 
QuareCpnusi ^Ch. (cum Qi«|)t^fic$ ttcwftilida ejg 
(cgnnLcncij? dianjiccri P^!; fa<^)lpft'q»i^iVMa maj|im*l| 

in<cripciitjilis in ipb«i:a ^|>^Qi^«^p4.^m|r«p«fi|iur\, 

j^gicur^ ^id^Q praxipicur ii\ qeil^iliq^ ,<^\^14 bi^r. 
• iJsi A B, 6t: ad ^iepti D C jrc^ .j )B^eW^icii fW !»& 
j F G cQni F.q (; , (ic par^lcla: h«S ^ ^ « Wftmfi ttott* 
j ?raq nd*^teiutn . hJgm Qn^nif CcMMW ^O^^Wftim&tiT 
i pcus. c^dcin fp^acra hab^? 
; ycrcictjn?, C , cric minQf 

A ^ C © i^^m mt ^Ui 

: in qua inlqribacur Conms 

; m^jcimuft vvo c -I ^uia^ 
;»«4d#*(pl«fli i^ifiripcm 

' <?W*ttsi€M^U?^ FQ<5, i:u-; 

iu« Hf mA!!^» ^i oencru^n b^(i«Ti|teir q«iQd^i»A/bc 
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F D G miaorem e^ coho tcSto A D C . Ducatur igitar 
per D vercicim ^ planum parallelum baii coni F D G > 
iecans diamecrum ML inpunOio K. Ec/iipponatur 
quod iuper baiC F G & in alcicudine I L, confticucus 
meric conus re<fhis , ctui cum /ic in e4dem iphcr^j non 
poceft efle maior cono ADCifed conus FDG>eric 
minor cono illocum confiftac iuper eadem bafi F G > 
& in minore alcicudine , icilicec I K . Minor igicur eft 
conus Scalenus FDG cono re^ ADC , ^uod erat 
demonftrandum . 
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PROPOSITIO XXXXVL 

Si conus circumlcribeas Sphan|am tangar 
bafim maximl Cooi iii cade^i infcripti ,' 
erit ilie Conus Minimus circumicripti- 
btliscircajetodem^anranav : 
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SIccirculurAl>B:C,cuiusdiameter-CD drai£iia' 
I > vc ilc C I dupla I D j & ab I pun^ere<5la ifk. 
perpffndicularis ad :(uamecrum lA , ad mf ftliela du- 
doi fic CH> iaSn A punicSio. cangac drcultim reibLt 
¥AB,, cbncurrenscum diametro CD prpdu^a > ^ 
cttm..linea CH.JKirallclai A inpun<^d F. Dico co- 
num ez reaoluticnie crianguli £FC;&<^m circa axen» 
£ C>.eile miniihitm circumicripciBilem circa ipl^anram 
eKreuolucionecircuIi ADBC&ccam. 

; rQuoniam: cnim linca E A. cangic circulum ADBC 
itt j^iincco AfdLA tontadu- demiiTa eft perpibndicuia- 
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risdiamcttQ CD ia .' 

; I, flc dckm ^um <li4n : . i 

mctro GPp«ddu*3:a . 

.conctLrtittia Hpiui- .. 
(2» , eiitfeti: C I ad- • 

ID,.itaQi:"aclJE;Di,i; 
quiire cmii (pcr coft • •; ^ 
ItruiJiQnc» ^ C I G.V. '■ v 
dupla;lDj,^tit CE .- 
dupla ED i &:ED 
.vnacumDIhoccft 

;EI,ericlJt»ftalCr.X 
jQuare CQnu5fa<3:us 

' c«. jrevioju danc tri^; 

;guH AIXJ mc nja- 

i^fimus fhiHjfe^iliiiB _^ 

: iiiiqona^-iVblu^i • «« • r 

I tione trianguli 'M^i^MVM^i^lQ-^^iijq^^ 

Conus ex reuorutione tria^jguli EFC iacStus crit mini- 
mut' cii[ycujn[iicriben%'d«>Qum ex/r^^jhttioiiccri^d^^ 
AilC.Eafiaimij' '. -:.- ■" c^.; . ■'itiS i:^ .;; .- , •. ^, 
u Su|^pem«ifirau^eni ^nodnQiiilfitiiniiiimu^circam-r 
icripti bilis cicca iphanranrp^ rcQQ^Uicioivr clixriflr A. D- 
BC iedri^uod iconus tao^mi ipbxxaimia K piin^ 
! focctminoriDucaturdgitUr GK Wjintatang^h^tiiri 
ca4am A Drfi C in K puiii^> ^^tm^^ienf amauaxe 
GD prOdma?pin G,:4j<>^«» toa H€ paraildatCAI 
in HjSuppon^mr eci;imi<toddpfcx.A^pun€him'Cr»A'* 
Ht linea,J;^;M,ipaic4liela ipfiGKHjacquddcx-rc- 
Awiiution^i tripngqlonam/ G H.C,&:;LM C>fe<ai 4« 

M .1 . I J]l I . '» . ■■■■ 

duo l 




'\. Jf 



«■ rJL1I..U,4Jk^ . JL ' J! 



^w 



o 



lOTPV 



mm 



^m^m^mmi 



^m^ 



mr^"^ 



UL m i 



wmmifm^. 



,JL<fi'. '.. Bw.''U 






PIS^S^ELCl^VMv 



■*MHM*l 



1*1 



r^^cirrr 



. duQ coni , Maniftftum ?ft iam quod Conius^x GHQ^ 
' maior erit cono cx L M C fadtp . Sed coflus iz6ax% ca? 
reuolutipnc trianguli A ICxmaxinius cft in/criptibi- 
Jis in cono cx reuolutionc tnanguli E F C j guonjanu 
i £1 eft dupla I C ; iecusvcro ic habctadconiim cxrc- 
; uolutipne triangi^Ii L JMC ^ in quq ^tiam inicribitur j 
nam LI linea , vci maior > vel minor, crit Jinea EI, 
\ Quare minorem ratipncm habe^ C^nus cx triangulp 
i AI Ci ad conuni cx reuolu^ipnc LFCy^uam adco- 
\ num. cx rcuo|iuione triapguli E F C . Maio^ igitur eflt 
cafeussex BMC).qi|diq[5o^usdx:.£IF0>J^^u|cdnxar! 
io£ erie foiius cx r^iJL^lUtiione ttiajiguli G HCj^uitan-t 
git! fphxram in K i o^axan. conus : cx reuplucipne triaon 
guli £PC, quic^gicbafimmaximKoiiijii ipjisra^ 
A DB C ioaferipti : guodfdarfibiiftri 
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num Wtinimurii , 

It Hcmiiph^rium A B C , in qupiif; inicrlppus cp^ 
nus maxiiptus^DlTVf uiup<||a^fj;§iccet gxem hc- 

miiphsrij BD in G,vtfit (juadra^um BD tripJunL. 

^draiii |?;G. Si? ctiaii^ C9ii;i.vftj|fyf, f jf ctt^ji^bcns 

H?mirph«|;iu;n ^^qnliqW^if fe^^Vf b|?^ -f. f > qui 
ij^mim^ttv.drcumicriptiiiilem gg^ ?%mi<pfefriiUOi 
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angulum HED (imile trianeala £ D G } & icfeo ^- 
cuc HD ad D £, ica D£ aa 0G> & iieut quadra-. 
cum D £ ^ vel B D > ad quadratum D G , icaJinea HD 
ad lineam G D . Sed quadracum B D eft triplum qUa- 
drati G D?^are Jinea HD cft tripla linex GD,&v 
H G dupla ipfius G D : Igitur & Conus £ D F maxi- 
mus cdnusrin^ipcibifls cono H I K * SeA Con.us'HIK 
tangit&circumicribitHemiiphxrium ABC. Quare 
per eat^U|; inpr4sce^ntc demonftrata funt^euiden- 
tiflimum e(l> quod .nuilusminor conus ip/um circum> 
(cribere poific . * ' * 

ji ■ •■ . • ■ ■ ■ 

COROLLARIVM. 

Eadem prormseftratio eirciimfcribentfi ipfitroiaes 
vel HemiiphjeroidfcSj^u» iphsram vel h^mifph^ium. 
Nam ab AppolIpAio proppiitione % 4. libri primi de- 
moAfttacum > e(i ^uod > \\ re^ jinea concingat Ellip- 
iun cum diametro produ^ta conueniensj&apuiiao 
con^<3:iijs ordinatim ' applicetiir iinea ad diametrunu , 
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ejj^pin prit ratio dimcp^moi^^fd^piVtmmPm^ 
ptaiit^inter t^ngcntem eci^^Wl^^ c^^^Oftmax^^^i 
m^RTi ab ^jplicata /c^bNW|m^ottU|i hxj^a^e^ l|$ifr 
ra erat ratipCE arf Ep,vr<Il ji^ JgrSfi^lgipaf 
primum diafn^o ( iplMiprQldi^ rqai(l^pi vp iiir.qgtitia^ 
partem ruperi«rpaj fti^ fieijit Cp ad Pl^ Hc|n»|J 
phzroi(ii$ ' vero yt(lt qiiafi|ntiiin 'lotiufi prb^fn qttj|t» 

idrati partis ii^riori^ ^ qi|cf|ia4o|u|um > Bp »-<v p-^i •) iS( 
produ(5^a in iphsrpicfc ^^i|e? ^fi<IC C JE:^dlEp i ificiif 
CI ad I P; veltota C?E trjjl^ CIiacin'H?lfni/pJiii 
roidc} {im in HemiiJ>l^rkr> fibji^ppra^cum produ-: 
Aa. Hp flt tripla pGf ^cp^i^m frif idem d&u» 
pun<aum E in axc poclu^ ^Aif* Tcl^^l^roi|lk> a? 
ieciam in axe tiemimhaifo^dts vcl Hetni%iiipf fj prodtt'^ 
(Sbp pun<;^um H ; alioquiji^. ^iee^. eademf iidip;'|pci»$ 

(diam^i ai»- ipplitsati diu||arum quf k!a>(j|adu. li^ 
citi^r V jjlf cuc ab^ ;^>p6lIonu» loco ci^atq. ile^nftratbifi 
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casHF G<Micingac peeqdiefiam 
A^'y «liiiiiifmt^pun^ttoncft^ 
ifiaKG ,ytfiB |larsi F GJthipltiL i 
IS H ;i>tbdQ^ fit iam ?Ej£ io^ • : 
Iliyc.uc JS ndiaiifciccr ^ftixtst, 
vcii oircuil^paiiK A:d«ft]HERcioi 
& a^Gad^khi dcmicMwr ^ 
peiftdif luairii G K »'& ad cencrti ■. . 
DiiHeaGDi:: ; ' :' . . > r 
; £t quoniaiin angulm FGD- . 
t&:teihuii drculus iupcr .>dia- -A 
inQCEO F;D'cffan{ibi<^pec ounr 
4bimi Q yvndf. man^flum e^ 
gffiodre^3agu]umFICE>>>2iqua?< ^ 

U iic retjbii^ulo^IKB vamoo enim squalia iunc quAr 

dvico G K; addico igicuT: quadcaca K D ,cm itedan.r 
ruium^BDIC kquaJie^uadwirQB.D? quanco ergQ qua^» 
dracum 6 D excedic quadracum ED, canco reccangu** 
lum F D K , excedic idem quadracum E D j Sed re- 
ccangji^iinv F.f>.K'/an]ua^;e^r|reccang|iip^9iBr| vna 
cum reccangulo ejc FD & EiChocelt reaangulis F- 
EKfi ^E Ki&recc^jM;uJun^ fypg.,.^qua|«L(jft 
cc^A^aJb^ FED vna mm titisLdritb Epi rcctaiieulum 
vero PBm(tHipimi^M^i^'mD,i:^^tmnu 
eripla eil K E ; . Coicftit atgo j^iiod quacuor redan- 
gula KED vna cum red^angulo FEK,£quaIia ilnc 
cj^<:e(ruii-e^pguii F. D K'> ^l<^mdmi B D iiipt-a j^uar 
: dtacum E P . ^JpcUjS ver.o eft .c^^ppITus quadrac^ B P iyh 
pi:ia{quadr|icum £ P-quare r^Iiql^ai^tt htcbmc ■•••■ 
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Applicecur igicur (juadvppIoiE D-noce^ iieHfauigu> 

lum xquale cxcefTui quadraci BD^iupii.^bichracttnL» 
( £D, excedens re<^ngul6 ifimili redangulo Pi£tiC^/pe« 
[ ciG nocQ j & innoceicec lineia :Fi£ , vna dnmifeJii^U^^E K > 
: fcilicec lacera reiSbanguIijipio reiSiEaigtllum a|ip|ic&riim 

quadruplx; £Dexcedicipfam« iifaencoigidii^uni^o 
, F in axe podu(3x>jinuenciis^eftC6nus Minimmcir<- 

cumlcripcibilis circa portionem. dacam . Qaoutfacieu. 

diim erac . .' ■ . . -^ - 'l : • " '. 
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Circa datam PordoneihM^fem He- 

, . '• # , < 

mirphxrio circumlcnperc (Jor J ^ 

fiumMioimuQii 
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SA^pponscur iceruoi» racQufn > &: ie^ onima pland 
p(irax<cdLivnde!tic. A G B dimiHium pevipberisp» 
a^ F H£ diaiidiunLixiiinguii' fadli/ex^ieifboiie coni &: 
porponis per axem.i'qUAre linca FH tangchSiperiphe- 
riamin<GdiuiiaeriC;,KC;parsF GiiodnpiapafEis G'H i 
^di G:pjCi,n(5^a dn^fit adaxemcB^ perpendicularis 
G K > &^ic«Eum ad ceniriim D linea G D ; & ptdduca- 
tur B^.iA:! > vt fitBI diameoer dicuii «^ius- pmeft 
peripheria AG^B :j Manifeftum.cH iam -qu^: angu-^ 
lus F QD fit tC!G:iis,M quod rei^ngalum FJCD iit 
^^.uakreji5hm2uIo JKB>ac eciam' ^udd re^i^ulum 
F D K iic acguole quadraco B<D . Quantnm igicufqua- 
draciim 9:Dlcxgedit Quadracum.D£:, cancum«eccaiU 
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giilum FDK excedit idcm quaw. 
HratumD £ . Scd reccangulum 
F£D:vmi:umrectangulis FDK 
fic KED.fimuI > aequalia /iint 
reccangula FEKvnacum^ua- 
dtaco D^ t cicmpco igitur.cx 
vcroqike:quaciraco D £ , eritre- 
ccangubun F £ K x^uale ire- 
ctangulis F E D & K E D vna 
cum rectangulo FDK^ minus 
quadraco .6 £ i v^U (^Uod |dtm 
eH ) exceilui rectanguli F D K , 
vel m^l^ti.B p iup^ wdxz^ 
tum 'D i . • licccanwla vero . . . ^ ^ . 

FED, ^ KED ilint qudtrfor- ^ * i "" 1^ 

reaangula KED^PE eniBl^ • ^ • 
cripla ell K £ . Quacuor igicur re^hgula K £ Dj vna 
cum.excdlii-.rc^anguli P.DK vel quadraci B D fupra 
quadratuoi D £ iimul , seqaJslia, lant redbng^UaFEKi 
Fiac igieur linea AB guadrupla DE>iuper-^aa con- 
ftruatur j re^bngtiltim A C aequale exceflui ^^Uadraci 
BD iiijira tguadracumi DE; iam produ^ AB ouan-^ 
titai QpUA in D >£alc rc^hnguhim B £ a:^ale ret^n^ 
gulo AC^6c ITmile re^gulo F£K ipecie nocoi daca iani 
B D. medi^proportionali» inudniant ur eiticsii^? ^ua^ 
rum^ifiercntia A'B> iciiiccc A F & BF^&: icerum lii- 
per li&el A P confticuatur red^ngulum A d , fimile 
jte<Sbi|guioB£veiF£K,&produ<iHCBinH, Dico. 
Quoiiiam^ re^^ngulnm B £ iimile efl re^bngulo 
AG>erit re«^Agttium BE ad re^ibmgulum AG>{i-< 
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cuc .c[uadratum B D ad quadracum A F , hoc eft ficuc 
linea B F ^ ad liOieam A F , vel /icuc re<Sbogulum B Q 
ad redangulum A G . Sed reiSbuiguIum B £ per con- 
ilru(f^ioaem a^quale eft re^ngulo A C . Igicur re* 
^angulum BG xqualeefl eidem re^PiaiiguIo AC, 6c 
xquale exceflui quadrati B D iupra quadracum P £ . 
Lineas igicur AB> vel quadrupla; D£ produ<^,ap" 
plicacum eft re<^KmguJum {imite re^ngulp F £ K ex- 
cedens redbhgulo 5 G XQ^Viz\i excefTui quadraci B D, 
iupra quadratum D £ . Vnde neceilario iequicur^quod 
re<5fcingulum A H-iit aequale quatuor rc^bngulis K£- 
D y £c igitur > qu<xl latus B H , vel" F G*, iit «quale li- 
ne<e K £ : Impoflibile eil enim conitruere aiiud re- 
<^ngulum iimile re<l^gulo AGSe. applicatum lihe^ 
A B,cuius exceilus iic «qualis red3ingulo.B G . Inuen-" 
cum eft igitur pundum K , & inde pun<f);um F in axe 
produ<^, a quo du<^ tangens &produ(5bi in concur- 
fum cum baii E A produ3ain H , erit diaiia in con- 
ta(3:u GjVtfit FG du^la GHjvndeinuentuseft Co^ 
nus Minimus circumicribens Portionem lpha?r« da* 
: quod ^cre oportebat 
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Quemadmodum obieruauimus in CoroII. Prop.47. 
quod eadem crat ratio dcmonftrationis de conis mini- 
niis circumlcribcntibus Sphxroidem , qua? SpharanL. 
iicut <;tiam de maximis inidriptis » ita nunc obieruan- 
dum duxi eandem' cflc rationem circumfcribendi , & 
inlcribendi portiones earundcm , qu«e portionc&iph?- 
tx : Nihii enim aiit mutandum aut addendum eil 
prsccdentibus dcmonilratipnibusy prasterquam quod 
auando dicitur rcc^ngulum F K D xquale eile rectan- 

tuio iKB (<quia aquale «^oidraid CK) iam diccn- 
umllc-f-prdptcrcaui^miratiottem quam habent ad 
duadracum* G K > f'vud& jsciatii probatur eorum ad in- j 
tlice»! arqiialiias: in iingulis v«ro reliquis in demont- 
ftratlone proiacii . conconlat parit;er demonftratio cu 
p^rtionibus iph«sroidum , iicuc &i iphsera^ « 
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Conbidi Parabolico jcjf cumfcribere 

Conum MittiAiuai . 
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Slt iemip^abok ABC, cuius axis C O iectus iit 
btfariam in £ puncto » a quo ductaiic perpendi- 
cuiaris £ jB concufscm cum icctionc in fi: prodacto 
iim aco quantum opus , hat F C jequaii^ C li^j&: a pun- 
cto f > ad B,ducta iitrccta «Scproducta doiicrcancur- 
tatcum bafi DA producta ia Giducti ctiafik BD, 
<x>ncipiancur reuoiui omnM cicca axcm F D. >.vijde ia- 

cta ilnt Conoidcs Parabolicum ex reupjutionc iemi- 

_____^ ' " •. . 

, .: para- 
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paraboliB A B C , & CQ&iii eji . 

rcuolutionc trianguli BG1^> 

circa axcm mancntcnfrJ^D.^'' 

Manifeftum cft i^uodConus. 

factus cx triangulo FGD, tanw 

gat Conoidcs Parabolicii fa* 

ctum cx reuolutionc fefflipa* 

rabols A B C : linea eniin F B 

propter a;(]|ualicate linearum- 

F C & C E , fic ordinatim apr ' 

plicacam B £ , tangit -icccio-i 6 

nem A B C in B puncto^ 6s 

quoniam FB cft dupla BG, * 

eric Conus ex F G D taccus , mitiimus citcnmiixihttis 

conum ex B D £ factum .^ Quaire ept denibififliFatic iei- 

quicur> quod F GD mimmus (it <:itcuin|cupcibitis» 

&c quod Conus cx BD£ fit Mdximus inicri|itioiIi» itL 

todem ConpidcParabojicQ « Quod "^ ' '^ 
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Conoidi HyperbplfcCQ <jr<:«ipfi:i:4bi?f 

re CoQum Mifiiiniuiti ;!>:.' 
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[liam«tcr »4 ^^cenmiih £iducta alKeln^iiCcattP' 
g«n» D F G , qu« tangat ieefioRcm in F'y Vcfi'< p«iis 
D F du^apartis F Gi< quomodo^uteni HoC fi»c mox 
app<l^i>K>."j ab J <emta^ & erdinatim afpphdata FHj j 
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£c quoniam D F eft dupla. F.C> 

er ic eciam DH dupla HC. Cum 

igicurper jtf.lib. i. A^poUo* 

nij fic iicMt I D ad D B ,aca IH 

ad H B , propcer ordinatim tip.-4 . 

plicacam FH a concaccju ad dia- • 

mccrum BCjeric componien-: . 

doiicuc IB ad BD,ica IH & 

H B canquam vna ad H B ^ dp 

ancecedencium dimidia , iicuc 

EBadBD,icaEH ad HBi& 

per conuerfionem' racionis G- 

cucEBadEDicaEHadEJPj 

fis iniiercendo Gcut ED ad E B, 

4ca E B ad E H i iguare £.B. eit 

media propoccionalis incer £H G 

^ .ED. . . Cum igicur noca; iinc .. 

recc£ C £ j &. £ B , cuiys ;, quadraco zquale eft re- 

ccangulum H £ D i \Applicecur ad dacam C £ > re- 

ctangulum a^quale quac&aca £ B ^ yna cum dimidia 

eiuidem j excedens reccangulo {iniili reccangulo cui- 

dam K.J (imilicerque po(ico> ( cuius lacus maius fic 

duplurh ■ minoris ; quod fic C M , cuius ciccfrus^ £ M 

iic reccangulien fiaule jrecctangulo K; Inuenco ianu 

laceri LM fiac ED a;quaii$,&cerciapars CDficCH. 

.& B£ medi^ proporciouglis inqer H£ &£D^ Qu(K 

Diatti i^icur reccangukm CM aequale eil: quadraco 

B £ VJjLa,^um dimiciio ci.uidem , hde.clt in racione ici- 

qtiiakera i Sc lacus C I eil ic^quialcerum laceris vcl li- 

ncaj HEf tft enim HD dupja CH, Sc DU dupla_, 
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BLi^ccompofiu.iginirez HDOE dupfacoaipofi* 
ca^exG H £ £ L J Rectaiigiilum igicur CM yiei^ui^ 
akcrum eft rtJamguIi H N ^^«1 «aitaclrati B £: jnoen''- 
uigicuriuiurin iinea CB nod^puncta H & P; vndc 
teani^feileapparetquodtangciis^duccaapuncfo J^m 
craniuersa ({iiimoccoiaii bniitaCJL i^ccionis productani 
inG ^tangeciecttonem in F>vt fit pai-s PF dupk;* 
parcis F G , Si igit^r c^niifrcancur cirta quccm PC 
criangulum l>Giu ^ & iemiHyiperbgia pA» toa ^ruii( 

CoQQides Hyipcdbplif um j ^Conus Mimmm citcunH 

icripcibilis circ^-ipiKnxjiSc^ftb F ducca &ont lincM 
F C j €zr^ttoidci0ti^rriangiilt F H C fiet49cidni -Canii^ 
Maximu^ iniidDtiblUs incodem Condide Hjrpecboti* 
co> <|uemadttip4inn ez £ipra dempiMlratit'. mani&^ 
apparec, ••»! .••, - . j ;r 

Finicis iatn guancum npni de inibipcione i^chf 
cumlciriptione Cotnorumcifca ioUda MOundfl»velm> 
ioUi^ rpcundi^^CK |«uoln^on^ curvaf tim>^e^^ir'* 
cuiis y ycl ex coni;^tionib(is goniri^ , iam- ^poni^nens 
videcur oiiguid-de dicumiqrippone Sc injtdtipctohe^o- 
rundcasi iQlidomm in conis 4i iwca ^oAtis deuK^A^'* 
re»iQ^uibuspbiaabca|^ bieui^feir^ conabor- Pci^ 
m6 ^icnr nociinduin cft >^od minimus cohus cir« 
cum&!ibens inhy^mfi^conus ^Kcusez rea^lptiottq 
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^rianguli rectainguli > cuius Hypocenufa efl cripla ba- 
fis : quod incuenci figuram Prop. de circumicribendo 
ihhxrs Conum Minimtim liquide apparebic i in E- 
gura eniih-A F , & FC , ftmc stquales & idep E F cri- 
pla F C . Qifare maior eft racio ipha^r^ inicripcs cali 
cono } qaam-cuicunaue alio . Conorum vero inicri- 
pcoTumin:i{4>ia:rajda&imb5eiVexuiaJ!igi4o>ciiiUs la- 
cerum qQacu«£a iunt irijFajcione {kilc il i. & '$1 hbc aft 
inracione lacerum CubiA: {^ramidisin ^iia:ra:inicri- 
pcorqiiv & di^mecri eii|iBKm ipliacrae ; qux eciam eil ra- 
dojAOerttmtrianguJigcfiecjFioism^imiconi inicripci 
HcmiipJifln-io y ficuc ad^propoiittQditem i ^.adnocaui- 
oitts; Qiare^conus^ctusextraangulo>cuius kcera 
non Gmin ilia:raciofie> velanicripci Iphfta^vel Hemii- 
piuefio i Eup£. ipiueravelHemiipHauiuih iilis circiun- 
icribens aofteric Minimiim>ied ^iia^des veiliiemil^ 
piueroides ali^od eric minus^ Q^muis aucdarjii^ 
omnicckaofieccQ inicrii>i:pocericvel>Spiikra >vei He- 
mdipiixiriilin^vel Pottio ;qoxms:alia IbiKBraE i actamen 
duilibec. conus proprie^acem habetpeculiarem ad in- 
icribendas porciones iphacrarum -, hoc eii vc cuilibec 
potcioni ronueniac Conas;Proprias >.gui inimbendis 
parfcionibus! minorem ratioikmiiabieac quouK^aiio > 
; circumicribendis veto parcioiiibus >omhi alio ihaio- 
rem i ■& ided vpcari pQCc{tCbhu£lVbpriiis ; 
^iObien^ndum eciamfltixi:gu6d:o6no Scaleno in* 
icribinonpoilic iphaBca^auod ucdemonibabicur.Sup- 
pQhacur enim A iieri poteil,> quoA mcdnoiScaleno A- 
iijC> inicripca fueric ipha;r^ D£TFs'&:iecencur ahibo 
piano per axem iuxta maximam d&minimam iineam 
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iniuperficic Cont^vndefadatinc triangulum ABC, 
& circulus DE F . Lacera igicur A B & B C crianguli 
A BC, cangunc circulum DE F, in pun<ftis D & E, 
quat conneiSbancur linea D E j & guoniam linea D E , 
in Iphicra erac diamecer circuli , vcpoce Ifida, plano per 
lineam DE ad criangultim ABC .per axem red):o i 
guare eciamincono ABC exeadem fed:ione perli- 
neam D E fic circulus ( oporcec enim quod circumlcri- 
pcus cemus cangac inlbriptiam jph«tain')}e]i cirtulum.^) 
ScOio igicur/cum iic circulus, eft iuoconcriria ba{t 
AC,5c lacera crianguli D B E , icilicec D B ad £ E , £- 
ctic C3.ad B A crianguli ABCiquareiatus BEma- 
ius eft iacere E D . Sea iunc «quales , propcerea quod 
tanganc cijTCuIum D£F,dud£ abeodem pun<^f> Bj 
q^areriiippQGcio ^ia eft> ^ Spli£r«iilonpoceiiinicrir 
bi Coao Scaleno »)ca vc tangae iiluoi i& eircuio iTcac 
propoilcum erac * 
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PROPOSITIO LIL 

Mindr portio rphd?ra? maiorem ratlonetn 

habec ad Conum fiium Proprium 

circumicribentem quam Ma- 

ior ad iiiUm^ * 




Sh Poftio Splicrie A B C ctiius centrum D > airis 
B£ produ^tin F^vtficFB ad B£jlicutqua> 
dracum ex AB adduplum quadrati <x A£ j&; circa.» 
aK«m F £ & Aiper bau portionis A C fiar conu$ A F.C \ 
qui propcer^ «qualii «it Porcioni A B C j ^ mioniam 
p3t i js qua; iam demotiilirauimus ( diui$i BB Diiarium 
in G>cft iicut FDad BD^ita BD ad GDi erit FB 
maior i^vam B G> Diuidatur ita^tte bifariam F C , & 
a;qualis dimidiaefiat GH^quare FG eft dupia GH» 
Pcr H iam agatur planum paralielum baft A C , & 
circa axem F H ^ iuper eodem plano confticuatur co- 
nus I F K , tangens portionem A B C > qua; produca-^ 
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tur vi^ue ad planum I K , in I , JfeiM , & ck?ri fi$ A f G 
in Ny&.0,ineociempland: C^iliam enim ei\fi-' 
cut rFO. id B D, ica B D ad iGiD) > & ica F B- ad B 6'^ 
eric 'xtoai|Boncndo fim ui :F D ^BD , iad"Bt> & C D y 
{imjuhy fuzuL F B. ad B G ; qudroii plamim' bafi paml- 
lclum. liaB/ibic per G pun<3?um/ilw:ericc3bip incoAca-i | ?«'♦»• * 
<3u (DohiMni : I J^ K cum portione II B M V & iec^bit M'^ ) huios . 
cera eius in cadem racionequaaxis FH in pundtoGij 
icilicec vc pars ad vercicem fic dupla reliqua; ad bafim ; 
vnde maniiclhim'eftjguod cbnu^IFK fic minimus 
circumicripcibilis , vcl conus proprius Porcionis LBM . 
focKiucaear edaiii piaiium A G ad inrerie^idnem co- 
tti I FiC in P & QVds Conus A F Cproduta^ufad plaJ 
num.I K,£sfiacX^omiR N F O. > 

Quoniam igituiEcomis A FC eil ^qualis porcioni 
A B C , & ad Conum P F Q, habet ratioriem quadrati 
AE ad quadramiri PEj Portio ABC ad eundem coniim 
P F Q^abet candcm rationem quAdraci AE ad qua- 
dr<icum P Ei Conur vcro N F O ad conum IF K ean-j 
dem rationem habet , quam Portio A B C ad csoniiiTL. 
PFQ, C tft enim NH ad IHy fkut AE ad PE. ) 
Sedcoxius N F O maior eft portioneL B M',^uoniam 
maius eft incrementum iblidi concenci incer plan^ 
A C &: N O in Cono quam in porcione $ Maior enim 
eftbafis N.O qugm\LjM> & idebTbaJQrern racionem 
habct conus N F 0,ad conum I F K i quam habet por- 
tio LBM ad euodem conum IF;K' Sedficuc cohus 
N F O ad conum I F K } ica eft porcio A B C ad conum 
P F Q; Maiorem igicur rationein. habec miiior porcio 
A B C -aid 'c6num^P*F:(5^quam maior porrio ' L B M , 
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ad Conum /uum proprium circumicripcum I F Ky qui 
minimus eft circumicrip(ibiliscirca eam . Sed Conus 
P F Qjion cft conus Rroprius portionis A BCj & idco 
maiat^ik iconoprjopriOo CAtilDo igicur maiorem catio- 
nem habec Min6r rortip A B C ad conum limni Pro- 
prium , quatn. habet M^or portio L B M ad Conunx* 
liium Proprium I F K, quoderac propoiiciiin dcmoii-> 
fiare. 
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£x hoc coUigicur > guod ficuc in Minorihas Portio-< 
nibus ) maior eft racio porcioynis ad Cbnum iPropriuni> 
circumfcribencem > ica .ad Ma)ctmofi C;oaos inicriptos 
maiorem eciam racionem habeJbrunc^Minores Porcio- 
nes ) quam Maiores . 

Nocandum eciam eft , qiiod cota hxc demonftracio 
deproporcioneportionum Sphacraram adconos liios 
proprios conueniac eciam ad demonftrandam p opor- 
tionem , ^ua? habccur in portionibus Spha;roidunL> y 
icilicet quod minor porcio fphanroidis ad conum jiium 
Proprium maiorem racionem Jaabeat quam niaior ad 

PROPOSITIO LIU 

Cuicunque Coqo rcGto cuius trianguli ge- 
nicricisHypotenufanonficinaior quam 
triplabafis,inlcribere Sphseram velpor- 
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tionetn (phserse Maximam quam Pro 
priam diciaius . 
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N' Ocandum «fl.i-^uod cciamifi ia. pr^cdcndbqii 
' 4e CQtiis:JP;rQprijs^ircum£Tibeqcibu« Sp^rajn 
&iph:^rai:9m PQfciQHics loquuci ^muss^Qacur^ co<>. 
rum 4c€larauim^< i^x, quibus iaciji manifoftufi) eft vn^ 
de {ic -voGencur ii^jcatmcnnunc delinicribcnclQ Spha:-^ 
ras ^i^a;ra^Um{K>|ti«ite$ «(finriyliccbic Iiic?explicare 
eciatn i^a^uram <;jlrum quar inicribendar^itici ^ux ma« 
xime conijftii: in eo jguod (inc porcioncs maximx . £c 
licec in, eodcm Cono(ncc noA in Qmni)|n^ccibi poceric 
$pKjCra> vel <ju«ui«ali4 porcto ipiiaerz > l^mpercamen , 
quas' Propria vocacm; » cric maior iphani> vsX <}uacun> 
<jue alia porcione ipha;ra; in eodem conQ ii^ibenda . 
SiDigi^uriAfigut4tirima'Coiiuiire^ci& ABC^&ia^ 
90 inicripca Porcio ^pnzrci D £ F G cangeltis conum in 
^ ^ & f ^ icd vc pars £ B>vel F B /ic dupla' reliquie £ A 
vel. F iQ * PicQ PorciQnem DE JF G, eflc Pf<^iam &; 
aiAtifQa^m inlciiptibilem '\j\ cono A B C* Si cnim noA 
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fit maxima, Kippbnacur quod poitio K H I L f gu« fit 
maior porcio /pii£ra* ) in eodem cono A B C in^ipca 
& cangens illum in H Scl forec maior vel ialcem a>^ua- 
lis. £c quoniam porcio KHIL iupponicureflleMa.- 
ior porcioSpiverib f maiovei aucem voCencui^ bordiones 
illx fph^rartim:<juie mniore racionein habehc ^difph^- 
ra» quarum tunc parces ) quam fit pbrcio O £ F G > ha-^ 
bebic aci conum iuum proprium mitiorem racioneni* 
quam habec portio DEFG ,'3id conumviuum proprium 
ABC. Sedconos ABC maior eft c^pno proprio por- 
cionis K H I L ; cangic ' enim t^m. i 'Mulco igicur ma- 
iorem racionem habec porcib D £ F Gjad conum ABC^ 
quam potcio K H I L ad eundem cbnum A B C . Ma- 
ior eft igicur pqrtio D£ F G porcione K H I L ; guod 
pimo demoniirandum eraoj.Non maior eft igicur 
Maior portio iphazrar . 

Supponacur iam ^od Pdrno; Minor Hcmi/ph^rij 
poflic efle Maior potciohe. D &F G-; gu£ ideo cangec 
conum A fi C, iiura planum' £ F > in pundtis H 6c I) 
& €.t icerum in iecunda iiguraportio K H I L : Fiac au- 
cem iuper bail poreionis D£FG conusei acqualis DBG, 
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■• 'di.ckca, cundem axcm B p CQnusprQprius A B C tan^ 
- gens pQrtioncm I>^ ^ G f lioU reftrt «ucim vtrunu 
conucniat in eodcm pun<3:Q B an non. ) Procjucatur 
iam poKiQ K H 1 1« vUra J9^cn A C ^ ^tl imliis por^ 
tioni D E F G , tjua; /jc M HlNi Pucatur «tiaoi pcr 
M N pUnum parallclum baC A C f rocluftiim viquc 

: incoricuflum cQni A BC proda^i in )? ti Q^- 
^ i^nii tgituf COQus I>0C ttquall$ <^ PoitlomPC. 
FG. ^i( ^ cpi^ui; M3N «qtialii portioqi M H I Njlunt; 
enim vicidi^m firniles & coni Si portion^ji & idea al- 
ternaeim aequal?? fup?r ijfclcm*i>aiibiis dQn{li(uci .' Scd 
portio M H I N > cxceciic pc^rtionem K H | L maiori 
exceflli , quim Conus M 3 N cxccdic Conum O B G j 
Pars cnim portionis fignaw Uwri? M K L N> maior cft 
parce coni MI>Q N < Q^ax^ ^x «qualibus <4eclu<5ii2! 
; m^qualibus Quse remanenc ina;qualiaerunc«4^Maior 
crii; CQnus IJBG vel Porcio DEFG > quam Porcio 
K H I L . Igitur porcio D E F G eft prop^ia inicripci- 
bilis Cono daco A B C > Ss maiQr omni a|i4 porcione^ 
inlcribencla quod /icri oporcebac . 

Quoad yero circumfcripciQnem Coni cuiu/cunquc 
daci porcionc iphsrae propria > opus niibi non vidccup 
^lia demonfttacione, quam quavfi Inmus in pra^cc- 
dencibus , Circumicribacur enim primo CQnu$ dacu$ 
^Qo^QunimOi dciads iaeQdcatCoaa MJi|ilHQ in/cri^ 

■ *** • 

aim« circimilcripens^noai datom ^ quoa (ki$ m^'^ 
lufeAc apptrcfbic » prii^miflis . lam vpro yi^^Amm 
q«^,de ipbaBroidibus fc cie in|^ibendi$ ^cir^um^-i 
bf ti^ Coaii QitG^ulia dicendumiic*^ 



ta*i 



mi^irm 



■P 



*i^ 



■Wi 



i*"i»*»*'^^ !.«. .. ! 



VP 



PRO- 









N*.- 



mmmm^immmmtftft 



^ 



l-i 



44 



HEMISPHAERIVM 






PROPOSITIO LIV. 

Si Sphseroide^ fecetQf ptano ad axetn re- 

Qo vtcunque,iei^a autemiuerit & Iph^- 

^ ra plaDp> vt (iot fegmenta axium vtriuf^ 

. que jn eadem rattooe,Portiones Sphae- 

r oidis fiint ad iniiicem > ficut fiint Por- 

tiones Sphaerae . 




i> 




SJtcmm Sphmldes touus azis A 6 , centtum C 
iedmn vccuiique plano ad azim tcdo per pun^ 
^um. D i £icience ie<^onem £ F bafim communem 
Portionum £BF>&£AF. Sic etiam Sphxra ^ cuius 
axis GH fc6bia Gt in eodem racioi^ in pun^ I^ qvJL 
fcOaisc&axi& Afi inDi&perpuni^m I agacurpia>> 
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num ad axcm re<fkim KL: Secentur orania plano 
per azem in vcro^ue Sph anroide & Sph2ra> & ab vcriu A 
quecentro C,Sl Ojerigancurperpendicuiares CM> 

£c quoniam eft AD ad DB> ficuc GI ad I H, 5s 
diuifa^iunt AB & GM bifariaminC & Oiericficuc 
re<£bngulum A D B ad re^ngulum A C B > ica' re- 
^ngmum GIH ad re(9Bcnguf um GOH>conipo(i- 
ca {unc enim ez i jfHem proporcionibus . Sed ficuc re- 
d^gulum A D B ad re<^ngulum A C B > ica eft qua- 
dracum £D adquadrocum MC>&icaeciamquadra>- 
ciim KI adauadracum NO» Du^iamlineis NH 
& K H> in circulo > & M B > & £ 6 in £llip/i > conci- 
piantttrexrettolucionetriangulQrum NHO>KHI> 
£BD> flc MBC>fieri quaruorConii qvd quonianu 
baies eprum iuncproponiionaies > videiicet oaiisex KI 
ad baiimer NO>iScut.ba&ex- £ O ad bafini cir MC> 
ac etiai^ akitudines I H ad 0'H>iicut DB.ad CB^ 
erunt Coniex illis &^ eciam proportionale^i boc eft 
Conus ex £ B.D ad Oonttm pxM fi C > {kui conos ex 
K H I ad conum ex N H O , Componuntur enim ex 
ciiHem racionibus^ . Broducancuc iam axes earum > ik 
fiant A P ajqualis A C ^ 6s GQjrqualis GO. .1 / 

£r quoniam deiiibnftraeum eft quod dcm . P D aii . ^—^^ 
DA > ka iit pordo ipbzioidis: £ B F adcooum eius isphapoid. 
£BEiiaciicut Qla4,XG>licapaitioiphajrir KHi^ad .KJXS! 
conum iiLum K H L : iimc aucem eaedem raciones PD *"' 
^d DA> & QI ^d IGj £adpin igjcur eft racio Por- 
cioni^ Sphanroidis £ B F ad conum iiium £ B F > qus [ 
porcionis iphacrx K H L ad porcionem iiiam K H L : | ^ 
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lu^utioiie icriangiili MB(i) > hpt i(f& dimidiam Hcr 
^iiphcrqidis ^ «ju^ co|iiisv|C.H L (itlcd!t\umex N H O9 
icilicec dimidium Hemifphaerij } & ad quadnipia pp> 
itcriotum Pprcio Sphjptpidis KB-i ?ric adtoctun Sph^- 
jroides > iicilc Portio ^pliiaerz KlH J. ad totam ipifia?ram: 
■Quafciiax^sSplirrse&SphxrQidis^iei^i fberincin e4> 
4em cacione , eiruni: fc po.|tiones ':eartinl 4^iS:ibs in ei^ 
demratipne^quoddemoi^aiidusncrac. . 

Npcandimi ei( yquod non di^^ r^tio demonilra 
cionis in iphatroiditHii > quet £cmtc£ rcuolucioAe £ili 
^s cicoi minorcm diametiiim >.'neccuiasiii>^. Sph«* 
^roidis. ieidi iecundum quamcan<|uediamecrum j pla-r 

4lis* qwenbti iumadd^mccro3>ire<9^>iedieciiiidunv 
•ordinatifii appUcaoasVedas-a^eidcffim diaihecro^ . £ft 
Juriam &alia ipeciesSphaBroidacn > ^fut ibluiai! propria 
^ft CoAis Sicalenil i\^^ eniili inicribuncuir i^ipha^- 
Ittit^Scalena yo^ai^v^i&iiCj ii camen inrar iaj^hxroi-^ 
ilia nniqeoaiida finc}.Npiienim exireuoIutiioHeJellipiis 
yelcuiciiuif- alius cur(i<e/geneFaaclir^ ^|>dci]is6pn£^ 
Boidiatorta videncttteile , oueadtnodum eoiaht 6cCq^ 
i^i^aioni^Cptucardj-iiomimnpacetuiu::: Eandeni 
vero raciiJDem habpncadCond^ mos circumicf|riben-* 
iBsiJ^ini(csiptba>qudm reii(^ua iblida or nnioiucione ; 
cunMnint riita maiieiucsaxe^gieiiioa , adConos iiioi 
prQpii6s.i -Seddc hi» •r^ihil. ahlpliui iam dicettdum* 
^i.. 
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IttGotto prq^b circutiifcribente iph»- 
jram oon poteft propne mtaAbi 

S)phan-oide$« 

lac ^Conus iVo-: 
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prius circulcri- 

bem.£b»raai,%ui 

fe^iur mna per ^ake- 

«xiiiBeJic eiilguluhu 

A 6:Cy ^ axem ^sius 

BD ctibiikncem.ba- 

fim A(!}:'ui sedualia 
; in^puni^ D ♦ Diui» 

dadir iam axis DB in 
: pan*Eix»' •£> yt fie DE 

cercia pvs ip(ius;DB> 

& per £ pundu cran- 

ieaclinea FG.jpaTaU 

lela bafi A C diuidies 

BC, in K,& !G,VC fic AF*iv4<:Gt^itiafSfes AB, 
vel CB . Quoniapi igicur per bonftrut^oneoftConus 
erac Propir ius in£ribens Spharam ', eric in triangulo 
per ajcem IacusBA>vel BC^ criplum' ArEVvel ;&^ 
& ideocicculus inicripcuscriangulo A BC^tsLhgths hai* 
iim AC in D , tangec etiam lacera A B ^ C^«'^n<-, 
Oiis F & G ) (unc ehim tangenteis du€tat i pyn^^s A i 
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j vel Q omlties «quales ^ quoniam A D> sqloalis ?ft D C . 
InfcribaturigfeujrcirtarilsFHGI?S€ttiiii|uIo ABCj 
&quoniamrc^ 5F raogit Circu|um F H GP in F, 

Supj)dtetfc^ iatft ^tf^ ooiSt <?ti5iA' ElTif fjr franilre 
pcr pun<Sb FPG-A^ii^^bi-in^WingulQ ABC, vt 
tanga? Jatcra A 9>& C B, in pun<^j!i<^G:> ^fcar 
reaxeni PBinpun^ l, :. "^' 

Qupniam igt^urlinea BF (angjit£Ui|pfiin i|i pwia^q 
€to F,^ab P adctiametrum eiuilJ^ocdiiiAiiinai.-j^ 
pUc^u^ft F£,erit tficut BD ^d D£i ica ^{^.l^. 
Scdficut Bp ad Pt,itaeft 5H.dbH£>quarel«iut 
BH ad H£,iwetianieft BJ ad I^. Qga«jidclin4ft 
pun<5him/i & H ; & Von poteft ih&ribi ^lUpfis i^ 
triangulid» A 6 C (an^eijs lat^ra ^nts in F , P >^ G } 
&ideo incono &<lo eir reuplutionB itiauigult AD3 
non po^eft iii^ibipropri^ Sphaet(fii(Ie$«qu«inai(^c>« 

dim inpropofitione 



PROPOSITIO LVL 



otnni Coao pneterquam Proprio jo* 
fcribcikl$p SphseiW, Irifcribi pii- 

^':r: teft.Sph«roidis. 

^kd»r^C5p|i\w ABC/quiiwilikFwprWttfcfi-. 

v3 bta^.$phaerfP » «^ di^tdAtttr pIimio «d tt^Gm A ^ 

pwrilJIifeMr iuAaw G iiistt?,vt£tt,QD;tef|i*parf 
^(XiHr fii&4 foaiwr ^im kxsm Coai A B^S: 4ji £ & 
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9 H M Ijp • P^to igitiir W- H ij^ 42 ikaiS 4 of- 

4un;i Gx docecura Mydorgio libratKuadD^cyico- 
jrum Prop. 6.^ cuicunquc li(:€r JAo^icfi nvnto ia CC^ 
l^i^is mani&ftutn ^. . •• : ' >- : j 

Qupni4lgitur>pun^ £ in|o^ap«Bli^^» i^ 
plicaca eft luica E^^ad diameirwn H D »^lttanr H0 
produtdto eftpun^lli ^nodd^iBjt vgaol^tadmitttx 
cio B b ad D G <]uas B Had H<i & Si igicfu ^b jppdsfl» 
pun^ Bdu^ j^ic..ad4ivndhi|iq.£.j||le<%9lle Um^ 
p £ , ipia cangec i(e(fiionenC>in codem pun<^iE^ Saw» 
uolucis omnibus c^ca axl BJ^^ftunt-Qatim ABC^ 
j&lin cp inicripcum Sj^ha^qiAaiGctaLODdtfi^biilbi, ■ ■:.> 

.DeFINJTioNES. V '■■'< 

^im^ilia Sphaxoidia vocanpv iUa atu^tum diamcni 
«coniagacx genecricum figurarum iunc lA fcidisqilrl^ 
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tricis circa flmilem axem . 

SimilesveroPprtion^ Sphacroidum vocamus eas, 
qushabentaxesiuos adintegros axes Sphajroidum^ , 
quorum fuw partes , in eadem ratjone, Jicet Sphwoi- 
dia fiierint difiimiHa . 

PROPOSITIO LVII. 
InOmniConore^ iiifcribi poteA qux- 
Bb.e«PortioSgh»roidi$sJiciiius,|WflEter- 
iii^inuseAaaaxem 

iifi;feut(a3i^fl0T^for 

icm Splucirin^cuius 

-1 ;_ :;-'!A S-. 1.. y.'. . ) 

Slc-Triiuigulu»i ABO i 
ft(9ioConire<!ii|ier . 

iStus in E , & F , in ires " 

parteszquales; & periEj ' i^ 

duaafitreiaalEbailAC:: ' ■^- 

paralleki & in B D-quari- ' 

aim ojius cft produiaSi^A- 

fiinanur vtcunqnepunii i 

<3umG: JHani&ftumeft ■ > 

quod BG maior cf it qji^ _ _ 

GE^iure maior erit pro,- ' ^ 

{>Mtia>.BGadG£,qiiaai .i- 

BF.ad EEjiScideoin.li-.. . ; i..i.;i.-, ;. . u,,. 

■oai E.eticaliqaod pawSlum t-litt^ofell > adquod crit 

BH 
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B H ad H £ (icac B G 9<l G£ . 'fcerum tkanifeftuni 
eil pofle tonfticui Sphxrpides taj^ , yt minus /egmenj- 
tnn^ axu {it H D^ & reliquum fegftienttiat pG ^im 
^u^FUnque racidn*d dxi idiliiidi^qtiod foret BH> 
adH£,ikuc BGddt^H, Hoc ij^tur iup|>piicp > matr 
ni^lhim ^ft quod por^io |llius Spha^roidis «cric Prot- 
• ' pria iniqripca in Cono ^ B'C ?'& ^uod catigi^Ciillum iii 
planp per J£ da<^Or. Vnde maniMd-apparcc auod 
quarliber ponio alicuim ^phttroid^s pote|-it inia-iDi ih 
eodem Cono ABC^quod ^pnmdf pTohattdvim evk^ 
I pnetcr viiam^^uodiiceciam^probiihimuii^^-Siefiiiii^ 
iiierit HH/Ad H£,ficac fiK^ad K£ya»dittisilHK 
bi^ai|i in L y 2e'dti^ 'L 1 iiuvic 'pvrpi^dicitlfirit ad 
lacus AEi tunc %ura in^ripcfl(^irPoidVi£lf)cuIi»6c 
ex reuolatione cifl^ium circa axbn BD^ &cht «ric Por> 
tioSphxrrpropri^ inictipta inCono A^j&^^^itl iill 
nu:ione 0x1$ HD^dd axem H K- no n feHfi'K2Ua/&gai- 
ra iniccibii popri^ 4n' Cono AiBC^ qUiddi edam lecic 
prbbsndumi -^ ; -, • '«• • >^'' * •* • • -'-' . . 'j 
' Hifno»n4<ini;c[uodPorcioiiUalSph^<$k^iA^U(f 
propri^xnicribdda? iunc in Co&okliquo j-iti-^fw^ «oiam 
aligua iphsent Poiti^propria ii;^tibmik^ rfjtagal^ 
minorcs porcioiMs-ijii^ ^ph^midum ol^Agoyui» , 6c 
fiBgtdat^miLitvck lunt;%>nf roidum la^Orvm^^rciOBCf 
In %ara^nim|«ii2^«d^rejfim%^bettd^ j^i^ 

Minor Sphsroidis quam cA^Pomo Sfh^se pfdpy^iil 
,eodeiQp]^ inicripcx; <sixis eius habetiic mi^^mi ratio- 
nemjucbixem taciiti ^Sj^rOK^^ttim hkbeHK''^ l^ a^ 
ax<f mtpouit Stthfl»^ H K j^tts/i^maiiot^tlfk^diQtXieut 
SphSasroidifr ^tii^ iit H^K d^apfi^M^Spb^d* . • PPffiiftttt 
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igitur pua^hun G pro.ifcrmiao qiamecn velaxis alicii> 
insSphsroidiSjCuius {)oitio f upra planum A.C confti- 
tata mf<iribehdn fit proprie in Cono ABC, 6c ^uoniam 
n^iceflarium «ft Vt cangat Cpnum in l, eric alter termti- 
nus axi$.int|er F^^ H}& idfio mulcQ maior erit a;cis Iph^. 
foidis > quam axis S|^«ra» H K , Sed guadraca ordina.. 






cun applicacaru in ^ha^-^iunc squalia recSiiiangulis cx 
ilegmencis diamecri tsnQ^ »icilicec q uadraf um I£ squa- 
ie eft re^hgulp H^ * hi Sph«i;ioide. vtoro quadpacum 
I JJE minusieii::Ce6i:aBgutQ et iegmemis diamecri £a£ko', I 
I fioiiieqQenifir reliqua c>mnia ordin^cifn applicacarum 
nuadraica minar^.crunc , quam {mf re^ngiila ex ieg;- 
Biencisdialnecri vei aids Sphzroidis ^i^Quaiieiodina-^ 



£6rtio>Mli>9 j qwim PorciQ prppiria Sphxrr iii Co^ 
■np A: B C ; iai&ripta > inf^ribenda eft . ' Simili modo de-» 
monftrari pi^ft omnes Porcioncs prc^ja^ inicriben^ 
das> qax maiores lunc Porcione propria Sphaxs inicrir 
-pc^i, eile' Portidnes dicuius Spaxroidis J^tl) minoca-* 
cnim iiuE(t!rre^^guJa exiegmciicisaacis > guim iinc 
^Uadi^^W^dinarim «pplicacarHiiiiadaxcin. - 
'j. &E;df^QDAracis e|:iam coliigipoceft > quod omnis 
|HttciQ im^nQf Spha^Qidts pi^opri^iilConQinicripia.» 
maiiHr iic Pprcipne Sph^f^ propria eiiiiditm Coni^Ma-v 
jptcs y&aq Pprcioncs mlnpres Uvx:, . 

Quodauccm iic.-aliqii^ Convks rcffhts ,m^€i liull:^ 
Dpo(|^ppfftipipha;r«prppric inicribii manifeftkunxih 
|s^:Prnacs Cpni jiquorum Jatu^aiu^ iccianguii pcr 
4xcmmaiug# aiiaip mplum b4iii> i aucnuid^Qdum 
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intruagulo A B C» iil ^itd fi^ l«lbus A B maius^ ^ii;^ 
triplum ACjliditkabenEpi^pFiufnjVteis^iiulla poji 
ficiaicribi Portio ^phisrat Prdpria: t)iiiHa4mm A^ 
trifariam > & £i€tk AD tertia parte ip- \' « ' j - - *^ i 
iiuSjCrit rccaa A D Vinaibr bale -AC c i-'i.f:il o" bja J 

^uarefiat A F iequ'a[i$ AC^ &'abF>ad ")<(i' i^v i/|! u 
latus ABperpenditulirislerigatEU-FG) 
& apttn<5b D , linea D £ par^lek V C . 







re ii fiwao G ccncra>^apC,F,:vel GC 
interuallo> deicrib^tttr clpculUSr-^n-^ 
geclineaa AF &: Ad>i|i pAniflw F fir 
Ci nbn tanget vere lijie^m^AB iai^un- 
€toD^ quare ex^i-eublutieiniE! triangoli; <^ 
&circdli«irca «xem^^ ^ ccncrtwi^ Gi &4faBi ^tliaifi 
non erit pFOprie inlcriptain^Si^tioiezreuolutione t»u 
anguii A BC fado . S4d'ipi}^<t'^£i<6^dX!^r^)ikitii^ 
circuli^ex radio £D diicftleud^iit^itt^miB^ytangfiV 
kcuiCbni proprie inpuncS^^l^^^l^ideirbd^^Aba ^^ 
get bafim ' Coni iii C puni^ ^;> iTmid^it^ir) fhaidr 
cHim eil^4S C liaed , ifiAm £ D^ \l3AU^Sfiksmi -Notf 
potell ^itUr in£:ribi pr^pfl<^§h^ Nuko-ihl^s^lW^ 
eto Spb^re . Opditet enim dui^ piii^f^^iHiB^t j^n^ 
trum 6^u1kuiiqiit'SphxtxYtlporaonisi^im^, ^Utt^ 
eontingt^ l4tu$ ABin D.-- - - - .l''-,c^;ii. l lo ri^ 
Nota etiam ; a ubdiil huiii/hibdi Cbtti^^A|ihMr^]lidltf 
Teijpdreidnes Splu^roiduAi propi^ic inl^i^bfendlb^llnt 
6ttiBili^hhhpn4uM enim^D^ adiue4»ift'^<C^*^ 
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D^ orciinatini:>|jpl)tett:ai-MrrfJ^W.-r.; n i 
truf^ vel axcm^tPl <'MKd^f^fig^im i r. 3 
ex ickmentis di^4«iiC JHitiiwto-^ft .5..jcy/. <u 
qiijacjrato ex D ft* Ccii€U|j|i<{«iOl ff«fil ^ Ci 
di4metrum lQfm^k^rA>l JlPti^^i^^. rl 
wangu^o A B (J k»*!© m W^i^i^-^i i 
rpjMe$lai;upcuijH8p^il)^i$j^ai^ .^01 jr 

Si^iafliter > omnii tf^0g>ili&e^4Ag-.^ 6 f,i;f.T tl 





iBi^terJCjimiaJlijjik imcBrMlgl^ai A ^?' :GK:^fife<;ip^ 
Maiorcrit ^tfAmtiip&im^JmMij^iS i ^..}<jf9C9^5*4 

dia oblonga , Sc lata , & eoru.iQppjr«(«>qsiiJ^P%«ft»» 
iA^iiiHlt^i«md9ifi^ftdpf0l^m(^^ , iid.m f.]o/T 
3n(¥9A6}^R^AN4?j<l{^cH^9^^«ci(jig^t{|,4iT 
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poficionem 50. de Gircum^ptioae eiu/3em Cono 
mmimo>viide inuentio (iiafnecri eiiis dare apparebic 
^ qu4 inuei^ta vna cum pun^ cQa&tOxu m Ixctc tri- 
' anguliper axein>a guoordinacim applicata ad diame- 
fiTUin «ftiam data eft} ^u^ cogaic^ ^latus re^m & tcH 
ca iedbio manifefta' erit« Mani&ftum eft etiam qitod 
ficut in iniaribendisportipnibtt; SpKserarum > ma fe> 
la portio poffic in eodem Cono propri^ inicribi > ita_> 
ietiamdeConoidibu» Parabolicis dicendum^t,nulla 
enim aliaporcio pneterqu^ vAa^la poceft proprii 
inicribi in eodem^Cono . - 

Inomni verdC(^yJnfiniea Conoidia Hy- 
pcirbolica-pFoprt^ ialbribi poflUnti vnde palam 
ficanalogiame^^uadam interiJla&Spnaeroi- 
dia} {kut etiam inter Conoidia Parabolica, Ac 
^piuerarum portiohes > De Sph jcroidibus enim 
iam demonftrauimiis infinitapo&inomAiCo» 
nopoprie in(cribi. 

Nunc aucem repctamus fi- 
guram 'Propofitionis jt, liu 
triangulo G D C diui& paral- 
lel^ E H bafi G C > feppona- 
tur axis C D produci in infi- 
nicum > & in produdte iumi 
vtcunque punaum I -, fecy^- 
dum vero qift^ti^ quam ha-r 
bebic I a punc^ D> cadet etian^ g 
pun(Shim By( qaqd vertejp ^ ft 
ie<%onis ) vel propius ve| Jongids ab eodefn pun» 
^p P i pport^t fniffi aupd ^aden^ flt jratio I P ad P B^ 
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^mn pwruft tlpTf boikl. All dirpft itx«m PCj J^<^ccunt 

^^l^oi^ t-Min^ifnun) ^ucofii non pc(i(i<laf tiquoiQi«i«i 
&iPii^ if>^«ft <Wl mftiu«;{ iic ^ci«m . nijcr /ph ^ef giiiibitt 

poitinc : Porcionum vero ConQidiloir J^itrabol^cor^mi 

ynji cnim ioi^ firopi?© iitjwibiwr^iwin. piurcj. ' 

m4xitnoi;iimii«ooo<um iu porcioiubttf. iphffr«nmu> 
vel iplv(^«iduo4i vcl Conouium jtebQ|icorttm»vel 
Hypetl^^lQfMrttm^ihl px9Acishimuii<quftii pk vaq 

fonte icacuriunt, & vna tola regol^|ro;6mnibuf ieruin 
Datocnim quocun<j ue 'e< iilis iqliclQ » ^ circ^micri- 
ptoCono Minimo,in,ilfe) iiiiofi&igcur Conus Mwi-r 
mus , & idcm crit in vnpqupgue .iftorum iplidoriuu>« 
Mftximus Inicripcus , 3«drcde«mu$! iim ift i^oiicadii^ 
Vpdcdigrcisiiiimus, _; / , . . . 
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i^tisciuiiilineis AC fir GC i&ppoti«ttr>CcdtM AQ^ 

^m (dctn^dioi^ iponfticik* : 
ttis ', guare CyBBdnia A fi. 
erit triplus .Coni ACG, 
Igitur Cpnus £ C F «qusi^ 
lis Cylindro AB^erit etiant 
eiuflem Coni A C G tri-»' ^ 

plus : Cpni yero ciuicipnv» . :• 

altitudincs iunt intcrfeficut bale»;;Quarc bafis ^p 
coni ECF eft tripla bafis AG coni ACG^vcl Cyr 
lindri A B quod erat demonftrandum \ 

PROPQSltlO JLVlit 
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to rad ji bafis Cylipdri flrquali^ i^prcioni 
10^ eiiifdetn dttltiidinis ; 
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O kPfim^qivxmqap Spliano ABC, ciiiiis iiiiu^ 
O .<Jtt»r qiwm > Hc piuiHfini ^kiicuiliaia , caa&apmnt 
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Cylinctrus a^ualisporcioiii A B C . Dico quadratum, 
A D vna cum certi4 ^ait^ gUa<£taci( B D {imul dupla^, 
I eile qusdraci radij bafls Cylindri zqualis Porcioni . 
JDitfi^ftaf ^aninii BD^iis porcionis in E» yt-Qc qua- 
dlF^^'^' ^ £ P^^ttalc cenic parci quadraci BD-ydc 
iil drodudlbaxi^ DB Ih 1 pundbim akicudo Coniiu. 
per-baiii|ftirtJoftii» coqftinici &ci acqualis^ ' Pfoduca^ 
tur iam AD radius baiis porcionis mK,vtftt qnzr 
' dratum K D ^ ad qiiadratum A D , ficut xcdoL I t)\t 
a4]^^<^^ni B(;f j Idt^r Conu& cu]us.baiis cadius KD.« 
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& altithido BD, aequalis eft Cono ex bafi portionis A C, 
' *^"?^^ '^ } , r hoc f ft poitijoni ipfi ) ;, r<^iprocah,^ 
•.u* cnim bafcs &: al|;itudines j Quare ^tiam xqualis erit 
Cyl^dfo'FG,^Uf fuppdnitur fieri a-gudis portioni 
A BC y^ igitur quadratum X P erit cripiiimbuadra- 
tt.DFtadijbafc<;yJindriiFG, - .'. •" 

Cum ergoiit ficut d.uplum qv{ad^^ti A^ ad qua- 
dratiim A B , hoc eft ad quadrata A D & D B , ita D B 
Uaea ad Jiiiem BI>erit cqmpqnendo &pcr'<:onuer- 
fixftiemradonisficucduplumqtiadraci Ap vnicum 
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: «juadraro A u , nocen mpmm ^aaqnkciMi: a^u cuol ■ 
! guadraco D fi ad duplum guaijratiim. AD^Ui Wid\ 
' D B , Sed ilcuc I D ad D B , ii;a, ^&um td quadratiua • 
KDad ^uadr^cu m A D . Ex xqnd igkut Hcut ttiplmn 
guadracum AD vna cum <^ua^(rHtOjB&,dd dxtplwsBu 

^uadrati ADjica(]uadracum KjDiati9iiAdnicmtt.^Uj> 
&{icuccerciapars ancecedencis fiti^tjom dtciUoei: «oua- 
dracum AD cumquadraco DJB «ddnplum quadraiii 
A D > ica cercia pars ancecedenc^ ^pQJbrfQinniuiciJiQec ' 
quadracum FD ad ^uadracum^ A'D>.Vb.piefinutaftdo 
^cuc ^uadraca A D & D £ > ad qiwidffaCUd^ AJik^it^ flh»^ 

v^^ijj^%^fifmm.^ B:Q irtW;Qttmiftccti«. paasi^aV 
draii,?;c»siHj Slgf ,(^p^um.Qft «5^wdca(;i:lRDiriadl;i)6t 
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axis ciMt^sm^j ifl^^i^ diamc 
tri Spnserse , ad dimidium Cubi totius 
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Conus ez 
ndio OB 
&aldtiKli* 
acDP «• 
qualis eft 
Spiwis* 
Arcli.11.1. 
deSpli.de 
Cjrliudro. 



DicoConum ADC c/1 

le ad Siptoam ABCD, 
«ficut iolidum ex qua- 
4draco D E in E B ad di- a 
•Aiidium Cubi ex dia- 
^mctro Sphaer^f B Di. 
■ Qu5>JMam cnim Co- 
m habenta<l inuiceni; 
tacionem compoiitiim 
«X bafiiMu dc altitudini; : 
4n!s iplo^m^Conus ve^ 
ti^Aa€^cuijis b^sci radio AE/&iJcitud6 ED* 

«dCatoumcuiusba^5cA«radioBt>,&altituaoDFi 
^^abecficup lohdu^tpawU^^^^^^ cx rc€femgulo 

©JE(B.mv0E,hoccft<b:guadJatb DE inEB,ad ib- 
^m^ttr^uadr^oD^B in DF, hoccildimidiuiii^Cu- 
bi ex (hametro B D i Coms ver^cr radio bt^ D B ySt 

aJtitudmeDF^quaJiscftSph^^ABCD. Quarc 
lf^«4R ? /^T^?¥"°^«g«^drato ED axis co- 
8 « m»y^ Wm Ipk^ss , ^u^S eray propofi 
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Si dlameter SphaHia; proAiia» fiiei» V ^fta^ 

a JBfi^.J». or€fi.tpiain defoibatiir Sp|ta* 
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ad dliainetrumredo,^ fiiper circulo in 
inaiore Sphaera per {nterfediQneni pla- 
iii(aj^(0»conA|tuacur Cbnus haben^ ver^- 
tiicemin cootadu Sphanrarum: Ille COi* 
nui «e^rit seq[ualis Portioni Mindris Sph^ 
raef ab codemplano difledse,& <;ir<a ^uqi* 
4em ax w Confti^Wtsp / 



Slc enim Sph^ra A B. 
CD , cuius diame- 

cer B D producatur lA 

£ , Vc £c D £ sequalis dir : 

midi«e Dfi,i$scircai;D- F 

tam BEjdfficribacur alia . 

Sphaara f BG£> tangens 
1 SpJbfiQm A B C D in B 
' puQ^o. Spcencur iam 
; ambo yecuntque plano 

ad diamecrum re<9soj£i- 

cicnte in Sphaera F B G £ circulttm. circa diftmetrumj 

F G , &in Sphaera ABCD diflecante Portionem ABC, 

& iiiper circulo in.Sph(rra maiori po bafi > inlcribatuc 

ConusFBG^habensvcrticeminconta^SphjBratum . 

B . Dico Conumi F B G xqualem efle Porcioni Mino-. 

ris Sphaerae cpnflicutje circa eundem axem •&H> icili^. 

cec Pdrtipni A B C . - In£ribati]f eoim in porciono 

ABC^conus ABC:& .. 

QuQAiam Conus a^ualis Portioni A BCy habenii 
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U *x H U &aimidwPD,.lioc5ft.H 6, ad i|)iafn, ^ D; 
erit portio A BC ziXj6j^\im (uum A B C ,,{icut H E 
ad y^b?, :?otiiii vei?^> B G cft ad Conum A B C fcum 
fini<daiH^'i01dckidl»&^icat9Uadtaetuih PHadi^ua- 

^ngulumP^B^y^liici^EKa^HD, (^WFcum 
?ortio AfeChabcatacIConuin fuum ABC eandem 
rationcm quam habctConu$FBGkdtundcmCoTium 
A B C 3 erit Conus A B G arqualis Portioni ABC ouod 
demonftrandum era^ , .:'..., i. ;* j 



COROXLARIVM, 

Hinc manifeftiicft <ju6d CoaU9 maximusin Sph 
r4 F B GE >inlcriptus jequalis cric Sphanr^. ABCD cir« 
ca axem eiuidem Coni maximide/eriptx; vnde. etiam 
iequitur , quod Portro ie hahct «d Spna?riim iuam , fi~ 
cut Conus i xn Sphxera cuius axis cft iei^uiaitcr diamcr 1 
triSphxrasdatxjciu/dcm altitudtnis^fnun portionoi \ 
ad Conum maximum in cadem iphasri iniGr^cunUy 
vcl ficut parallclcpipcdum cx iegmcncis lin^i^uial- 
tcr«di9mctroSph«fia*Vcuiu$ba{ii ktusdcxauak al<^ 
lididini' eiuicicm Pof cioiiis , ad ^aatuor yigeumas ie- 
pcimasiCabi eiti|ciDi»[ r^^ : C4ik ^m in prccedcii^ 
Itt figuiii)i3onu$ FBG'fitdd ^crani FB&E^ficu^ 
iolidairi «« ^uadxaco B H in H £ , ad dimidkim Cubi 
er' diadi^iio' *B £ \ Cubit» vero cx diamtcro B £ > iic ad 
Citbiim<e| ^mttto SDiiicuc x^Ud t* qutfdCbnas 
F B G eft ad iphaeram A B C D > iicuc &lidiim>ex qus^ 
dnvd BH>iii''HE addimidtii» Gubi e:i Ite^d BD> 
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hoc cft 4. Atqui Porcio A B C «qualis cft Cono FBG, 

ideogae fc habet ad 6pli«ram ABCD , ficuc /biidutn cx 

J quajcu-aco BH in H E , ad 4. quo^um Cubus cx f ota B 5 

PROPOSITIO LX. ' 

Omnis Portio Splwfre ^qualis dl tribus 
p>ais ex eadetn bafi & diihidia aldtu 
din^ ciufdem Poftibhis , vn^ cum (phae- 
rJ,cuiu$ diam^tcf eft ipfe a3MS J^qrtiip; 

JUSt 
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u Porcio ^uxcuAque Spba?ne A B C , cuius axK 
Bp diui/usiit in £ bi^4^> &cifc^a|nelrttf|i 
vejaxcm BD cpiicibiatur iph<rra,acdu<3as AE^Et; 
fuper |)aii Porciohis A C CtCdiiu? AEC, ctlius alci- 
tudditc t)E diniidiuinaxis.-^bicotrcsCorios A^C, 
irnicum iphxnUiral azjem£f) (kiid £^1»«:^ Por> 
tiotii A BC : -CoilAftiiacuir eiii^i cifc^j^if£i:SP,Cy~ 

EtauoAiam^quadracUmAb fadij t^^^ Iprtibnis 
I "- :i^-.^^-::i^ ^uadriciaxis porri6^s'B0,fi- 

^uadrati FD rs/Hi bafis.'^}ifA£ifi;FG 

z stqua- 
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BD & akicucjine BD eftduplus Sphsra: ; guaw ^res 
Coni ex t>a{i A C & alcitudine D E , vna cum Cono 
ex radio bafi B D j & altitudinc eadem D E , hoc eft 
Sphxra circa ascem B D , fimul ^qudes iiint Portioni 
A B C , guod eraf propbfitum demonftrare . 

PROPOSITIO LXI. 
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S circalderii-i 
''<^{^anQia4bafifii |iJu»Uelov^ia vtroque 

'\i&iApm faetxt 
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E5ci» Hmii^hariumABG, cmas ton^uibD:, bsN 
fis ACj.&oiea^idem^cencram-&r^aper'eacl<emi 
ba/I j icilicet eodem plano confticuatur aliud HemiA 
pha^rium mm\ii.^]iQ.y^ts^\C&ciiitiii^^bo plano H I 
bafi A C parallelo , & in vtroque ipibrum icgmcnto 
iaiciiiinuniDrx^Cjii^iiU ia*muGfeo:|tcilicB0:t3pUi»firus 
H>INAl>ih minod.yjetQ?Oijlii^us KLP^i^ 'Dicd 
paroQSjeitc)uj(as iegi|k^aa>rhhi. cxtnqdylihdib^ Jfcife in-; 
cei- fe apqmles > videliceQpxnhm notatam htcrifi ;^HMi 
N I C ; iigmdtiti) miiovisj, 'stqi^lam' ^iSk- pani'.£ K.Qi 
PiL G<, .m ilBt oB igicginqipc; :mcs{iiav canhteRic^aiigfti 
ius QO It aiuer leiiifdeBiJ piana tjqMchili' ^ifitiiHiH 
€(>nusi^gffl0]ici;jrnai^m^A&)3[ I^Li(ii^nqm»hu3nad^ 

Cono i^oi^nbi: hi^p JKmb/a^(^pu^k -^ini^dfD tS^^ad^ 
iecumti jiH D|;D^^Ue(n^4CaaiuTed^aKgd^ 

dio ie«SiQKii ieicanch^Bi^Iill^^^eaiirjCbBiiii^gn^^ 
HDI &conus re<^ngulus QDK bii&ai{ttt.«qua4 
les toci Se<9!ori iecundo AHDIC j Sumpto igitur com- 
muniCono H D I , erunt tres Coni HDI cum duo- 
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bus Conis re^ngulis QD R fimul squalcs fegmcn- 
CQ A H I C , quarc deduc^o Cylindro H N , vcl cribus 
I Conis H P I, rcligua pars fcgmtnti «qualis crit duo^ 
bus Co^iis rc6bngiilis QD K . 

Simili artificio demonfb-abititr qaod in iegmento 
ininori £ K L Q , pars cxcluia cxtra Cylindrum KP, 
hoc cfl , qu«e notatur literis £KOP£Gj>fic xqualis 
ctiam duplo ciuiHcm Coni rct^nguii QD R , & idco, 
partcs ill£ exciuiar, cum iinc iequales cidcm ccrtio, ici- 
lieet diipIoCono i!e<SbnguIo C^Rj ituiic iacef & x<faA^ 
lcsquQdcracp^pQiicumdemonikarer^ )•> ^ ' ^, 
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Hiiic clidtur cpiod exceiBiis iili iegmcnQcniam iiipra 
C^IihdiSo^inipiis inicripcdsv^ntionpcr diipli cxte£r 
iuuni Cylindriiupecbaii HemiipiiaEiri^' conuicuci iiiT 
pra ic^mcnciim inten cadBm.plaha intenicpfn.': E)e-r 
chbnitcacum dk enim quod excciTus. Cylindriiiupra^ 
Hemiipliavium vct quamiibec parccm fiulGbm vccun«^ 
ijUc in&er.baiiih» &phnudi bafiiparaiicium ifitcrce-- 
pctan&icmperjQ^ualis Conafc^bngula einii^em aU 
acudiJBits >. ^m y«ro ^monftracUikK cn ^uod ifti excci- 
luftiegmcncorum iimra Cyiindrb^^tdupli. ipiorunu 
Co^rum, re^^tmgtiiaruta } >Dupli.igicurUunc cxcei^ 
fiuuaCjrliiidri iupriiicgmcb^a licmiipfafff iouttttianjcqc 
eadem Jti9na.iiitsFoapci))^^pta candciai; baiiim Hcn 
mi^ka^j xoh&tuli C i [ 
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Si fit Hemi^hseriuch 9 & circa idem Cen- 
trum & ad eafdem partes aliud hemif 
phserium minus ; Sit autem« & planum 
bafif>araUelum iecans HemiiphseriunLj ; 
maius > tangens vero minuis 9 & in He- > 
9iiipha?no m^Mori jnicnp Cylindrus! 

riun^ mitiusr/9quakerit«xceffiiife^eft- 
dmaioris tiipn Cyliiidrumv'&^^ari 
partes Hemi(ph^rjf itiittdris fidgi^tspar*- 
tibMs excefjTi^ prardi^ corre^ondefi- 
tes«qualesenim,. 

SIc enim Hcmiij>h«riuDl'ABC> ctiitis cvamiflt* 
' u 1 axis B D > d^ drca idem cencmm) & ad eaideih 
partesi^ UemilpiKeiiam miiuu £F G j^itod tangit 
pknutti bad pafaJietum H'I ia ¥^6kxx vcro Uemil^ 
pharium ABC i^ H dcl^dtiiiiccrpiaiuimHl&lM^ 
um A C inicribacur Cfiindr us H G: Picp H^Upki^ 
rium minu6 £ FiG' lequaleef&iesoefliiiiegmeiiu AH- 
I C fiipra Cylindrum inicriprum H G> Acitn^uias pp^ 
tti iiemi^iuenj £ F C >fingulispardbiu^exonilsiie|^ 

meikiiupraCylindcum HG>viciifim $tmfm9(fi»'> 
leseilei I^icacttreQimvtcoii^iif plantim KLieoiqsJ 
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1^emi/ph«r*iun riiJiius in iJ & L^mihusm M S^ N, 
eyJiadrtfm^l^S liilP /& axcm cdmmuhem 'B D 
BApuh^^iSccbndpUnmtJcmiidiL ft^ phna per 
5^cm>:^^9fifl?d^<^*a|)ipi^^7yl> H & I^ x*4cen- 

Quoniam igitur guadratum M a?guale cft gua- 
"<ifatis'M'6 & OD i quacfraifTirt'4Utem H'^ ae^ale 
eft quadrato FD,hoc eft4uadiati«^O;,0Dj, vna 
cum quadrato HF, vel PO: Quadratum vcro KD ! 
f3Bqualr quadiaio HD)®qiuie <& quadraeiJi K O jJs i 
/ODrquare dempto quadrato OD, quadratuih K!0 j 
ycgualeerit quadrato .F-O , & MO: .Quadfatum i^i- 
turMO ek arqualecxarefliiil, quoquadracum K O lii- 
pcrat gusdffatum cr P D'* ; Circiulus igitur fe^tus ?x ra- 
"dio.KO iequaiis eft iduobus circulis cx radijs PQ 4s 
M O , quare fi cx cicculo &:^ exradio K O iijbtrahiar 
tur circulns cx riadio PO>rc|[(]uum.ex partc K P «qua- 
-|r«rit.cicculo:cxnidid.MO. Idem dcmonftrabitur 
per, tQcom-^acium > vt^icUnquc :^(^ fiictiftt. Hwiil- 
;^aEOaJBi^CyIindEus plano ad biJjaoo. A C pfttallelo i fic 
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DISSECTVJ^: 



i^oHcnxm^immitxiK EFG «qjualccftjjaiti/oT 
U^annulariHcmiCphxrii ABCvcllcgmenti AH^ 
^C,cxtfa Cylindrum H S , 6c quxlibct pars Hcmif. 
phjcrij E F G , cuilibet parti cxccisOs %incnri ihpn^ 
Cylwdrum HS,mtcrccptiintcr cadem i^ana pial- 
icla *aualis crit j f cilicct portio M F N awuaiis crit par- 
ti cxcc/susdenotaf* I«crisKHPQI L,&:%mcntum 
E M N G,arq.,^lc crit parti A K P R S QL 07 quod dc- 
Qionltrandumcrat. • * 

COROLLAK.IVM. 



Euidcntcr apparet cx dcmonftratis hic,&eac pro- 

5>o(itionc i7,qu6d annuJus Spiiaricus AHR,ICS 
ccari potcft duobus planis bafi A C paraJIclis, ita vt 
pans intermedia fit in quacunquc ratione data ad ro- 
tum annulum . Si cnim iecaum fucrit Hcmi/phaa-ium 
£ F G , ita vtpars intcrmcdia fucrit ad totum in ratio- 
nc data , & produdfci fixerinc eadem pJana ad interic- 
aaoncm HcmiipJijerij ABC,manifcftum eftannu- 
lum ipharicum ita etiain iccari in eadcm ratibnc ; par* 
tcs cnibi intcrccptas inter eadcmplana funtintcriL 
arqualcfi. 

FROPOSITIO LXIIL 

» 

Si fegnientum quodcutique Hemi{phseri| 
fedum fuerit plano ad bafim paralle- 
lo» ita vt quadracum totius axjs fegmenr 
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ti fit tripluf^ qua^ratipaitis interc.cpt^^ 
inter planiim parallclum ^ bafim^ & 
COQAi(u^u$irueri(<;irc^ eundcni iix;emj 
<egmenti , CyHQdrus ciuiclem altitiidr- 
nis ^ h^bens bafim aqualem circulo per 
interf^iQqeni plani Daralleli iq (egmcni 

tof^flp i Cylindrus ille se^^uaUs Wtfeg- 
m^ntQ Hcmifehari j . 
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SIc enim Hemi/phoirium . A B C.>& guodcuQ^uo 
/egn^ncum eius A O P C. j. cuius axis i B ioi^s 
iic in H > yc quadracum I D (ic crip(um quadrati.DH 
&per H cranf?acplanum FG bafi AC parailcIunL» 
& in ba£[;A CLfi^ii cJC^ulcOs' ^il^ca cqiccum P xqualis 
circulo FG in fegmenco a ic<SIaone fat^Oj, fuper quo 
n:Ai>ai4!(j^^fi»cur,CyliniJrus I^X. ^uidoi^.^icicucli^ 
nis 1 p -cum icgmenco A O P C . Dico Cjrli^cfrunu 
K'L ^qu^leni eflc lemeiico A O iP C '. Sec«ur 6him 
^ BP.iAfi ^vt fic'qii;<dracum &P mphim^adra> 
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ti £ p > & circa axem £ D fic Hcmi/pha^ium M £ N 
pcr cuius verticcm £ crapieac planum ba(i AC pa- 
irallelum ^cans Hemiipha^rium A BC in Q> tangens 
yero Hemiiphamum M £ N in £ pun^ , & circaJ 
axem £ D ( h&o circulo ex radio b;^u$ R D asquali Q£) 
confticuacui: Cyjindrus QS , pars Cylindri asgualis hc- 
milphaErio £c ^iuic^em alcicudinis > & du<Slis F p& G p 
lineis concipiacur Conus F D G .* £c quoniam axis Icg- 
menci I D minor eft axe B D Hemiiphferij A B C> pla- 
nuhi F G/ccabiq lMii||lph£rium M£ N j&Cylifldrum 
QS: Sign^cur Igisuc incerfei^ Cyliadri QS lice-r 
ra T> &inter(c6l!iQ plani cun; hemiiphi^i© V, . 

£c quoniam Cylindnts T S p(| p^r4 Cy littdri iequaT 
lis HemifphaBrio $<:eiyiclem alcici4dinis ; ei;it |eq»alis icr 
4)^x1 iecimdo A F PjG C eiuidemralcicudinis H P . Sed 
iit&Qt lecundus A F D G C vna cum Cono FPG con^ 
iiciunc /legmencum A F G C > Gyiindros vero TS vni 
cum excci&u nocaco liceris A F. T Rj S X GC > confti* 
cuunc ideni iegmencom AFGC £xceiliis vero ill^ 
perpnecedencedemonftratur aequalisiegmenco M V- 
ZN minoris heaijiphcfi> M^^f* ^^ arauali igicur 
Conus FD G xqualis eft iegmenco M V a N > quod 
mem>i?i^ ric^eQdum* eft , Ruriiiis cum ^<^U(xi, iic i2> 
cuc IP ad HD,mBU ad £D><ricpejrmLUiiahdoi^- 
cur ID ad BD>ica HP ad £.Dj Quare^m^ntunu 
A O P C cuius -axh I D , eft ^ iuum hemiiphferiunL; 
cuitts axu; B D > i^cut pbrtio M V Z N cuituaxis HD^ 
ad iuum Hemiiphicrium M ^ N cuius sxis £ P > Simi- 
lia ijgitur funcjicginenta A O PC & M V ZN ideqqu« 
in triplai^cione fuiumiuoruatoihoc eft in trtpUra^io? 
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I>9to fcg- 
meoto Cy 
Ij Qdram^ 
cqualem 
coiiftitue- 
re iaead£ 
tlcitudiocw 



Oato feg« 
meoto eO' 
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fic tripki* G6tti P/DiG ; cft Aiicdli|im F D G itt cfifpJ^ 

^Uacto^ H^P ^ ^ua^ Cylindi-4i<^ ^K -L< «ftr ^4- Conumi. 
^ D GifliripU ratidi]»> i D ad K Di, iciliceo ^ut ieg<* 
ilid-iitiA^ iAO PCiad legmentum 'M V 2 N . Sed de- 
Indi^lattim^eilquod^legmentoM V0K ^^UitJis /it 
(Tonus- F^D iG . «Ae^ualis igitur eft CyJindriis 'K L Jeg* 
tiiientd A O^PC; G|uod<demoAftrandum erat « - 



«• i 



' *. 



. .« « 



. 1. 1 



•1 



t ./ 



COROLLAH-IVrMv 



» r 



» A «. k '« 












^ f 



-'^ HiinjeHidtarj^uiifrfii^iUadhciwn^l-adij baCsGylinj. 
<6i^ «^lijUii» ieg^enc^I nJiiiiu& -fit ^Uadrato Iradiji hd&st 
Hefnii|>li{£rfj licrti^ ^inJe ^Ucidk'^ti.«xi3i eiiil^dih> Jeg>> 
fiiietoci . Qtare i£icili nbgdcio, tbhftictikur ' Cy^ihdrus 
i<^afaJ^&4;mui¥q'U£^gii^enco Hemiipii^njdACO, in ea^ 
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. ^ i. .: 



;^>^^&i4m^ (^aTacldHte coAAktti poifit)«(!iafiL. 
^jij^as^iiilflAm^aickuidinis aeqUaitt^cnicUtf^uel^it^'- 
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iaoo. t.AX)aeo:cxiiitDlegincn8<rAlPV-Z Nry&te cuadra^ 
tum AD triplum quadraci MD;&dx«|i»idr4Cd A'D 
iubdudio quadrato HD axis iegmenti, reliijui qua- 
dracilatuseritradius'balis CdnHxabaiis iegmeto MV- 
Z N dato , 6c eiuiclem altitudinis . 

Manifeilumieiletiam quod omni Cylindro , cuius 
axis quadratum non lit maius quam duplum radij ba- 
j iis eiui^em CyJindri , conilitui po/Iit iegmentum he- 
miipha^rij squale . Dato enim Cylindro K L ^ & di- 
uiib axe eius I D in H , vt ilt quadratum I D triplum 
quadraci H D , inueniecur F D a?quaiis radio bafis He- 
miiph^rijjcuiusiegmencum eiuidem altitudiDisarqua- 
le eit Cylindro K L dato , 

. Cuicuqueeciam-Cbnd, ctiUff^dij BiHVqll^^aitu m 
noniicininus qiiadi '{{Upl4im qUadrati abeis^i Ctitoftkul 
poceib^midncumillt^adi^ akJeei^iiie'^qtial^,^^Ue^m^ 
admculuitid^cbho^ D^G Vc^iUfsbaili ^a€h,jf^P Hqua!^ 
I dracum-maiuseitquiim dUplum-quadtaci ag^is HDi 
\ dacum eifc FD:, 'SsUdd^ M t> ,*ciiius quadrgtt^miubtifl^ 
pilum^isft iJuadraoifiPD>J^SlVetdqu«aratuin' FH&eti^ 
duplum quadraci D Hjijcucdiliidracum *^- cflr.qtiaA 
draci ED-, cunc Conus ille eric maximus in Hemiiph^- 
rio inicripiiU^iliir^ Sk nQli polcio^^i^iij^Aterij ei a;qua- 
lis in eadem^ alcicudine con^ipui ppctft > Hcpiiiphjp- 
riUr^»ibikbnB(^a]a'4Tit;>iik:iic-e3c ii^i^f^^Hencd* 

propo/icicE^ecckiiQi&flii^af^irec*:' .:....'..) l: u 

. , £x pcecedence etjam mSanifeiluiH ^ft emod H^if- 




ius Sphgricus asqualis in quacunque magiiitttdilie' da- 
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Dato Cf^ 
lipdro feg« 
ineotumLj 
aequale io 
eadem alti « 
tudiaec6«' 
fiituere • 
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Dato coop 
fegm^tom 
«quale e- 
f uklem alti 
tudiois fa- 
cere. 
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DataBfpb;* 
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ta^cuiu^ 4emon(lratipiiem> quon»m £icilisibreui. 



%sos causa om^tto 
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; SitCylin^ruf daiius AC & oporteat alium ponfti- 
(uere iraualefn in data a|titudine D.JE: Fiat igitur {It 
i\c\xx D% ad AB aldtudinemCyiindridati^ita guar 
dratum BC diametri $aii$ Cyiindri AC ad quadra- 
jum E F } ^fnOu^ circulo circa diam^trum p F , con- 
ilruatur CylindrusPF, (^em dico xoualem ei&^ 
^iindro AC: Reciprocantur^nimbafes^akiKudir 
i|e$>|,id(^pmani^umeft, / 

PRpPQS^TIQ LJCIV, 

pato ^tmfy\i2^n\ (egtnento ^ sdiiudl sequa^ 
le in data ^titudtne inuenire, Oporcet 
autem qubd ailtitudq data noQ ^xcedat 
radium Hemifphapri| ^qiialis dato icg- 
mcntp. 



« • j 



Sit fcg- 
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SIc iegmencuin datum ADEjG jcuialiud ^gmen* 
cum xquale confticuendum fic in .alcicudine linetg 
H , c^x minor fic radio Hemi/plia;rij , fegnipnco daco 
.a^qualis . Sic igicur cencrum bafls iegmenci B 3 a quq 
crigacur perpetidicular^s B F «qualis^ine^ H dat^ , ie- 
cans planum fuperius {egmenci in Q^&circa ^enL* \Siaa^ 
G B iegmenci .concipiacur ei Cyjlindrus xdualis , cui ^ Per Leai< 
cciam aequalis fiac alter Cy]indrus I K in alcicudinc FB JJif^' 
vel H . Diuisa iam F B in L , yc jfic guadracum Cocius 
triplum quadraci L B , cranleac per L pun<f)!um pla- 
num b&a AC paraljklttm ^can^IacitsC^liadrLIK i|i 
M ) ^txdnd^lA Hproradip»^ H<!mij&to:iiitn cit^ 
ca cenc^um B > cuittsr^mcncum O M QR P «equale 
jeric Cy ilndro IK } & ideD.eciafll &gns^mo^fiQ>AD£C, 
#<; in alcKMdiae F B^ vei H « qmafL&sieadum «rac . 
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PROPOSITIO LXV. 

Superficies Sphamca? Pordonum diuerfa- 
rum Sphserarumt qux liint eiufclem al- 
titudinis , iunt inter ie ficut radij Cphx^ 
rar um quarum funt partes , 
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SIc eaim A BC ponrio Sphxrx, cuius centrum D > 
&radiu$ BD,lMfispIattum ACalcitttdo-BH, 
& iuper eoideih plano & in ead^ aleitudine con/ii^ac 
^liapbrdoSpiiasne £B£^ cuius radius Ct BG j Dico 
fuDa&iem^hftricam^rtionis A B C ad iuperfidem 
iphacricam portiQois £ BF fc habere ficut finea BD 
ad lineam B G , Ducantur enim linear A B & E B . Et 
^uoniam circulus ex radiq AB a;quajis cft /iiperficiei 
iphxricarportionis ABCifimiliter&ciicuius a radio 
£ B cqualis eft iuperficiei iphjtrics portionis E B F j 
crit iicut ^uadratum A B ad a^adratum E B, ita lu- 



tm 



pcrto$ 
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perficies fphzrica poitionis ABC, ad /uperficiem /ph^- 
ricam porcioms £BF. Quadraco aucem A B 7<juale 
i^ft rfscbmgulum ex cfupla 6 O in B H } & quadraco 
B £ cquale eft re<5bng^fum ex duplo BG in BH i Qua- 
f e y pum eadem iic aicicudo B H ^ re<5);angula erunc in- 
ter ie (Icuc jdupla B D ad duplam B G > hoc eft /icuc B D 
ad B G . Quadrata igicur /unc incer fe in eadem racio- 
ne ', &iuperaciesSpharricaporcionis A B C ad iuperfi- 
dem Iphxricani porcipnis £ B F , ficuc re&st B D ad pe- 
^am D G y hoc ell ficuc radius Sph£r<T cuius eft Porcip 
A B C , adradium /phcra; cuiiis eft Pprcip £ B F j a upd 
crat dem<mftrandum . 
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PROPOSltlO L^yi. 

rf •- ^ 

* ' t 

Sedores diaerfbrutii HemiipharHoruiiu * 
quprutn Portione$ fMcic ^iiifclem alcitu- 
dinis , liint ad inuicem in duplicata nh 
tione radiorum Sphserarum « auarunij 
fiint partes • 

SIc planum F G y /upor <|Up erigacur perpendicula- 
ris Bt£ produ^ vlque in H, &fk<fio H cencro> 
& inceruallo fi H delcribatur portio Sph»rje F B G > 
iniiftens plano F Gy lumpcoque vecunque pundlo D 
in axe B H (modo npn uo lupra dimidium B £ pro- 
pius B quam £ ) deicribatur iterum circa illud alia^ 
ppttip Sphaerje A B C eiuidem altitudinis & eidem in'' 
liftenspianpFG}dua3fqueiamre<^FH> GH,6c 
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AP,qi>,iAtcIligaiiEarfiiaiSfapre»FB6H,&ABk ( 

CD. picq ip<aorcsift(>8 FPQHs^f^ABgp, i4tq- 

fe efle in duplicata ration^ asciu|n ii)0rmnaliP^5«ft ifh 
duplicata ratione B H ad B D . Pu<9i$enim re<5tis F B 
6c AB,£i9^9n»nmt(Qcm\€i^^ €9 pr^r^dio bads 
& altitudine B H i fimjliter ?x A B radio bafis & aiti- 

tudine B D , aui aq^ajef ^r^^ i?e<abRrit>a$ P^fiH^^ 

ABCJD- ' * ' : ' 
,^. ^ ,. ' '' 'W' ^d6iiam'ftiti6 Cpnbrum ad inuicem cdmjkJata 
5ph5je&i «ftpt Wifou5& altirudinibus , crit Si ratio ie<95orisf B- 
^- * pj^a4fc^rcffi ABCOcptn|)qii^facj(:iji^ 

^ct cx (guadrato F 3 pro bafi vnius ad quadrat^m A B, 

probafi altcrius,&re<aa B H altitudinc ie<^oris FB- 

C H ad rc<^m B P al3.it vidinem f^O^^h A B C D . Sci 
in pra?cedp|i(f d^m^Ara^um cft qttod ittpcrficies fyh^- 
ri94 porponis FBQ , cfl; ad (ttperfieicm iplifflricanu- 

iW^^?*»!* A-^C fiiiflem ^tlmdiniaficiir H B radius 

SpterS «liiui^ pQf e© ili^ cd ad BQ radium fphar» 
portiottis A ftC > Qgar c propoitip Seiftoria F B G H 
ad^l^^^rem ASQ^^iCQmppfi^ ei ex {iiferfeiebus 
i^ ratipn? '?H gd-^ P>i3ft?3f ij^^JB^ alcittt<faiit)af3H 

adBO. 
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id B P • In dupli igicur racione fi H ad B D> eft Se- 
^r F B G H ad Se&rem A B C D ; quod erac propo • 
fitum demOQftrare . 

PROPOSITIO LXVII. 

Caflis vel excefliis Sedoris in Hemilphac- 
rio (iipra Rhombum fiium eil^ ad He- 

eidkieiti Gafikiis IkL duphi^ 
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^l diu^.blanapatr£rF:adbafim jA'CfaisdUeIoy[ie4 
cance«iiamaxeinfil>4 Jn jiuni9K>G , Di^<a.^)ii£teihi/Q&o 
lidam JLfiF; ^yicgiiipwifte^c^m fambmt£Mfif 
intra vero ezcauacam iuperficie conica Coni £fiF c qnl* 
Cailidem vocamus ) eile ad Hemiiphan^ium A fi C , fi* 
cucquadratamlinear fiG icilicec alcicudinis eiui<iem> jj 
Cailidis i ad duplum ^uadracum B D vel quadracii Afi . t 
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cqualis Cono cx. radio £ G 4{<«4(kjid;?l<itt4ui^y^; 
igicur Se€);or £ fi F D eric acT KnofnDum £ B F D li' 
;cuc baiis ad badm, vei ficuc (juadracum £ B ad quadra- 
. cum £ G . Acqui ejcceflus Sedloris iiipra RhombunL* 
ieftipfa Caflis > &; exccllus «guatdraci EB jfupra quadra- 
icum £G eftquadracum BG;per conuerdonem igi- 
. cur racionis ucuc Se<^or £ B F D ad Cailidem fuuxo* 
, £ B F , ica qiiadracum £ B ad quadracum BG. Rurlus 
, Conus ex radio A B & alcicudine B D xqualis efl: He- 
'miiphjcria^ £rgoSe<Stor'£BFD eric ad Wcmiiphajriu 
A B C> iicuc quadracum £ B ad quadracum A B . £x 
«qttaliillcitcerft Cjitt CaAKvJif £«l Heiiift^btati6ill 
A6 G9iJnq«uUlr^iMiindiiicuQihB<ip^ icdit 

lineaEifi^ , jui qu^iiif acuni «A B^iklaJidufbtm 




\' % •] -ml 



ilfiprc.i-r: 



l. " .. :ii;."''.-> ■)l.\'- :'.-u\ ri:nv.,' . XOOIVf T. Uf-.i 



• I 



kj k ^ '' • I i ' c 



I . 



f <- 



' . • 






• , f . 






•» • 









t • •' 



i' 



: ^ 



•- ^ 



COROL- 



■l^ 



i 



rftoMialMiHflnaMttk 



X 



fV/MSAHCtFVMi 1 



ifc I 



COIIOLIARIVM. 



1 



Hific eaici^s Gjtt ijuodCaffb in racione data ad He- 
fnifphxrium conftitui poOk > modof-atio noa excedac 
iubduplafh > & ad ipiian-am in qoacunque dacaratione 
minore . In Hemifpliasrio enim fiac quadratum BG 
inracionedacaad-duplum ^ua^ci BD^&Cailis eric 
ad Hemiiphaerium in eadcm racione . In Sphicra vero 
.quadratum aitkudinisadquadru|dum<auadraciradij, 
irei ad <]iuilfaculnu8iBfnfecri S{ih«f «^onfljeueikiUin ed 
ini«tMi[^daiuU4tdincCiiiIisiiid&iem i^tione«rit ad 
Sphxriuii cuiiis^s ^ialeftx in demoofb-ando veni 
«ccnnec ' ^edxir w iieini^hviio msLiot i ^ >i^Uo iA ie-^ 
cundoCoioU.£roDi.s4.1oqauciiiimui« •• > 
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Caffides ciu((lem ijjtitudiois (uat >d iaui^ 

(cemffcuiRidij Sp^rarwuxju^' 

fimt partes " 



'h *' • • i ^ 



t k, • • •' * 



; w V i 



• » 



• A A 



SVli»eiii(itiQina)uoiBi AB 4u± 0«fl[ldcs:<>AO> 
) £ AF fciuiddi^ alcittiiiinis ii&^nt ndi^ ^hflararum 
^uanunqy&nMaiptfcesir^ AH ifie A G) jSB-fiac ii-^ 
Wt HA ad BA ka B A ad lAi^ ioerum ilcut G A 

iidBA/iitaiBAiad.XA.--.i ■=• ■ -'■ •'••'--' ' • 

fcHjuonkm &nr diiar icriec proportionaUitm^ 5e in 

«ira<juc»ltnea BA «ftmcdia>4ric>re^bngttliim HA 

in lA 
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in IA:«quaIe fc^^anguJb GAiit £A';^ide6 iicu( 
HA «<i:GA> ka KA ad 1 A . Sed cuai. pn^orctQ 
Hemiiphaerij > cuius raidius HA ad Caflidem CAIX 
Gt /icuc <ii^lum ouadmi HA ad-^adratum B A; 
erit dimidium eiuidem Hemiipkarij adeandem Oal^ 
fidem iicut quadratum HA ad duadratum BA>vel 
iicut lin^f fi A adr lineam | A i kmiikcr vnmA^rabi- 
tur quoadimidium Hemiiphzrij ex radio G A erit ad 
Gaifidem £A.F iicut GA ad KA*: Fiat iam ficu^ 
HA ad GA,itti GA ad MA. \, 

Cumigitiir prbportib diniidi; t-femi/ph*rijejcra- 
dio HA ad fuam CaiEclem CAS)>^tioceiUine£ HA { 
adlineam I A^compoixta iit ex ratione HA ad G A 
i lcilicet akiiim j G A ad K A W dimidij hemil^xrli 
cx radio G A ad Ca^idem iuom £ A:F )'& K A Sid lA 
( rationc etiam axidm J lodeiicccierdapla laciQne axis 
HAadaxcm GA^&ratione QA ad KA: f^opor-^ 
tio vero eiuiHem dimidi j hemi^liaartj 6x radio HA ad 
OffidemlE A F >c(miMiticiurex:faii6ne iu^-a^ 
dcm /imjJem CaflKbtk A F ex dodetai' mdiQ H A , yi 
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DISSECTVM. 
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deSket ad CalSdem hAM» hoo ic& es ractsae Hnes 
G A ad K A j &ez.ipiStis Csilidifi L AN racioae ad 
Caifidem £ A F ei fimilem > id eft excripUrajcioae ra^ 
idiorum sd ijuiicem H A ad G A .. Quare rcdu<5tis r4^ 
«aonihus GaoBpoficisad miqubmps cerminos , erk com- 
poHta ex dupla racione H A ad G A & ratione G A 
ad KA cademqujr£impiaracio H A ad G A &r H A 
ad K A j {cilicec quackaci HA ad retfhnguium GAK> 
i& tcompofitt cx ixipll racione H A ad G Ai & racio^ 
nc GAitid K AiCueadem qu^. dupk rac^oH A ad 
<G Ar&ilicet HA.ad M A) ^ HA ad KA, hocieft 
(icucf(]uyi»CJ!MnQir.HAadx!p^bngulumMAK. QH?~ 
re cumrid^m.qiitdijatJim HA & ad re^bagulunLr 
G A K ficiiC dimidium Hemi^h^ijj cx radio ^H A a4 
Caiiidem C A D > &; ad ret^guium MAK dcut idecn 
dimidium: HoniiipJl^if^tad Caflidsm £ A F >oporcet 
qnodCalfisC A Diiffid Caindejn.£ A F, iicutretasin- 
gulum G AK ad np4bngulum M.AK>faoc c& iicac 1 
Enea G A ad lineam M A > vel i^cuc radius HAadf»^ l 
dium G A . Sunt i^cur Ca^ide^ -eiuidem alcitaidiiii^ 
ta racione ndior um Sphxrarum luariunyquarudi^nt 
|iaices.i fici^c demWiraodum crac. 
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HinccoUigitUfiqudd Sphsraj^iamciiipajeitiideni^ 
axcm ABiieilicfiC alcicudincm Caffidis>£c idl^aili»-. 
dcm^ia racioncLffadi; eiuickm v^!Ds6i^fiA iradiijai^^ 
rac cttiiii pacsiHaCiflfecft > 
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Caffides 

ciordeoM 
iltttadiQis 
iA ritione 
fiiperiicie- 
rttmfpii9- 
i cicamiB. 
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Caffidei 
eioidaaii» 
fpliar^ in 
ratio^e cf. 
PofitM ;e^ 
Aiperftcie- 
bnsS^altL 
^lBlbns. 






Paeec eciam quod Oailides , ilueiim eiulHefn ^h»> 
tx > fiue diuerfarum > fint iemper ad inuicem in rauo> 
ne compoiita ex iuperficiebus /piixpicis ^ & alcicudini- 
bus . Nam {i finc eiuiHem atcicudinis (uat in raciono 
iiiperficierum ipha^icarum . Suppponancur enim isL, 
figura prscedence omnia iecari plano per axem A B : 
mani^ilum eil iam red^angulum ex dupii A H in AB . 
iequale eile quadraco A C j rediangulum eciam ex du« 
pla A G iri eandem A B sequale quadraco A £ ^ qua- 
propcer quadract|m AC aaquadracum A£ ie habec 
iicuc dupla AH ad duplam AG, hoc eil £cuc.A H 
ad A G j & ideo per demonibrata eric Caiilis C A D ad 
Catiidem EAB, ficut quadmcum A C ad quadracum 
A £ > vel i?cuc iuperiicies Sphcrica CaiTidis C A D ad 
iuperficiem iphanricam Caiudis £AB . Producacur iain 
axis AH,dc^cficuc AG ad AH,ica ABad AO; 
Se eric AO alcicudo Cai&dis L A N; & msinifeAurru 
eft quod racio Caffidis L A N ad Caffidem E A F ih,i 
iimiiem fic eciam compbiica ex iuperficiebus &alciGu- 
dinibus -, ihnc enim in criplicac^ racione radiorum AH 
ad A G: quadracum enim A L ad ^uadracum A £ cfk 
duplaracio A H ad A G,vcl AOad AB ;fcdluper-: 
(icies earum iph«ric« iiinc ficuc quadrata A L & A E j 
^ ideq iiinc in racione ^omppfica ficnc (Jic^um eft . 

Scd finc eiufdem Sphierap, fidut feaffii L A N ad Caf. 
fiden^ CADi Dico eciam racionem eilc compolicam 
ex iupefficiebus Sc akicudinibus earum. Ducacur eriim 
linedL C L ; & qucmiam peripheria AD aiqualis eil fci- 
riphd*is- A C ^ eris angulus ALC cqtudis arigulo 
A C £ , &angulus A commums i idedxriangula ALC 
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<e AOE Stat fimiliai tc ficut AL ad AC , ia AC 

• _ 

ad A £ : Quare (iajt qnstdmeam A L acf guadracum* 
AC> vel /uperficies /phanrica Cal&dis L A N ad /upqr- 
ficiem/ph2ricamG«fl[idisCAD>icaALadA£. Sed 
cum caifis L A N ad cailtdem £ A F fic in criplicaca 
racione axium , eric eciam in criplicacl racione A L ad 
A£ , Caflis vcro C AD eft ad Caifidem £ A F in ra- 
tione axium « vel A L ad A £ . Dedu<5b igicur fimpla 
racione axiumex cripIa>qua5r6maAec,iciiic6c dupla-» 
racio 'A L ad A £ y eft racio Caifidis L A N ad caflidem 
C A D . Sed demonftracum eft quodlupef&ies earum 
fi>haericas /unc in racione A L ad A£ , & aicicudines 
ctiam in eadem . Compodca igicureil racio Caifidum 
in eidem iphxraincer ie> ex racioiif iuperficierum iua* 
f um iphxricarum > &aicicadinum i quod oporcuic de- 
moiutrare . 

PROPOSITib LXIX. 

t 

Ratio Cafiidutn ex diuerfis iphanris & ia.;» 
diuerfis altitudiiifbus confifieotiuinj t 
componitur ex dupla hidone axiunu 
Sphserarum , quarum iiint partes » Sl ex 

ratione altitudinum . : . . 

Slnc du£ Cafsides ABC &; £ B F > diuer&rum iphz* 
tarum parcesA in diaex^Mlcitjudinibus ^oaiift^ 
tes; quz ob commodum demonftracionis > circ^ eun« 
dem axem > & cangences in poio B coniricuancuc > & i 
iecenciir ambsperaxem BD>inqttOj(it B1C a^udo 1 
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Caisidis £ B F ^ dcd\iOa. fit GIH per iacer(e^ion 
liac9:AB cum periphcria B£ > £>cans axem in I . Quo« 
niam igicttr sacio Caisidi$ ABC.^d CaisKdem £5F> 
compoaitur eiE r^cionc ipfiusLad Caisidem. G BH, hoc 
tfh ex ccipl^ racione;A3 ^ ad G B. (iiunc ettim-/unilesj ) 
&exr'Caifiide GB^ ad Caisidem EBFhcic eft ea( 
ratione; IB ad KBv £ft aucem £^uc A BadG Bj i^^ 
radius ad radium > ^ ica DB ad IBKompoaicur ica? 
<jue racio Caisidis A B C ad Caisidcm E B F, cx tripla 
racionc B-t> a^ 1 1^ / fei ricifoy 3 # ad kB, hoc 
cft cx^ dupla racipnc B D ad I B , vi^clicec, ^xium > & 
M«)ri:« ©B-^ad KByfcific^eakictidinumi- I^Aio i^ 
(ur^^^^idmn ex .dtucjiis Sph^is^ «iiuerii) aincudi- 
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Slnc cnim duoConi A BC , D £ F > eiui3em aldcu- 
dinis ; 8i S^phxrarum , in guibus fUnc infcriptibi- 
les^diamecrifincredbe GH & IK,a auibufi abicindan- 
tur parces GLSc IM xguales akicudini Conoruni> 
ABC,&DEF;&ficLH reliquum diamecri Sphar- 
rx y in <jua Conus A B C eft iaicripcibilis -y M K vero 
i-eliqua diamecri Sfihxtx, in qua inicribendiis efl Co- 
nusDEF. Dicoconum ABC efleadconumDEF> 
iicuc LH aid MK. Quoniam enimCbni ABCi & 
D £ F iunc in eadeni alcicudihe i (uni: incd: ie ficuc ba- 
ies^ihocefbficue^uadracuih AC ad(]uadracum DF> 
Vel ficutre<aanguluin H L G adi-e<aanguium KMI*, 
^ib , ^uoniam G L xqualis eft I M , iunc }h racibn^ 
L H ad M K > qti« foncxcliqu» diamccro^fufn ij^orr^- 
rum in quibus coni A B C & D £ F iunc inlcripcibiliss. 
Cohiigicur eiii^eih alcicudihis, func inccr fe in racib- 
ne reliquarum' diamecrorum i^ha»:arum> in ^iiibus 
iunc ink;ripcibfle$ . • ■■/ ' 
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PROPOSITIO LXXL 

Conus e^ ad Spharram in rati one compo' 
fica ex dupla bafi ef ufdem Coni ad fii* 
perficiem Sphserse, & ex aicicudine eiuf 
dem ad diamecrum Sphanrst . 
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ESto Gq\4dfim Sph^r» A B i^.g^mns C P E c^iiu 
aris D F i Dico Conum C P. ft a4 iphwram A3, 
fiSt in r^doi^e compoiita e^ d^pi^ Wi C £ a4 &petS«- 
jcjem ij^hfsrii A Bihop^ftaijl p^cttlHm ?^r«^<? ^^^6^1 
4ii«m«cro (phaejra? A P i ^ f Jf ,akiti|4inc Cpni P F a4 

ipAm 4im«^9^ ^l^asr^ A9; fA^tif^i^im Ognni^ ^HI 

CUHiP l>9ii$; ft mp^a^kiw^i^ ii|p<Hf%:lei iph»r* > al|^r 

M«m 9(1 gii«i4 C^iw iUwa^?li«^i? ^fW« A^.^n 

Et "quoniam Conus C D E eft a^^^pflPim ^ H j^ jn 
Wtione compofita ex bafi C E ad bafim G I , & aititu- 
dine D F ad altitudinem H K j Conus vcro G H I fa- 
^hisefta?dualis fvhxtx AB;ratio i^itur Coni CD£ 
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ad/phxram AB componicur ear mione bails C£ co- 
Ai 0D£ ad bafim.G I coni G H I , & alticudine D F« 
f^ alcictiditiem H K , vel diamecrum A B fphjerx > S^ 
bafis Coni G H I ^idba eft xqualis dimidia? niperficiei 
^haRTX ) & ea,dem.eft racio bafis C E coni C D £ ad di> 
midiam iuperficiem j ^uz dupbe bafis ad cocam fiiper- 
ficiem i^han:£i Qu^re racio coni O D £ ad fphaeranL* 
A B componicur ex racione dupla; bafis eiufaem C £ 
ad ^permriem fphsras A B > & alcicudinis coni D F ad 
; diamecrum fphzr» A B,. 



COROLLARIVM. 
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£x hiQi: fequtCwr quod fl CoQU«|2^h^ft iiiit( dii^ 
ijem tkicudii»i&^contii;<»C aU^^Clr^m ficuc.dupla ba- 
^ coni ad.iii^icrfkim /^hcr^ . 
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lauentre PordOfiem ^^tmat eiuOem altf^ 
tudlnis, in ratiboe datl maiore ad da- 






SI(;cfiim ^$r» A daia>ratiQvsaro quftm habi:£ i 
ad C > & opQtcciK iAttenire . {«Mrcifiiiiem i^itunriS 
inakimdifie 6i»ama. Sphcrs Ajqoii? habeac mior 
pem hae^ B ad lineam C . f iftf i^iir iicur C «4 
3 * ica diAmeter /phxm A ad iineam FG > iSc qiior 
iii«m. FG yinoiqr sfl: diftmfficp J^hicnr A> amE»OT 
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dacur ab ea pars F £ s^ualis diamecro i^h^ra^ A > & di- 
uis4 reliqfia £ G m tres ^arres ^uales , quarum 1E D 
{it viia Vnac circa diafnlscrum F<D , iphf ra-H F LD , qvui 
ieda plano per £ ad diamecrum ttdio ', eitts-porcio HFI 
eric eiufclem alcicudinis cum Sph^ra : Dico porcionem 
HFI efTc ad /pb^r^m A«nciicJUiiea B od iineam C. 
Dudis igicur re<5tis HF & Fl^concipiacur Porcio 
H F J^compoiica ^ CqhoSi Cai$ide -, CoJ^us-xero HH 
adiphtram A eiu^emjilticudinis (cumlKabeacracio** 
liem compoflcam ex dupla bafi Coni ad JuperficienL* 
iph^rx , & alcicudine eiuidem Ceni ad diacinjecru^iphaN 
tx)t& {icuc duplum quadracum H£ ad quadracum 
F £ . Icerum Ca/sis H F I .eft ad /ph^ram A «fuideo^ 
alcicudini&j sicur DFad diame-crum iph^r^ A'>hoce(| 
lindam F£^vel{tcucre(^ngulum DF£ vel quadra-^ 
tiun^H-F ad quadracum F£iConus igicur.£s ca£is> 
iiocieftPorcio HFI, adiph^ram A;> habec cacionenu 
quam habenc ilmul duplum quackati' H£ vnacum 



♦ »j • ' ' J 



qua- 



-w^ 



mm 



MHiti 



,DI$S5CTV'M. 



«ff 



quadrato HF^adquadracum F£ . Sed red)singulum 
D F £ argualrcft^ qufdrat<^ M f i^/cOBtngalum vero cx 
I G D in EF zqualeeftduplo quadraco HE j Tocum 
igitur redbngulum GF£,3Bgu?le eft<|uadrato HF, 
vna citim duoDtfskjuadracis H£ , Sc ideo ad quadratum 
F£>fi'cut'Portioif FI adlpii§rinn A: Sed ficuc re- 
dianguium GF£ ^(i^iia^^ciimFfjicaeO: linea GF 
ad lincam FE,lioc eft B ad C. Porcio igicur HFI 
ad iph^am A , confticuca eft in e^em alcicudine & in 
racione daca fi ad C, iicuc oporcuic^&guod 6cien- 
^dumerac. 



L E M M A/ 

Si (inc quacuor lines concinue proportionaIes> So- 
lidum quod fic ex quadracoalcerucrius ezcremarum in 
. alceram excremam, «quale eft Cubo ex media propor- 
tionali qux propinquior eft ei ex qua. fit quadratum . 

Sint enim quatuor li- a 

iieiet:6tiiiae proiKMrtto^ 

nales A,B:>C.,&irD^^ 
guoniam,lttac cOiitiaue 
proporcionales « elit ,fi* 



} 



B 



D 
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cut ijuadf itum Aad^uadracum B,ica linea B ad Jir 
ptam:f^ dupla enimeitratio.B adD>qu£ A ad. Bt 
Quare3fi!fiatiolii(iaixre£qiiadraKo A in.lincamD erit 
«(piaTeCubo ex liniBa .B ; HecipcooabantUr eaim bar 
les & altitndines . Siiniliter ci|iam demooDftrabttur ^ [ 
fiacioliduibexquadibitdDinAi^QdGabus iO^linea 
C ei squalis eric . 
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PROPOSITIO LXXIII, 

SphafrsedacstPordonem srqualem In 
quacunque altitudine 

reexhibere* 





Slt Sphaera data A>cuius ciiamecro cgualisfiat re- 
«^ B C , & in ea fumatur vccungue puh^m D i 
SciitBD pro alticudine Portioius etchibendx x<]ualis 
datx iphsera; A. Produ^ linea EC»fiat itcut aua» 
dratuneS BD ad ^uadratum fiC>ita linea BC ao ii* 
neam B £ . Diuisst iam D £ in ctes- partes lequaies , 
quarum D F vna > fiat F B diamecer , circa guanu 
deicripta Sphzra > i& ie^ planoad diametrum re^a 
perpun^m D, ^ciat portionem G B H in akiciidi- 
ne BD. Dico Portionem GBH dlesqualem fphx^ 
nedatae A. * 
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^uotiiam cnim ciemonftratum cft ^ocf ficut BE acf 
B D , ita ?ft portio G B H ad Sph^am cx diamctfo 
BDj&guoniam f^&nm cft/icut guadratum BD ad 
quadratum P C , it?i linca B C ad iincam BE i crit fo^ 
lidum ?x (^uadrato B P in iatus B E scquale cubo ex 
B C . $ccl ic?Iidun; cx quadrato B D in B E , cft ad cu- 
bum cx BD,ficut linca BE ad lincam BDj Quarc 
& cubus cx BC ad cubum cx BD, cft ilcut BE ad 
BD,vclficutp,ortip Q^H^d ipiiaeramfx di^mctro 
B D . Sfhxrx atitcm intcr lc i^tit ficut Cubi ex earuni 
diamctpfisj idcoquc ^ii^ra cx cliamctro BC cft ad ipti^-, 
ram cx diametro Bp,fi<iutlinea BE ad lincam BD; 
hoc cft ficut portio GBH,adiphsram cx diamctro 
B D . Spl^aera igitur cx diametro B C , iioc cft' Sph«r^ 
data A , aJqualis cft ^drtioni GBHj^uod ^ciendum 
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L E JVI M A. 

Data difTerentia lacerutn redangiHr* & 
medja propdrtionali incer laee^ 
ra,inuenire 




Slt dataiAB recb difrcrcnci^ larcrum'rci(3>ahguli 
q uaiiti, C D vero mcdig proporciplialis if^c^r latc- 
ra . Linc£ itaquc A B applicetur ad angulos re<^os li- 
nea B£ a^qifaiis rc<5b: CDciats, Si dibisa bi^iriam^ 
AB in H, ducatUF linea HE, 3i€a[£bo centro H^t^ 
intpruallo H £ , defcribatur iemicirculus bcciirrensli- 
nc^ AB prbdu(3:s-in vtramquc partcm in pun<^ F, 
^ G . Dico F B , & B G , efle lateiFa ret^nguii <iua^a « 
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Cum cnim AHfit. a?auali$ H B i & F H fBquaJis H G, 
iiibcraftisi atqualibus. A H & H B, qua? remaAcnc F A 
& B G a^quales incer ^ erunc . Q^e exceilus F B ivL- 
pra B G j eft ip^ A B daca jfed bE eciam a^qualis cil 
dacae C D ^ & eft media ptoporciQnalis incer F B>& 6G i 
lacera igiciir reoan^uli qu^uca |unc ipla F B^ & B-G . 

PROPOSITIO LXXIV, 

DatQ ilhombo in Spi\a?niia(crtptO| alium 
in datarattone inucntrc» qui iitinfcripti- 
bilis Sphair¥et ^ cuiusCpni (uperioris 
akitudo fit ^qualis altitudini li^erioris 
Coni in R.hombo dato , 

f • • • ■ ' 

• .... . . , 

O Ic cnim lUiomJbu« dacus A BC D in iph^a infcri- 
i3 pc^j^iii; mi0 dac4 F» «d G ^ in gujt inueiiiendu^ 
ij c aliu$ JKli6i»is in ipht^ ^ inicripcibilis > Sc cuius iiipe- 
riOri« .Coni.^lcif udo fic eadcm cum Cono ABC ilhQm^ 
bidjtii iiriciUcec lijieo? B £ t FuK igicui .linca> H medi^ 
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l |>roportidnalis intcr F & G i & fiout Fad.H,k6thL 
|>knoperaxeinlitliiiea AD n€^ I.-dat^ iam I mc- 
iisL proportionali» & BB SSktcntiii ^uxrjmtur ex- 
«remte , quarum matori Bai BK xquaAk y ( G: maior 
luerio ratio F ad GiH vero minor fuerit ratio^tpnc 
producatur axis> & in axe produi^lio quasratur pun- 
•chim K j ) inuento autem pun(^.K , circa B K , con- 
ftituatur ^hasra & in ck inlcript us Rhombus LBMK . 
Dico Rhombum A B C D eilc ad iUiombum LBMK 
^cut eft lineii F ad lineam G « 

Quoniam enim Rhom bus A B C D compofitus eft 
eac duobns Conis A B C & A D C , quorum bafis com- 
munis eft ex radio A£>amborum vero alcitudo eft 
axis fphxtx B D ', Conus igitur ex radio ba/Ts A £ & 
altitudine BD>xqualis erit Rhombo dato ABCD; 
Similiter & Conus ex radio bafis L£> ^altitudine BK, 
s^ualis erit Rhombo L B M K . Coni autem , c^aau 
Cat adinuicem in ratione compo&^ ex baiibus 8c al- 
titudinibusierunt inter ie in ratione compo(it4 ex qua- 
drato A£ adquadratum L£,£sline4 BD adlineam 1 



Bb in BK. 
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ds quadnco £ L aj^alc efi.cedlaagulum B £ K. Sej 
fe<^angula| cum habeanlc commuiiem alcitudmemL* 
B £ > iimr44Cei' /e ficii^ teliqUa lacera ^icilicet in ratio* 
ne £ O ad ^ K \ quare ^^uacbacum A £ ad auadracum 
L £ ) iQ Itabcc ficuciinea £ P ad lineam £ K j &Rhom^ 
i)us AJBCDericMRhombum L fi M K 'in racionejt 
compoCca ex BP ad BKy& £D ad J^ Ki hoc eft ii- 
cuc re^ngulum B D £ ad ire^ngulum BK£ ivel: 
ficuc ^uadfacum AD ad^quatdracum LK, Sedlinea 
L K xquali? eftiinex I j &oum q& enim redbangulum 
BK£ ae^uaie guadraco I •» &linea A£> eft per^coiiikftru- 
^onem ^ Imeam I > iicu£ F a4 H , Quare quadra* 
cum ex AD ad)qua(|ratnim ez I» vel ad quadracum ei 
LK>eft£cuclinea F ad lineam G. Rhombus igitur 
ABCD eft ad Rhombum LBMK ^ iicuc JF ad G; 
quod faciendum erac , 

Quicquid deRhombisin^haeravel iiemifphteio 
jn/criEendi^yel de racione eorum incer ie>VBl ad iphx- 
ras auc iiemiiphanria , in quibus infcribendi iunc > di- 
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cend^ita reftac^ ntdso Ucikk^^y vt primd vSliScu cuiois j 
app4tot : func enim omnes, intcrfrficut h ^ ' 

tumjfiiorum, <8wd ^hxns yiA hicmifpbsm 

iiint in/cripti,/unc ficut bafes Conorum,£iorum ttd 
diipliim maximufii xirculumisiu^em ffiaax , vel ad 
dttplam Eafim Hcxxdipbamj ,;ab liis cigd dcfiftam fi^ 
jCflcdiumle^rip^iam.' •: 
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Conftituantur duo Coni A B C & E B F , circa cun- 
dem azem BD^ds iuper isodiem plano AC \ ^ fi^ 
ambo ie(93 plano HI bafi AC paralielqiiDiop Cot 
nos ABC>&; £ B F , fecari a.plano HI in eadem r^- 
tionc«i« . • . ' • . ..-,>. 

Quoni^ni enim Conus HM fimilis eft Cono ABC> 
erit Conus H B I ad conum A B C > in ratione tripla 
axium fiiorum B G & B D j ^d Conus K B L . ctiam £- 
milis eft cono £ B F , & coniHcuti func jd»ca eoidem^ 
axes B G & BD jquare iunt cdam mtnpla ratioiKdf 
axium BGdc hDi^idco ficuc ConusHBl ad cot 

num 
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fiiim) A BCv ica coaas IT B JL ad cdnum £ B F;^ «iFk. 
iittieUdd»ficurconusiHBiad trancom AH:iC> ica 
rconus K B ^L ad tmiudim £ K L F ; ^ Scdi {inir igicur 
'in eajamiattonc : "" > 

r r. Manii&ftam eft eriam, qu6d ii pliu-ibus ie^tifiierinc 
iiiiKnts . ad: tiai^in; A C |Ar^uelis^ ociam omnes crunci 
intermedij in eadem ratione erunt adConos integrosi 
vel ad ^uaflibet eorum partes . Omnes igitur Coni cir-> i 
ca eundem axem cohftMti ied^ iiint in " ' 
ne ij/clem planis baH parallelis . 
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PROPOSITIO LXXV. 

Dato quoctmqoeTrunco Coai« inuenlre 
Conumcuius pars ille erii: , & ad quem 
Truncus ille habebit eandem rationem 
quam habet axis eius ad axem Coni 
quaefiti. 
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It Triincus A B C D datus » cmus axis E F conciv 
piatUr. produifhis ?ique ad veiticcm G Coni , cu^ 
iiilsprsilictruncuseftV&Jitt fiqut FG ad £G> ica-i 
£ G ad £ H . Rurius producatur axis £ F in alteram 
parcem , ^uancuih opm '., Sc /iac F. l iegualis> GHi 6c 
ihter G F & G | ,.fiac G K media proporcionalis j & pct 
pundhim K^cranieac planumbail AD parallelujabi 
ad guod |«oducacur cruncu^ Coni> & c6pieacur Coous 
Is^ M . : Dicoiaih Conum L Q M efle conum quxG.- 
cum , ad c[iiem ■TruAcHs dacusi A B (: D, habcc eandcm 
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rsLthmm qum habet azis trunci £ F ad G K axi 
ConiLGM. Quamameiiimficuc AD.ad BC^vel 
AF ad BE , ita cft FG ad. GE, & itaJSE ad EHi 
crit G H aggregatiun fecundae <& ceni^e > quarum F G 
prima in racione AF ad BEj iStquoniam FI £r^eft 
«qualts GH> ericGI aggrcgacum crium .proportio* 
naiium in eadem rationc , quarum jB G maior* Ite-t- 
rum cum iit aJia ieries proportionalium onamm GI 
maior>FG minoi:,KG vcro media^ ii iado centro j 
G>&radiovclaxe KGjdeicriptumfucritHcmi^hflB* ' 
sium iedhim pJanis pcr F, ^ jE> bafi parallelis> fcg* 
mentum intermedium inter plana per F & £ » ecitad 
Hemiiphcrium ficut axis E F iegmenci > ad axem Hcr- 
miiphaerij G K . ExccfTtts onim tcipla9 G I fupra cres 
proporcionales priores ,^videliccc iiipra re^m G I ag- 
grcgatum ipiamm v hoc eft dupla G I > ad duplam GI> 
cft racip quam habec iegmentum intcrmcdinm ad &r 
^rem iecundum ciuldcm lupcrficici Iphaaric» > &ittt 
ter eadem plana iiicerceptum . Quare legmcntiuik il-- 
lud cric ad Hemifpha:rium iicut £ F ad G K>' Iserum 
$x Corollario X. pi-opoifitioni& 17, appaiet jiquodiimi^ 

• liter 



Prau 



■« r- 



"5T 






ftOO 



HEMISPHAEJilVM 



.{ 



^^^wjBv^»^ 



iil II ■ I M 







lieerConiis re<fl2ingulus ijfHem planls /etSus^iiabcbie 
* i^acionein ad firuftum iuiun intermediam in> 
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ter eadem plana paratlela interceptum^ ouam habec 
axis ad azem , & per pr jDcedens Lemma demonftratur 
' ^uodominesConicircaeundem axem&luper eadeix^ 
bafi conft^uti , ihdd £nc ijiHem planis in eadem racio» 
ne . Quare Truncus A B C D ^ erit in eadem ratione 
ad Conum L G M > ac (i eilet Conus re(5kngui us > iioe 
e& £cue £ F ad G K. Inuentus eft igieur Conus LGM, 
ad quem Truncus datus A £ C D habet racionejiLi , 
quam habet ajcis eius £ F, ^d aKcm ' G K Coni L G M> 
ig[uod £»ciendum crat • 

* * * " 

COROLLARIVM. 

<^' Hiac mani&ftum eft.quod Connsiecaripoi&t ica^ 
vitruncus incermedius (h ad Conum Hatuni in latio- | 
nedata. 

Iniuper^^talig ie^iones Hcmi^h^rijf accogicari po- 
cerunc^quecK przmiflis Coni & HeniiiphiattLj iei^O' 
nibus dependenc.^ ica yc in ratione dica ad Heiniiphs^ 
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I irium , parces ip^un^ iiitejrmcdia; conftituenda; fint ; 
de quious quoni^in i». nullo f quod ipiam j iiai^jenus cra- 
<^cum^ftjicebit ipfls noua imponere nomina ? Ideo- 

que yocabimuseas Lunulares > Cylindraies > & Cam- 
panales > ex iimilitudine vel ex ratione ie<^onum ipia- 
i:um. Prinium Igicur dc Lunularibus dicemus . 

PROPOSITIO LXXVL 



< ' ratioae ^acsl ad HemifphaE;^ 

: «liftrConftitiiw; 
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Slcricio daca qluim ' hahpt hnya . R . ad iin^m S , ds 
iiiHemii|)iuBrium ABCiCuiusaiaiisrfiD» circa 
qu»iicDnilicuacurCy]indrusBB> cuiushafisexcadio 
£ D iic-dimidia bafis Hemi/^baerij ADy&ideo Cy>» 
lin<j|rus: £F > cdmiic ctu&em' aldcudiflt3cum Hcmii^ 
p^srid >cdricadcHemifpIueriusL AB C in iiacione iub» 



M* 



r 7 



Cc 



fcf. 






.. .V. . 



I» I • 



■ • -» 



l 



•r • .' t,. 



* 



! 



I 



^gmfi^mmm 



*i**^"|iW"^"^iW»*w^ 



CorolL 
Pfop, 7|. 



StJmini» 



ftO^ 



HEMlSPaA&RIVH 



' ' >»*»■ P» 4 ♦ 



4 • • 



t 




j 7 •' 7 ^ 

,1 V y .' 









s. 




G D F> & w^ltanUEVimdra«$ ]^«^ 

«quales hcmlfpKaai€^AJf^,,5pj«5Wrf^ Conus GDF, 
& Cyliiiarus £ F > auobus planis K L & M N > ad ba- 
fim G F parallelis^ iecancibus axem BD icainl&H, 
vc fic Truncus incermedius ad Cpnum GD F > iicuc R 
ad S . 

Quoniam igicur demonftracum «il quod quadra- 
cumAD vna cum cerciai parce iquadraci BD> (inc «equa- 
lia duplo quadr^co radij bails Cylindri sgualis HemiA 
ph«rio A B C j Similicer & qa6d guadracum. A D vna 
cum cercia parce quadraci HDi {imul finc dupla qua> 
draci radij bafis Cylindrl «qualis porcioni A H C> & 
eiuidem alcicudinis: Similicer eciam quod quadra- 
Cttm A D cukiicertis|iiifcei3uadratiID> £mul dup^^ 
finc^uadrka^iadij ^botiiC^^Iiudi:! ie^uftli&j i5£Qin£ierri4 
aldicadiniscum porcionsiAilCi >Obn inguam.Jb^c; 
omnix£iul:<iupIa} erantguadrarum. £iD» quoddimi-^ 
^um cft 4}UsKkaci AiD y mi cum iexds p^cibus quft*» 
draoinmi /iiigujbtum^«o^u{iirfi^D>r H D .Jt ^ l^ 
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«^pialia fingulis ^uadracis radiorum baiium Cylin- 

! idroruixv f W^iiimj Si }i»bei|cium can^eQi:|ilcicudi- 

Aem cum ungulis porcionibus A B C > A f C & AHC . 

Vn4c inan^SumjciVqup^ , ciimX:^,li,ndru$ J F cijm 

C6no Gt3 F , f qui cuin (it ccrcia jp^l^ ipnas E JP Cy- 

lindri , criclfccc* pais^ "Cyliiidi^i^x i-a^ io BD,8c alcicu- ' 

dine cadem B D j ilc ^^oaJiB iHcmi/phoerio A B C ; 

oudd Cylindrus £L vnacumcono OOP^fquieciam 

eA iexca pars Cylindri ex radio J D & eadem alcicudi- 

ne ; flnc eciam a*quaie$ porcioni A I C . Simili racionc 

demonftrabjicurjquddCylindrus £N vna cumcono 

QP R iinc 2^ua|es pqr^ioni A H C Dedn^tis igicur 

ex PorcionQ AlCporcionc AHC, & ex Cy^lindro 

I A L cum cono O D P , Cylindro EN cum Cono <^R, 

quodremanec, ^iliccf iegniencum Lunulare incermc-> 

idium A I C H , xauale eric Cylindro M L, vni cunu 

CruncoConi incermedio OQRP. Scd Truncus in- 

termedius O QR P eft ad Conum fuum G D F > (icuc 

linea IH^ad lineam BD) 2^ Cylindrus incermedins 

14 L , elt -ad Cylindrum lo^um £ F , (icuc eiadem 1 H 

1 ad eandem fi D > componendo igicur , Triiiicus O Q< 

R P oim Cy lindro M L iim ul , Sd Conum G D F cum 

CylindiraE F , hoc- eft ad' Hemiiphsrium ABC , eft 

iicucMea IH adHneam BD. £x arquali^ergd Seg^ 

me^ciii» Lunulare incermedium A I C H e^it ad H«u 

miiphniam ABC, iicuclinea IH ad'Iineam BO-, 

velucuciinca «R ad lijicam S>qu0d &ciei^dujpii 0rac's 
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PROPOSITIO LXXVIL 

S^metttum Campande In ratipn^ ^i- 
13 ad HemifplvrrwmcoiJi^ 

^kuervt 
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SIc Hemiiph^ittm A B C > cuiiu axis B D> dc (it r^« 
tip datjfi R ad S , io. qua conftiCtteiKlum ixt 5c^ 
memumCampaiialead Memi^flcritim ^iBC • Coa<- 
j^ipiacur^jrcaaKem BD Couui fet^figuli9^c|iius ver^ 
P&. Dai(4 ^)di» duobus planis p^fajlelis b<(i> vt Q: 
xruiLCUf filiaiQtcrmiediusadtatum ;Cofium>£icuc M^ 
.aca R adiiaeam Si&iioc £,& F>iQ axe:BP pun* 
,<33iiiitqrK(^oaum planGffum cui;ri ^e . Piauciam duQ 
Hexnii^KJxsria circa cenArum. D ex j»dl;s D£ ^ D F > 
quar finc GE H & I F K . Signecur Conus r^^ngulus 
LDM , & incerfeliones planorum cum iplo Cono rc-|. 
Aangulo finc N O & P Q^ 
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Quoniam igitur Conus re^hngulus X D M > £(l <li* 
midium Hem.i/phanri]' A B C j Coxius N D O eciam^ 
eric dimidiumfiemiipjbxrij G £ Hi ncc noti .&;Conus 
P D Qdimidium hemiipjixrij .1 F K > vnde manife- 
ftum ell qudd excpfTus Hemiiphicrij QEH iupraJHc- 
miipbsrium IFK, gujcm vocamus iegpii^.ntum Cam- 
panale , ficiduplum excefiiis Coni NDO iiipra Conum 
PDQ,hpccitduplum trunciConi NP<X). Qua- 
re in eademracibne^ritad Hemiipharrium ABC> qui 
Truncus Coni N P QO ad Conum iuum L D M ; hoc 
^ (icnic £ F «d ^D > yd il ad S; qucid fackj&dum erac , 
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PROPOSITJQ t-XXVUL 

Segmeotuin Cylind rale in rati one d^ 
Ita ad Hemifpha^rium coo- 

fiicuer^, 

- • 

SIc icerum > ficuc io pra^ed^ nte , Hemi/phsriunu I 

ABCjiaqitodtaxi^ B D ie<:^$in pnnOais £ & P7.pahu; 
F>icavt»iidu<^ fiiierin^ plana pereadeni piin<^ ad j 
baiim AC paiaUeU^diiniceiu^ltgmcnr^m inc«rme- 
dium in racione daca ad Hemijlphxriuin i>cut R ad S» 
& (icuc pars axi$ incf r^^p^ £ F t ad axem Hemiiph<erij 
B D . Tranieanc cr 50 pcr illa pusKa& dup pfana ad ba-r 
fim AC pantllelaiAfabijsiit&^i^m iegfsvtncum in^ 
cermedium H G L M : & coiiftiCiiaxtrur duo Hemii^ 
phxria circa idem cencrum P iupi»r eadem haG A C ^ 
^uxcangantpiaiu GLjfii HM^inpun^ £>& F> 

quo- 
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quorum di&retitia vv^I ezccAus maioris flipramiiio^ 
rcm , fit fegmcntum Campanalc> <juod per praeccdcn^ 
tcm dcintatiftrauimus dTcin rattdiic dati iilHcmiP- 
phaerium £cut R ad S . 

]|4rum pcr intcrfe(|i^fs plaftorum G^.;^ H^ 
cum fiipcrncic iphfflri^ 4 Hemilphfcrii A B C, conci- 
piantur duo Cylindfi conftituti ihtcl cadcm piana pa- 
rallcla & bafim A C, videhcet Cyhndrum G T , &Cy- 
lindrum H V j quorum diflercntiam notatam literis 
P H G Q/F L M V , vocamu? Scgmentum Cy iindr^" 
le,propcerea quod latcra ciusfincfuperficics Cylin- 
dricae . Dico Segmcnoum hoc Cylindralc effc ad Hcr 
milDhaarium ABC.ficUteft EF ad B D , vei Ccut ra^ 
ciodata R,ad S « 

Quoniam enim exceilus icgmcnci AGLC iapra-» 
Cylindrum G T, hbc eft Scmiannulus Spha-ricus dcr 
fignatus litcris A G QjT L C, «qualis cft Hemifph^i- 
rio I E N i Semiannulus vero Sph«ricus notatus literis 
AHP> VMC «qualis cft Hcmifphacrio KFO: Seg- 
mentum Cylindralc , vd exceffus' maioi^is iectiiannuU 
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Iphxrici iupra minorem > lignacum literis P H G CJ^» 
T L M^\ a^ualis em excefluiHdbii/ph^Ji^dg^N iii- 
pra Hemiipiixrium K F O , vel Segmento Campaniili 
IJKNjQPPiQ; Scc|^%me|itum(C(5vi»a«?Jfcfft^^ 
HjiijjpiMPirwQi iwut^jrf axis in^qrcept^ ^ f ^i.^otunL, 
a;j:cm BD; Ita ikitur ie habcDiti(cgqiehtum Cy(in- 
di-de ad iHfeih HeS!i|AatH{itti ' !A ,B C , hoc cft ficue R , 
ad S > €pipd £icicnckiin ^eiat ; 
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Hin^pdkih fit gugd i2 /edhisfuerit Coniiyiiea Vtt ca- 
,^cm fci^Ct'rkio parew-axjis jnldi^bcxJad fdSIOiii^ua? 
trundCcmii&dCpniu^cuiRSfp^vIc-cft^^i^^^ 
Hcmilphxrij interccpcum intereadetn pJ^JCi^^Cghi^" 
tum Lunularc , Sa Segmentum Campaiiale' int^ci- 
piencia caiukni, pmem axis itfiee iiqn^Sf giM^CfiiV 
C)dij)df ale cuius Sptoricii lapcrHcies iic: cadem <juc 
iegmenci inccrmedij , iinc omnia inccr ic ^i^ilk . Si 
vcro ie^u& ^ric axis vcpungue duobus pl^nis a «o^gl^^ 
da raciona.qiiain habcnc parces)^ tocos iui<99 ji ^. aod^ 
litericfiiadcm fatioiisccrccpca} parci^ 4d cocyim lUCIli') 
quaDtrqjieiCQoi ad cocum CQHOin * hthilomiou^ ^g^. 
mcca C)diiiidralia&: jQampattalitiemper ihr^cis isqua- 

iiaeranc ^ prdpccr-irqiiaihcnijigm HemiilphAriMauh ^ 
iemiannulorum ciuiaem aicicudinisj Igitur&;.c;xceP 
iiis corum 'iempcrh^iiariio a^^alci^ erunt j^ Rcliqua 
jmcem(icg|ihcota)iciiicet inccrmedium H/eihilphicri^ 

& icgmcntum Lunttlare 9 ncc {Th^piis ne<:.rdiqui^ 
/flsqualiacruac. . -;...., .. 
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Contibeb^ ea qi!i« ex demonftraS^ ccHi* 
^tur circa prQportfones quindue So* 
Idprum & pprtionuoi ipfori,ini; quaer ex; 
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ca axes fuos iiunt , & in eadem attitu- ' 
dine eximmt . Qu 

phq;num dufdem altitudinis > velut ad 
tmtinam redaSa ponderantur > Vt inHci 
rationes ipforum ad inuicem facilhisdii^ 
cantur; i^ - . 
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P'RimO,iginir> ft Hemif{)h2rid;&?Sph;era:6niieiuA 
dcm akitudinisjHemiiiphigrium eric ouadruplum 
Sphxtx : Spharra enim cuiu6 axis eft duplus axis alcc^ 
rius Sphanras eH: od^upk ipiiu^ i Hemiiplucirium igicur 
eftquadruplumSphaerie^ni|demalticudini&. ' > 
Hemifphsrium eft fuiPprcioiiem Sphaerae eiuidem 
altitudiniSjficuc- duplum axis eiuidem ad lideam com- 
pofitam ex iemidiametraSph«ras4 cuius Porcio illa efk 
ynacum reliquo diamccri SphfEr« de^w^o axt; Por-^ 

- Sic enim Hemi/ph «rium A BC Ss in eadem alcicu^ 
dine 8i circa eundem axem confticuacur Potcx> X>3E 
diH^^ d Sphier4 D B £ P cuiusdiamecer &F.; -£r quo* 
niam Hemiipha^ium & Porcio iunc ambo compofica 
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. Sh neimiph^iovcroCd 
niis & Ciffis fvmz cqai> 
les iiicerie(Conus enint 
eft dimi^iam HemiA • 
phaerij:)Coouft Pord^"^ 
jus Dfi£^ a^Conum 
Henuiphairij ABC,n- 

catguadratam DGad ^uadmum ^ A G yjwel ficut Ur 
neat F G^d^liheam B G i-Caifis vero Hem^hxrij ABG 
( ^ua; cqualis eft Cono eiu/clcm ) efl ad CaiHdein por^ 
tionis- DB£,> ficut ^tjgerBcies Sphcdca ipfios» ad iu- 
perficiemSphxridam PortibsisowiCailkDipeius DB£, 
hoc eil iicui: quadratum 'A B ad^tiadratuo^ DB>vel 
Hcut-dttpla: B'G. adFB , idieit ^cutipfinim. dimidia^ 
BG adi^H.v Sedcamratio CDniporrionisDfifi ad 
Cailidem:iaamc(pmpa{ita£rci:'ratianibus FGadBG^ 
& ipiius B G ad 'F H > e^ Conus ad Cailidem in ei^ 
dem pbctione D B£i (icuc FG^ ad F H j & vtraquo 
iimuladOmum Heiniiphferii ABCjfieut compor* 
{ttaexvcri^ue FG&FH»adIineam BG}&adHc^ 
miiphcrium ^cuc compbiiu ex F G & F H > hoc eil 
ex iemidiamiBero ^aerar D B £ F & ireliquo diametrir 
dempto^axe portionis BG>ad duplam BGiAc con* 
ucrcendoyiicut Honi^haerium ABC adp(>rtionem; 
DB£*ita'dupla BGad compoiicamex HF& GF» 
HcmiiphaEriumad Hemiiphaeroides eiulclem alti* 
tudinis ie habet {icucBaiis adoaiim • ManiieftUm eit 
guoniim Coni> 9ui|unc i|iibnim dimidia> iiinc in el- 
demracioae. 
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;mi/jbhx|:ium eftad Convinic^l<fedi>(llcit^^ 
iicut dumira' bads^ hemiipfiatrp Mljbaiiflouf^dBAa . . i . 
Hemi/ph^rium eil aci Conqidftti^iiihblffiOMciii^ 
dem aIprudinis>(icucBd(is Hmm^ihan-ifkdVHiafi ttfv 
tia^ bafis Conpidis ParaboJici .-^&iciliimfiatCohbs f\t>- 
per bafiCpnoidis P^abplici &iii'?adeasjaidtttdiiRL^^ 
^^it ald Cpnpidcs Parabplicum fiaMtf mi mcjinC 
ideoaue Hemifph^riiim erit ad-HIttjd^i^ii&dti^yi 
(k afl.*4d«Bi^ ceruasipfiuB .bafts 'Cdnoidiiv: veL iicai 
Qkilis |iiQnl^hfltf^riuixlu)u £fc|:0^bafu i^^ 

talddfegiJtV?irtidiri i^ kftgMdttfiiinL .bafis Hcmil^^ij 
idi)aiitft (nMifwlrfit l^ypef bdiici » vn& ciiin;:put& qu^i 
(it M tashdam y^aiBotihidinii^ itiriiaecidd diafnbttd su^ 
tota^ittinfiK^in-diametrum aaim axt Cbhdidis tait) 
^akn ^dahi :. 'Hccroliigidur cr-«rDppfitiojb6'- i{7u Ar* 
chimedii&^CdkibidibQs-A: Spii«roidibus5\4i<djemon9 
ftf acur i qudd CoiUMdes Hypsrbolicuiiiiir^adCpnuni 
hAbestenLJeandeim 6iQi«ipipba£xtr' &etiiidetei:aUem i 
iicut Uotta i^ompofim e:taxd foitiqnisiei^ni 
diamecti £)i^onifi> adieundsiii' axem JS&dnpiam^ciui*- 
dem lemidfamcxri taiid&iaif(vBaml*: Vnda duudendo 
esicexiftiltJ^iiZlonp&li^H^perfiofiar/ui^^^ Gonnjiuuih^ 
jpd conuifiiiim vCIcac dimnUuqicianiueri^ diametri ad 
tranru£riaM diamiaram: vm cutnixe Cdnoidis tani 

3iiimv«niami:> IdeCM^ IHemi^|i3iiErium crii ad^Conoi- 
et My|>eiilibtiiiiuimt> ificuc dtipidmibaiis£iaBadbaiihu 
Gonaiaisiiytperbohdtfn^ <)inbp4ftequa^ adfi^iami 
iicut dimidium traniiierije diametri ad xacam cran^ 
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iier&m 4umctriim vna cum axe.Cdnoidis tianaiiaxiL/ 
Vaam t<»idd probandum erac . 

Hasciunc qaq ha<^nus addii&^onem Hemifi>h^ 
rij excogicauimus^MuIta succm deiiderancuf duorum 
rciblutio aibiidis dependei! r Racio autem cur rxc dsr 
motti^rari p^flint ex principijs Euciidis > illa vero iine 
epe duf rum medifiriimproportiohalium nonpofl^t^ 
breuicer ^uantum poflumdemonftraboj vbiprius ea 
qu« hucui^iteilemonftrata itintreceniuero , . = - 
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3ptinens ^acjuse in pnecedeotibiis de^ 
^ioti^antur yjSc 'dbiteif anlmidiieitens 
aBqua prmaRjjgrqo^,i^fl^ * 

ex medijs plani&i, vd Pi incip^ lEucli- 
deis npndutii refoiutionetn acceperune 
nec ynquam Vti '<;Ted6 acceptui^ i^ 
y qta cum illQrim relolutipnejper i^^a 

Gubamcis^ euius^pe&cinim^^hiben-* 
tur inter duas extremasduai; ^iedie cpcr 
tinuc prppqraoi^dcs,3l'miut5 ^s^p^o-, 

pofitioQesMdsriioa:naSeausriH^fi^ 
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' & eiuldem altitudinifziegtiicutex 5Av:lipa* Arr 
chtmiedisdeSpiiaerl&CyiindrQv . ^; . 

EzPjTdp; 4. 8. & j». dec)sioxi(b:itfitr> qaoij;{i Hemilt 
pJiiErio!. cDafticuacur Cylindrus in e^eml^altkadiiiie^^ 
arattaiis»& ((e<9acfueriiit:^inbQplano>veI pkiribuspiar 
pis^diiaiimpirailelisipaites Cylindri inierc^ta; iort 
cerqttin|tbeEpIana:paraiielaiempei:;aiquai^ermic qui-r 
buOibet^^i^c^ibus *J.itne finc primi fiue .feciindi leiu^ 
dem Hemii|>ha;rij>&c|uorum iuperficies Spbaerica; in-> i 
ter eadem piana parallela intercept^ iiint . Vude con- ^ 
ieguitur guod Heihiipiiaa-io tbtmitui poilitin ratio- 
ne data minori > Se<Qor vei primus , m iecundus , vel 



i 



i«%:ilisdliiri 

. £x 7«.&».,t.o. pr^batur quod Cbnus Segmenti yna 
cum &no're(^ng|^io eiimem aihtudlnis fim uli^m- 
pti W^iiklei fitit chihidi6!cQ»riif iScondi .• ' : • 

la^ i^ i^^emiii^ eoicfticueiii 'diKjs Goiaos >^aotum 
liter &'re<%anguli9iin ead^m ^«itndine S^ Hk i9u^,un- 
que latiane data adinaiqem ^ ,Ei; ^x i ^^docemui: in- 
Kribere Hemnpiiaario auos Conos in racione aaca.'Sea 
Con6 .aattf &cere' C<jinitti'it^iiguimn tcqiurem eft j 
dpils-^hiwiim^mieitihiliinVlil^ 

mifiitoioinicyipciMs. * - . ,. 

Ex l^^^tkvoliariio eiuildeih docemur coiiftituere 
Cbfliim'luper baii c.aiufctti^ui:;,pprridiii$ jcqualenu 
P6«!^iiri^ d&M t- Seil 'Coiy^ dfko ikheiiifelVjrtionenu 
aM^uaiem & iiiper eadem baii eft opus loiidvipi ^cut 
infira apparebit . ' 
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£r 1 8.,cldceintir i4uenirc:Se(£h>rein=quiadCoiium 
:£iuin habeatdracionem <datam:'&ez i9»inuenire Sth 
<^(^rem in latiofnexlataad PxJBUoaem iuam^ 

Per j. o.4iemonllratur ratio i>artium :Segmenti iib- : 
:cer ie >yidelicet:Se<^iis iecundi &Coni iegmcniti • Jk 
in» j .4ocemur£onlticueredi^upanes inxatiohe<laf 
.tapoflibili^ . 

Per z 1 . demonfiiat ur ratio ouam liabet ieffmenr ' 
xum intermcdium ad pactemCyJindri ^ualkinemi/^ 
phjeriointerjeadem puna ihteroeptam ^ 

in trf^lemoa^baEur^ualitasSegmenciadtresCo. 
iios eiu£lem altitudinis. £tper X4.€onftituitur Sego 
mencuminf actoneidat^adCDnumjredianguIiim duf- , 
demalcitttdinisi ; > ' . i . 

Iaz5*aigkur<fc<ie^[mentoIntQrmedio> 9t confii^ 
isuicurinratione .dacaadie<3;orem lccundum «iu£leM 
iuperficiei Spha^caru '£cin3^<.8ca7.^^cacur Hemil^ 
phaeriumduobusplaikisintera^entibm Segmencum 
lncermedium> quod habcac jsauonem dattam ad Hc4 
mi^hzriom : yndie.cciam ixL% t.demo&ib:am qiiqd 
dacaratioae panllum axis rdiguacum «^ttj6<vlci;a axcm 
Segmenciadpoium>^€entnuaHcmi(ph«rij ^Jiil^Cii 
inneniecuxSegmenciun Jntecmjedium^equiale Scmti 
iecundoeiuiciemfuperlicieiSj^bBFkcv - •!.•; L i, 

£x ^9s fic Ponio jnxacioncclKaadpainepllPylin^ 
xaualisHenuiphaerio>eiulicic;Qi cttm pottlonfiajkiiiilo 

dinis » '"•■•'. . .i. K ':•■•■ ••. 

■ £x 50.InquiriciirfacioPortionisadGotlui|i.iitUfn: 

vndc cciam coUigijcuri iScdemonibaciir tatiaBoJseiofiJI i 

adHemi^hEeriami • . . .- ^ \ •: . . >| 
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: :In ^ I . quemadmodum in 7. demonibacum erat 
iq[a6cl exceflus Gylindri confticuci iuper bali H«mi^ 
phxrij 3 &in eadem akicudine >iupraCo;num re<3an> 
«ulirm in. eodem Cylindro inicripcum , erac eeqiialis 
Hemi^xha:ri6» itst nunc.demonftracur , quod exceflus 
-ciuiciem Cylindri iupra .Hemii^lisrium > seqiialis fic 
Cono re(5bngulo in eodem inicripco , & quod {Ingulx 
parceseiuiHem excefTusprasdiiSfcijeiquales (Inc iingulis 
paFtibusConire^nguitjprouc inter eadcm plana-« 
parallela correlpondenc . Vndeitliamechodo . 
1n 5 i, Damonibracar racio Porcionis ad Hemi/piia?> 

: In 5 5 . demonftoatur aequalitaaincer quoidam pavT 
ces ieu Porciones Hemi/phxrij &ali^uasip{ius C)din? 
dri conft icuci iiipec hmi » ddufdcai !aidcuc|inis ^ cunu 
Hemi^hserib. 

i < Per -3 4. &.<f f .decemur conilicuere Truncos Cono* 
rum a?<juales Porcionibus SphsrarUm fiiper ijiH^ bafi-f 
busporcionum& in ijide alcitudinibus. Etin 3 ^.docer 
mur inicribereCylindro TruncuConi inracioneifata. 
r iii 5 7V'demonfbatur quod exceflbs Trunci Coni 



iupri C^lindrum in eodcmtrunco inicripttUtc^equa-;^ 
ljiii^(»noidi^Hyperboiico eiuiHem altitudinis» &i9add 
periingulaspaices^.' ; ^ i : : 

^ • • Siiititer in 5 S.dcmonilratur guod ezceiTus Cyiin^ 
dli *ia|>ra Conum inicriptum : «^ualis iit Hcm iiphz-^ 
roidieiuiciem altitudinis&quddiinguia;partes acc. 
: nr|n ^j^vddmbnilratur.qyod.iE in< Trunco Coniin- 
iei^^ciu>fiieric Cylindrus/dsiterum ihCylindro Trunr 
cus Coni 9 ita vc ii /e^ fuerint omnes fimul piano per 



MMdhMte 



y k 



%xm 



MMM»"P«^^**«« 



\ 



I 



vss^ar^^^^fsf^^^^ti^ 



n" ip 



'I I ".-.iji.. 



mm 




^m 



T^ii^P 




M^v^»MkttU9t. tM^/icft Ttapcaianim ift tnmcifi &> 
^hrumilnc par^id« ; ^uod m^ kxceS^jSmsiL ina». 
ptii^r^^^icct ^ia^is Trunciiiipra CyJuuJbuftt &Cy- 
liiukilHpra minpr:«atjGrunqura;>^gua|les fiabConpidi 
P«;r«boCi|Co ; & qaod- icJ%«ila& partcs &c. ynkje inani»> 
fcfttfihicft^uodCtonofdcj HypcrboIicuni^jAlieoiiiL 
;ph«n»i^9 » iimul ictn^ui pcri9idD in eadem akicud v> 
ne, vc iic Conoidcs Hypcrboiicum chiplumHcihiil 
pl}2rpidis-r 4c am&o-jfunul ilimpca «gualia Conoiji 

FaraMio9.eitt£laB^icudini^.iIcetiiuniffeipiarom 
Trunois ;^uniqtHidi£Ic^ ; planis rei ad hkGm paral«> 
4^.vci o^ y iaciliijne dembnibari poceib , quod iiix 
iempe^iad- inuicfiadiiiifclesk catiimiDiits ficnr^pti ;. i 

:Ih.4<^LdemoBftranitquod ie2C9iitts.Truh|ci Cuii iu* 
pcaCimujn oiuitiemlaiticudinis!» ^uotttm iacera iunc 
pai^lc^av cgiiaif s ^'Fruilo Cusinndii Panl»iici J 

.IiC34srkxiemqnfitacur <quqd bmnis Fortio:SplutxsB 
excpd^c Conum Hiuni quantf cace Sipii^roidis ,lad>cuiu9 
diameter maior «eiqiialis iic lat«ri Con i in pbrtione in^ 
icdpti kdtuncternMro minor:)arquali$ iit:ixi eiui<Icin[A 
Conivell^Brticmitfi':> ' . : ■> ' . / ,!::r:'. j\ 
;. A 4a.:incipn Ijdt JvCaxiftiis Inicriptii d:Minimi| 
circumicribentibusdii^uiilciojiioc eil de Conis&Cof 
xioiclitius;Spi32enky&t'Sphcr<iidibm^eii^ Bor- 
cionibiasy 6c vniuic!a)itt^.e hcinuiii inuttem Inicriptiii» 
ne^ &.bircumicr^pck«i)e t .<ad pnemiiib Iiemdi4te dei 
fflonftiiaiur primoyijai^ |4^fimttt^ Soitaiti^ ^iiod 
^erippteft «sx iegiftKttcis ^niiu^aif ie^i^ <pkado^* 
meiicum iiiaiti««^dapliim Tdijgai >5:|iii{ic ^d6d tnft;. 
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tbmatoris Scgmetiti mminusV frcomii^idciii ktA: 
<£i[faui&i(»viquead 57. propoficitiAem . 

Iit5^*^eihonftratur ratio qiiam Jiabet bafis-portio- 
Qisad bofnh Cylindri ei jeguaiis-, dc eiuiHem. alcictuii- 
■nis. £c'ia-^o.qu6d-o^iiis Pordoivc aequaltt cribus 
iCoois eaf^aciem Dafi' j ^cfimidi^akitadine ek(&em^> 
4rna cumi^HaEra cttiiisLdiamecer iit isqualis alcitudini 
k»f£u&pQccionis 

i Per ^fSf. ^demonftrfttur.^udd (idiiut SpE xrz iiixgtta- 
fes &.mucii6intttstaflEgant » quacum- diametri fuerinc 
ih racionei^q ttiaker^ > & (i ani&o. fedbe fuerint i^^no 
ad diafflicnrum communemrec^» tUAcCoattsin.ma- 
ioris SpnsnwPortioiietniar^u^aBqttaliserkiV^rdoni 
ihinorii SpiuerGC^gusxirca eudem axemconftipuitur . 
. In 6-£..i^i.v& 65;.agicurdeSphcraeuminaBqttaliuf]|i 
Segmentis m. e^em alcicttdine ejaftencibusi&an^riq- 
ndemottftratur qttdd eacceflus ip/orum iupra.r0^iin- 
dros in fplis inicripcos>finc incec iie cquales ; In~6*. 
^uod exccfltts ille uc «qualis hemiiphxrio eiuiHem ak 
(inidinis ; In 65. verQdcmonftvacuri quomodo cotn?- 
fticuendtts /ic Cylindrttssquaiis cuicunqae S^menco 
daco > 4c'eiu0em alcxcudiais . v0<i^iec[uuncttr.Q>rnila- 

riamulca.'?^ ' .-..•.;-:..,•■• . ' ' 

Bec 4 4i dcJBonftcBCiic^ubniQdQ i^mcnco Hemi^ 
phaerij da&Qix>nfticuipQ0ic aiiudiegmencum alcerius 
Hemi^hxriptquale.in alcicudine d4ca poiiibili . 
L ^ In 6$rfiem4inftmiir qtt6d iupec^cies Sph^rica? 'Por^ 
tipnanLdittdrl&inun Sphtarum £ii( ad inuicem . iicttc 
aaoes ve^adiir^b^rarUorqttacttm itioc parccs. £c in^ 
4>4f. de^QAftra(iu: quodS^t^ccs diuttiarum ipiisra- 
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nun :fifitifidupIaracioiierxdioriiin SphjEcanim igua* 
rum iuncparces . 

Ih ^7.<lemoiiflncixr rado,qu2ni liabec Caiffis ad 
Hemifphjerium >¥el ad Sphjcram coius pars tUa cft . 

In 6 8.& 69- DemonAracurracio ^uam hiabencCaA 
fidcsadinuicem ,iiue /inc ciu£lem fiuc diuer^njmj. 
&>haerarum parce». 

Injo. Conorum eiuiHem altitudinis raciQ ad io* 
uicem c^e dcut celiouje diamcarorum Iphxmum in.. 
auibusiunc inicripcibilesdcmonftracur : £c in 7 1 . rar 
cio Coni ad Sphzmm eilecompofica ex dupIS bail ad 
^perficieim Spli2»e^&cx aktcudinc ipilus^^addiaiae-. 
crHmSphiisrx . . . : 

Per 7A. Confticuicur Porcioinracionc dataad Hcr 
mi4>hasrium ciuiHcm akicudinis . , 

Per 7 $ . Sphan:2cdac« confticuicur Portio a^qualis in 
ouacunqtie minorc alcicudinc » • ' i 

In74. agicurde Rhombis in Spha^ inicripcibili- 



i bus &racionibu$ ipfi>rum ad inuiccm e 

In 7f . demonftracur quomodo ex dae&quocunqofi 
Trunco Coni , inueniatuf Conus cuiu&pars ille crun*. 
cuseric>^adquemhabebiteandem tacionem quam* 
habec ipiius crund axis> ad aiccm cocius Coni . 

. In 76. 77* i& 7^* IVofcrunrur tres modi iecandi: 
Hemi^haErium inracione daca>iegmencis inccrme- 
dijs : ex quibus duo fiunt iuperfickbus /phcdds > laeli*. 
quum vcro iupcrficiebus Cylindricis . ■ . . 

Sed videamos iam qu^nam iint ift^ Pcopoficioaec 
defidcfat^dequibuslbquutusium inprincioio huiu^ 
recapicuiat Jpui$ > qu^ pcr m^dia plana vel. Elemetuaji! 
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Eut^idi&noirfinif ckmonftrandai & rationcm inguira-t 

; mus quare calcs unc . 
• Primd antcni fi^ppono <pdd twHi Gepmecr? igno- 
cum iic > qaad ^lida Qatia cri|^la racionc laccram vel 
Kncarum' Ijamolo^um * ^ubd ab EucUdc libro 1 1 . 
ptop. 3 5.;4demonftratum eft itripla vcro ratio iuppo- 

: nit crilc<9ioncm rationis, vel duo mcdia concinue pro^ 

* porcionaiia ; Ejcempli ^tia, lumamuc iiliid <]^uod ili* 
pra adrprc^. i x . adnocauimus ^^^tali^uis Conus cii- 
im akltudiii^dt A, b;tfis vero radius 6 , & iiipponacuf 
quodeifib^mialisConus re^ngufus Cidc^uoniam 
CoiMn^-Ci^ reiShmgal«^', akicudo ciuf ^c cqualii; 
radio bafis ipfius ; vtcrgue igkur ipiprun^ vptaftur D; 
Ctiiii igitoiJConi fincinuiceih-wquaicsii^cip^a^tbun- 
iur ipiorum akitudines^ bafcs, jdeoquecri^ ficUcat 

. citudo 'i<|L'«d-alckiidincm' p ,ita quadracu^ du^enu 
P radij baiis Coni C * ?d quadracum B raciij bafis Co* 
ni daci)| (j{^c eri^iicuc A ad D , ica quackacum D 
ad quadracum Bipropceiea dupla.eritrarib A ad D 
eius qium kftber P aa fi . Igitur fi A ponatur prima, 
6s B jqu^/P erk tiirsia in (eriequatuor continue prd- 
porcionalium . Ergo Cono^ dato tMz»n ppceft conftkui 
Conus rc^Sangi^Ius ^qualk , ^n^ ope duarum media» 

, rum concinu^ proporcioaalium , iiCUt ancea dizimus . 
• Quod aucem in aliqu;» caiu^arciculasi hoc fieri ^pf^ 
fic noA eftxlu-bium : Nam G lined^ propofics incer quas 
qu^runcur du^ medif cpncinu^ proportipnales fuerinc 
iaraEibliexlupIa cunc ex demonftracis a Vieta iii libro 
yarforain ' de- rebus Mattiematkis reiponibrufn , iub 
cioultr<akp^iij^,inucAiessproppfi|i§icisra(3ioa^ Si 
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verorsciofuerit talisfqttcmadaioclumfilinea Afi ie" 
OoL faetit cxcrema & mcdia racione in C , & produdbi 
in D i donec fiac (Tcuc A C ad A fi > ica quadracum A3 
ad ^uadracum A D ) ^uam i^abec lineac A D ad iineam 






A 



B D 



A C> iiiuenieiidz iimc dua; mediae incer A D & A C 
hoc modo : ProducaQur icteum linea AD in £ > vc {ic 
quadracumex A£ duplum ^uadraciex AB>& con-* 
cipiaciiriiemi^iisriumcuius3zis A£ diui/us inpun- 
(3as C > & B, d£ per ilia cranieanc plana parailela bali, ie- 
canda Hemi^ui^iumi > &a iiiperilliscbncjpiantur duo 
Conixionilicuci lial)^nces ipK>rum vercioes in, cencro 
bofis. Hemi^Iixrij > iciiicec . in punifio A . Dico iilos 
Conosiiiicripcos hemii^iuerio » ^uorum azes iunc li- 
neae A C & A B> foce incer ie a»]uales ; Cqnum viero 
cuiusaxis AC>iiaba!e pco radio oaCi& iu^ lineam aK}ua<^ 
lemlinea; AD>&C<;tnumjCuiusaxis Afi l^eredban- 
guiiun, Cum enim quadracum A£ percon^u^o- 
nem hiOoxca. ixc duplum guadraci A B; mani£;ftum eft 
quod Conus cuius axis A B inlcriptus Hemi%ba*rio 
ex radio A £ > {ic Conus ceiQanguIus . Icerum cum &- 
^m£ciicuc ACad AB>icaquadracum ex.AB ad 
^uadracam ex A D > maiii&ilum eciam eil quod Co-* 
ntis caiusradius bajfisiic AD Ss alcitudaAC > ika^ua- 
lis.Cono tedangulo ex alcicudine A 3 > & eodcm radio 
baiis A B . Qupd aucem Conus cuius alcicudo^ A C in- , 
lcTipcusHemiipbxrioex radio. A£>iiabeac:pEro.radio i 
baus lineam a:qualem.iine$e Al> (icprobacur.^ QhP* 1 
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niam ficuc A C linca ad lincam A Bi icapct conftrur. 
^onem ^(^um eft quadratum AB ad quadratum AD 
eritdiuid^do&inuenendo (i^utquadratum AB ad 



A 



"B D 
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excefTum quadrati AD iupra quadratum AB , itsu 
A C ad C B . Rurius quoniam fipU( quadratum A B 
ad quadracum ACjVei ad re^ngulum ABCyica^ 
AB ad 3C>pci:cQnueri|onem r^tioniscrit{icuc^ua<» 
dracum A B ad exceflum /unm /iipra quadratUm AC^ 
ka AQ ad AC;iMficuc AB ad AC^ita ACad;CB} 
Igiturcumguadcacum AB hab^ac eaiidem rationem 
ad vtrumque czceflum icilicct qoadrati A D iiiprM 
quadratiuh A B > & ipliu& quadrati A3 * iupra quadrsn 
cum A C i Qpqrtet vc ifti exce0iu itnc tfguales , ideoi 
qu^eric aggtdgatUm quadracorum A D & A C iixnul j^ 
arauale duplo quadraco A B hoceft quadtato A£ ra-« 
dij Hemiiphsrijj . Quare cum quadlracum radij He-^ 
miiphzri; itc aBquale duobus quadratii A C & A D > 
etic A P t^ns oaiis Ooni cuiusaitiEUdo ^il r«<5b AC ^ 
in nciiai^ncrio ex radiQ A £ itiicripti . 

Hinc ^iom in^nk9 ali^ racioxiei ab iilis gcneran-» 
tur > incer-quas gcomecrice eriiibeiitur intcr duas li* 
oca$ <btasydux media^ concinu^ (>t0porcionales . Si 
e&imfisitio daca >«Kcmpli graci^ A ad Printer quas 
fueriitccoQcinueproporcionalcs B &Cjfontinuecur> 
Se&sk^iasnA ad P> ica D id i^>dico quod iacer A 
A2-£'CQdcc ctiam O vnciexmedijs proporcioqalibusi 
I iia^$#m*^difib:fncti;qu^iiino^ A (Sc D cm ma^ 
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ior mediEi s iater A & £ «m minor Dnedik^^de dt^ 
bicuT aitem media , , qua? flc G : loenam/fi r^io*A ad 
D triplicata fuerit & &)erint jejctreme data! A l)s F , 
dico G £ote ynam ex medijs inter A<8t FiiSifi ihter 
ezormatin dupiicataranoae erac nfiaior mjedia > Mter 
extretnasin triplicati r^ione jptic iti.i$or m«dia ; Se. (k 
e contratiD v Similitcr ii ratio pritha A ad D dbta , fuef- 
citdiuiia ^ i^ua» maiiw^rat mcdia inc^t prithas^ erit fni* 
nor inter ^cundas ,Sce concrario^ & ii ploif ies diai£L> 
fiieritratio^iempereandeml^e^qi tenebunt medi«, 
Licet aucem aJiqui pxiiibeantur csiGis particuiares 
in quibus inueniunturgeometric^ duo niedia^Pro- 
blema tamf n Vniueri^iter efi: Soiidum , & dependet 
ex medijs non. demonflrabiiibus per principia £ucli> 
dis j veluci ex apj^catione linex recSbe int^r duas ted^ 
pofitione 4acas> & ^mguium ^ntiaeiites^ au^ ad pun- 
dhimdacuAi pertingat . Huius aucem ProDiematis fo- 
lutioni abuAde iacisi^id)um eil a Pappo Aiexandrino 
in libro 4. prop^ z 3 . Matiiem^ticarum jcoilej6tienum » 
per iine^ Concoidem a ^icomede inuetam & prop. 

5 ^eitt^dmiibriJp^^e^^ftiVi Hyp4f&iiiit![itnv 

Dauid etiam Riiiaitus iti GiOjmmtlitatiji: iti Arcili^ 
medem de Sph^A d^GyiiadMt ftk Eut^id f^a&n m#^ 
dum Spori intttfn«Bftdi4uilsMi0dia4 p^ lini^am iti^i- 
vmiinircjaJ^dii^fiaillabViU» ipfiu^ ^gUlO 5 BiU^^^ ^ #^ 
pars inte):cepta ii^er peHpii^iikm 0s iM^ftjSI'^ lelidttft 
dtigulo i^idttculi duO&m i bi&f i^m a ^l^y^il^ibula^ 
<iu«^ a cetitro diuiddtuf i MlNUAi t^M M€lite;iiii&i 

duabui S^^aibu^petmholisisi (k MddOni ip^itts £«<• 
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nigue modum pulchcrrimum Dioclis perlineam CiA 
fbiaemy Circa qux quoniam ab ipfb craciita lunc nox6 
amplius moror , immoIe<f^rem adipfius cx>mmenta- 
ria iatis cognica remitto . 

Figuram vero lineae Caflbidis dc vium eius pro in> 
ueniendisduabusmedijscontinu^ propoitionalibus > 
vtpote yiui niaxime accommodam> nec ab ipib Riualr ! 

to ( guoad Wiim } bene idemoniliratam) hic.anne<Si£rcv i 
Qperxpretiun^ duxi <, 
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' Sit igitut Semicirculus A fi C^ cuius Centrum D > a 
^iio erigacor perpeQdicuIaris £) B i& (inc dat» F , & 
iC>re^interqua$ inueiiienda;^fmc dua^ medix con- 
tinue proportipnales : Primo4Uj;e(n du<5h (itapundio 
:B ad {ingirium C linea CiHbide^: BQC / quomodo 
autem fornictQr linea h«c poflea doicebitur ) fic fiat fi" 
ipuc F maior extrema ad K minorem > ita A X) ad D £> 
fD(ffl;iiexague AE^Sc produ<f^ donec coincidac cum^ 
Ciilbide in pun^o G, perillud tt^nieat rcOa. HGl 
jigraUela 3^0* Pico H l ^IC ^ft mcdif^ continu^ 
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prc^rtion^Ies inccrAI & IG , imm ^mmit$daxiif 
racioae qua. F ad K . 

Quomocio-aucfim.fbraicCiQr linpaCi^bicics fic acci* 
•pe > & poftca icqiieDur deinonfiracio ; 

CoQjcipiacur «apun^ B peripb^eriai A B C y moucr 
rire(2:a lineaMcdiif A> cuius rnos cerminus mancat 
fizus m pttn<^ C , alcer vero ^aoir pcr omnia piin- 
&a arcus B A mDCiii «guabili : SiUnilicev ut eodeoi temn 
poreeodiemque macuaequa{>ili p/tromniAipU£l(3:a arr> 
cus B C 4 fera^ur linea rp(^ pai!aUdlft B O > iSc pei* quau 
dranccin^BI^ C vbicoaque^ inceiiecucri&c lAae dn^ 
linec>tlu<^ iic per int^iedionts linea quaKiafn cuf- 
|ia> & h^ eric liaea ^uie vocacur Cii&ides . 

Qupniam igicur lince LO &Hl>icfe-ifii!|if/ecaii^ 
^es inpuniS^ C linea^Cillpidis^B QC^ ieruncur in eo^* 
dem ceinpQre a puo^ B, eruni iuxUs BH & BL a;qiiai 
les^idpot^ue aircus AL apcualis ei^r arcuf HC»^^^-' 
gulus LCA a:giuiiSi.anfulo HA%^>^ trianguiunu 
G C 1 finiiic criangok^ H A Ir^uare ficun AJ i^dl H» 
ic* CI adJG} S.ed ficuc AI ad3H,icarcft hHjii 



ICi Jdedquc AI>>-^^> IC&T-G>fimt;^arUos iir 
iKse cpncinue probprt^^ndes rji^^ ^eor eft rasr 
•cio qasm habenc iuarqnacuor Uh^ propaccioinalcs ai^ 
onuic^m^rum ciarcfliaf Al~&; I G , iunc ih •cadf ny 
fatione^^c F 4ic:Krideo^ediia; mpdi^-it^ i 
^Kdacasfunc. 

'Negue^oiiiiccendutnf ft <}Uj^ hon Ibldm jiaip^f- 
^^fafixppuseftduabus m!^ijs,veriUti eciainiftxadki^ 
ni caifu qtiando confticuendusfiiarit; 9iiqpis:<3tfiiniia.i^ 
rc^a^guius > vpl fimilitfuiciinitfub ak<)riCdnO|^2ijua«' 
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lis '3 vel in ratione dacaad Conum dacum ; In prjcee<; 
dente vero caiii dus mediae conciniie proporcionales ' 
immediace efficiuncprobloma) in alijs vero Cafibus, 
( auemadmodum , (i pncciperecur Cono daco A, fa- 
cere Conum 'B arquajem > dc iimiiem cuidam cono C, 
oporcec primo inuenire racioneih guam habec Conus 
ddcus A ad Conum C , &: cunc in eadem racione re- 
ciproc4fiacconus Q adconum iimilem fibi fi } me- 
dium iocum cenec Conus illecui fimilis coni^icuen^ 
dus'eflrConuSj& opottebicincer cerminos racionis Co-> 
tii AyadConum C ; ihuenire duos medios concinue 
proporcionales» vthabeacuf Conus B in e^demracio- 

[ ne ad Conum C , quam habec Conus A ad euhdem . 
Siver6prei>oficum£reritc5fHcuereConum B adCo- 
num A inracione £ ad F , & {imiiem Cono C j cunc 
fiac ficuc Conus A ad Conum C , ica F ad Q > & iicuc 
D ad E>ica Conus C adaliumiiii/imilemhoceftco* 
tio <}ua;fico B ivtidc ratio Coni . A .ad conum B com-* 
ponicar - ek raciono ipGns coni A ad conum C > & eiul^ 

t dem^C adconum B;velejcnicione F ad D> & D fid 
£ i ied vc inueniacur Conus B /imilis Coho C> hop e&. 
doo Coni fimilcs 9 in racione D ad £ > pporcct vc inue- 
niactir intcr ipias D & £ > dux medi» concinue pra^ 
porcionaies ; Ideoqiie iine ope duarum mediaruxna 
conniiud proporcibnalium Prbblema non^ioluecur • 
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- I Qnicquid hic deCenis iam di&a. eft > idem de alijs 
ibhdiajauallelepipodis inceliigendum i Sc mihi ktis&^ 
cerevidefcur quod liacio > quare non poillnriblui iftiuA 
mocti IVoblemaca> dcpendeac^a £muicudinp ye| fQrm4 

^ for- 



Vi 



•^^ 



mam 



DISSECTVM. 



iif 



corporis vet iblidi ^iendi^ quod pluribus ezcsmplis in- 
fra confirmabicur . 

Ez propoiitione x 4, & eiufcl^ Corollario confti- 
tuitur Conus zqu^is Portioni dats, /uper eadem bafi 
cum Piortione : SedConodatononpoffiunus confli- 
ruere Portienem Sphxne xqulaem aiper eadem ba^ 
cum Cono confiflencem . Hinc quxritur ratio qua- 
re hoc fieri non pollit . Inquiramus igitur quibus So- 
lidis fit Portio zqualis > &t inubniemus per propofitio- 
hem €0, quod omnis Porcio Sphasrz-fitasqualis^tribiis 
Conis ex.eadem bafi&dimidia aititudinc eiufHenL»^ 
vnacum Sph^ra, cuius diamecer.eft xqualis altitudini 
ipfiufi Porcionis jjhoc eft Cono iSip^ eadem bafi porr 
lionis conflicuto> yna cumdimidio eiufdem > & dimi- 
dio Coni Re^if^nguli^iufdeni alticudinis: Duplicads 
igicur omnibus > duptum Porcionis , .( yel duplum Co. 
ni cui jequajisconflicuenda efl Porcio ) jequaie eft cri- 
bus Conis ex eadem bafi & aJcicudine cum porcione^ > 
vna cum Cono re<^nguIo eiulciemyalcicudinis : Tri- 
bus aucem |us Conis arqualts cH vnus Conus habens 
bafim crip^m &: eandem alcicudin;em >.&xlHplo Cono 
daco squalis efl; Conus qui habcc bafim cripfam , alci- 
cudinem yero fubfefquialceram . Videamjus aucemi^ 
guram Prop. 1 4. vc manifeftior fiac demonflr^io . 

•Qupniam inquam duplum Coni £ HF, hoc pjk 
Conus.cx tripfl bafiJE F & alcicudine fiibfefquiaker^ 
alcicudinis G H>jequaIi$eftcribusConisex.e4dem.b9r 
{1 E F & alcicudine G 3 >hoc eA , Cono ez criplil bafi 
£F &alcicudine BQyyna. cum Cono re^ngulo ex l 

cddemAlcicudine B G: Coniaucemiunc ad inuiccin j 
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Ccvit Parallelepipfda ez eifdctti bafrbus Qc alticqdi- 
liibuf ; Igicur Solidum ex criplo quaclraco £ G in duas 
tercias lincx G H ^ xqnale eik iolido ex criplo quj^» 
draco eiuidein £ G in G B , vna cuni Cubp ex G B « 
quare Cubus ex G B sequalis eft iblidoex quadrato E G| 
inexceiTum iinez fubleiquialcerx G H « lupra iinean^ 
GB i & ideo exceiTus ille eft quanaproporcionalisjqua- 
^um radix cripliquadraci £ G eft priiha , G B vero ie- 
cunda . Daca aucem eA radix cripli quadraci £ G ici» 
licfecprima; dacaeciain eft linea iubieiquiaiccia line^q 
G H , qu« eJft aggrej^acum fecundx & quarcas in ierio. 
quacuor concinu^ proporcionalium ; quxricur fecunr 
da, icilicec linea G B vC efficiacur Problema . Solidum 
aucem eft hoc Problemx > vc ex daca vna exciremarumj 
&«aggregaco lecunds & quarcq; in ierie quacuor con- 
cinu^ proporcionalium dUcernancur (ingula;,nec.per^ 
principiagebmecrica ibluendum. Per Paraboiicanu 
Vero S£(%ionem ibluecur hoc modo . 
• Sint date A B vna excremarum ScBD aggregacuni 
lecund«& quarcx > quasappiicencur (imul ad angulos 
reifbsv Pvoducacur iam AB quancum opusin F , & 
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&<9i BF di^etro Pkracbolac! flc ABfe<S)]oUfiere,de'^ 

iccibatur linea patabolica B C t icaai Bat ED xliame': 

ter circali , circa quani £ic icf A j 

micirculus BCD>iiiceriecaias . 

ParaboJam in puii(3ro C> a gup 

ordinatim applicentur liaca^ 

G F ad oUametrum jparabola; > 

& C£ addiamccrumCircuIif 

iecattsBD dacam iil {>ua(Sl6-£; 

Dico B£ efleiecumain qnx- 

iicam , £ D yero gusrc$m ifi ^tie quatuor coiitiai^ 

proporcioj^ium . 

Cumenim B£ (ic jequalis FCjre^ngulom ABF 
«quale eft quadracoB £ : Icerum ci^ £ C aniualis fijc 
B F , re^ngulum BED arquaie eric quadrato BF : Igi? 
tur A B, B JE j B F j £ p :, iiint quatuor Iine« continue 
propQrtionaIes>quarum ABprima Ss BD aggrega-r 
tum iecundx <£c ^iartas funt datse > linea .vero B £ alr 
titudo PQttionis quasfica , inuencaeft , 

Hinc etiam pacet , quod non £>Iijm cum propofi- 
tum cft conftruete aliquod Solidum > quod habeat ilr , 
militudinem vel^ibrmam alceriusiblidi daci; iequaIo> 
vel inration^ datadd-aliud i<^Ii4fim> opus j^ duabu^ 
medijs continuc propoitionaiibus>verum eciam iu^ 
omni cafu > quandd pars aliqua Solidi qua^i > inueft- 
ta p^ re&Iutioiiem eididem Solidi > habe^ iimilicudi- 
nem vel^brmam alicuius Solidi noci > non poiHt fino 
ope aiicuiuslQciiQlidijVelSe^HQais CQniesi geonier 
crice iblui > iicut:exprcmiifl[]S.Iiquido ^ppa^^ 

lam opportunum videturd yr&c^^ta Jiac o^gaiion? 
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inauirsmus de Segmcifcis > &iii£fe exploreihus intguas 
Sotidz reibluaneuTY dc quomodo ad Hecniipiia^ia ouoi^ 
rum iunc parces in mionp dati coftituenda finc. Qu(h 
niam aucem Hemiiphxrium iei^m^lanpadbafim^ 
parallelQ comppnicur ^x portione & i^gmenco, yidca* 
m iis primo in qux iblida reiblti^tur Segmencu|h , &| 
ofiea quomodo in racione dara ad H«mi^pli29rium il-» 

l coniUtuerepoifimus ; 

Inueniemus igicurprimo qudd Segmentumi xquz-. 
|e fic cribus Conis ex minore ipfiUs baii & ^adem alci- 
tudincyvna-cum c^ce^ gnodamiqui per -Goroila-; 
rium quintum Prop, < $ . demQnilracur ^quaiis- He- 
miipbfBi^o^dQB^m ciim io^ni^ntoaititudinis . £t per 
brop. £'5;, Segmentumad bafimdembnftracureuL» 
x^aie cribus Conis eiuiHcm cum iegmento alcitudi^ 
fiis, quorttffldnoez t>a(i Hemilf^basrijj reliquuscx ba* 
a minori Segmenci . -Q^e ii vtrobiquc dedu(5his fue<» 
rit Conus «xminori bgfiVcmanebunip duo Cpni cz ba« 
fi Hcmiiphxrij xqasA^ duobu; CQnis^x ba(| minori» 
vna cum Hemiiph^rio oiuiHcm Qititndinis » Hemii^ 
phaerium attt^m a^ualcell duobusConis rciSKingiilis 
eiuiHem alticudinis i Ideoaue Qonus ez baii Hcmii^ 
pha?rij &iiltititdine<1egi|ienti^aaiis e(k Cono ez mi* 
noti bali vnk com ConiO're^ngu|a;eii4|d<?m a|titudi-> 
niscumicgmento, -•:- ; 

- Sit igicur propolitutn^iocai:^ Hemifph«erium-pIano 
ad baum-parallelojica vt Segmentum habeac racio- 
ncm dat^^adH^iiphjrriun^) ^Supponatur fa<^m 
& quod in Hemiipluetfio ' ABC fe<^ ptano FC ad ba- 
fm ACpsrallciovSeffmeninm^AFGC habeac ad 



t**MM 



H^- 



mmmmmmmm 



dissectvm;: 



Mi 



•■^d»^-*' 



'^^^••■•S^ 



*M 



Hcmi/phafrium A B C , rationem quam habcf pai» 
axis£D «(icotum;aemBD. *^ 
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Ciim;i(ifem duaConiex bafi HifAUj^stxifAC 4|e 
^alcitudiiie ED.yii^tacl Hemiipluerium A^CGaxt U* 
nca E D ^ line^m BJ> ,' fegmencum V^*Q A P <? JQ 
fuppona£.urieliabere adidem l^^iiphieriu^ 'in e#* 
jdem racione £ D «cLB D** IgicurduoCom ek i>4fi: A f* 
i&alcicudineEDiCijualeliikiir^egmencoA F<3C . '£i^ 
dem verorSegmento «q^idejs^nc djio Ccftiijitit eldem 
baii AC '&aj[cicu(it9e D H vni t^m Co&^^Kdgmitciti 
eac bafe R G i6ceadem jalciccbdine D H, Contu^ autenji 
Segmemi £:ilicecex ba(i FC ^al^iidiiie.pi^/mi^oi 
eft Conoex ba& AC dsalcicu^incPHi^aaptifiac^ Co4> 
ni re^Qjguli ex D H ;- •Com.auDsnv«um- ^ttadinuik- 
cem ftc^c ioiidaparallB|e^ipbd!a>iiC'ieg^«mfiim A F^ 
CC ad Hemiipberium A BC^{iait«(b|idtim^K tti^Q 
quadraco AD in DH mlihu; Cilbd DH jid^^iidtun 
exduplo quiadrato A i^ D-B; v^MupluitiCubi ADi 
Ideoque-ttquale eft £>iid(> e^ duplo qusdraip AD 

m'r\ 17 ♦'••»•». n '• ••■•.§ < \ ( I • 

CfiM '^uir ]I^Udfim^fi;E Ir^b^n^acor A^Pi» P H 
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scdnas cubo O H ) arauale fic /blido ex duplo eiuiclenift 
^adraci A D ia D E , eric recipvocaado baies & alci- 
tudines^olidum ex criplo ^uadraeo AD iii duas cercias 
i^uadrati ;£ D > «quale iblido &c eodem criplo quadca<- 
'. to&alcit:udiiie HD>deficience cuboex HD; Qua- 
re maior erit HD quanai line^.fubiiel^ialcera ipuus 
£D>& ditferencia incer HD &4'^as tercias £D crie 
quarta ia &ric quacuor- cominue proporcionaliunL» > 
quaruni lacus cripli quadvati A D elt pr ima > . H D ver 
ro lecunda i EcideQlcum Itncaju biei^uiaker a £ D da> 
tardt aggr^gacumi^QCjUiidarfii^uarca; quamor concir 
nu^ propQrcionalium» '^acUm lacus cripli quadraci 

AD ixc prJma ^psr iiaeaq:^ Barabolicam ucuc in pro- 

tcima ftfttec^fsme.ct^Ctoo&pQlrctQne detnQoftcauir- 

mus > diicc^ertcACUfiiinguIs j ^ inueniecur linea HD» 

icilicet.^lciF9dQieg(Qemi A F G;C, quod hAbec ad He- 
miiphacrium A 3iC. r^cioaem £ Dad B D . 

i.. Hinc it^iun mai^i^ilum €;il quod ie^memum ad 
ba/i'm> ia cuius relblucione inuenicur pars aliquaiir- 
miIic«Mi{iUt.y^I Tocml 4QC^ » vcpq^: Hfnnj^h^riiurL, 
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«cl.Conus Re(5biigulus , nonpoific conftkui in mip^ 
ne datk ad Hemiiphxrium une ope duaram mcdia» 
rum continue propoxtionakuih veiie<^oae Cpnica: 
Adreiblucionemenim Problemacum iqlidqrum opus 
efi medijsiblidis viLreibluancur . 

Quoniam autein Hemi&hsrium compbnicur exl ' Rtrio.poih 
Segmento&Pprtione9;Coniequcns.videcur.ytiam in« «^^ 
^uiramus per que media poilimus conilituere I^ortio- 
nemin rationfd^OfaadHemi^haerium. 6ati8 autem 
iamdixiile.videmiu: defeiblucipne ipiius >.^uando de- 
monilrauerimus ^uodaligua ^axsipGinsttxusBquafy 
6phasce eiuidem cu;m Pqrcipne alcicudinis . 

In proppiicione vero ^ ±. 4<^o^itraciim eft qaod 
Porcio le.hab^ac ad Hemiiphairium ficuc exceiilis> qup 
triplusaxiseiusiuperac tres c|einceps f^oporcioQales 9 
in ratione azisHemiiphsrijadaxemSegmenci>ad du- 
plum axem Hemi^naxi;.' £cin ^aucuc re<f)^ngu- 
lum quoddam ex alcicudiAe Coni «qualis Porciqni^n 
altitiidinem porcionis^aidre/flangulumejjc cqmpofic4 
.ex axeConi prx<ii^iSi3Lx,e £;gmenci > in azem Hemii-' 
phazrij. Quotiiam autem neceiTarium eil.yt vtraque 
in eandeni rationem conueniat> licet perdiuerias me-. 
rhodos {Hrqgrediannnr > meliusduxi vt permechoaum 
Prop. I %. Problematif reiblucionem inquiram . 

Sc!& primp licebit hic.deci»ate qualisiif huiqs pi^ 
pqiiticmis reiblucio > &in quam e£fe^oacm gedmc- 
tricam cadat > vt lindam quandam iCubatrioem > h uic 
negorio propriam >j& ad mult:^. alia,s propqiitiones ib« 
lida^iblUendas accpmm^dai^; dciiekiciti . Poilea vq- 
ro aliquas propqfitiones a^nutgam >qu^ nonlolunu 
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huic negocio, verum etiam ad multas in Algebra proK 
poficionesibluendasatcexui . 

Qui igitur per Algebram cxpcriri velit ^ ^uxnam fit 
reiolutio prop^ ^x.inueniet^guod addacam lineami 
( icilicct qua?tripla fit radij baiis Hemiiphatrij ; apph> 
candum uc quadracum ^ciensibhdum a^guale Cubo 
daco deficiens Cubo . Ideo^ue hnea data erit aggrega^ 
cum ezcremarum ex guacuor hneis in ierie continue 
roportionalibus j mediarum vero minor cA Iatuscu> 
i dati . Ex dato. igicur extrcmarum aggregatQ;& vna 
medi^arum^quxrantor fingula; proportionalium . Ve« 
runtamen oportebic vci medijs {olidis ad hxc demoi^--. 
ftranda , alicar enim demoaftrari non pocerunc . 
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■ Exponatop icaiguelineaCubaerix&fabrioa i , 

^per iiiam inueniamus fblucionemhuiusproblemai 



-cuis 



quo- 
corLimj 

GM; 

qua- 



cn^ncur perpcndicularcs CriaJUIi;t.K,rL,' 
- Fiac aucem<J^ubus ex linca CH a^qualis iblido ex ^ 
^raco A C in dineam . ^B: Simihcer cubus ex linca^ 

P I squaiis- fit. iblido ex quadraCQ AD in D JB » ^ fic 
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in caceris omnibus j vnde li zouabili manos duOai 

j .conne<^!aiicur>^ fiac jinea^urJua AH I K L M B > eric 

1 jjiuea illa ^c €i^ , ea quam vocamusCubacricem . 

Priu^quam aucem aggrediamur Propofici ibl ucion€ 

opus efl vc oHendamus quod^fi jineft A B ie<^ fueric 

in quacunque racione daca , yctioce in racione A C ad 

[.CB,&fIi(Sbfueric GB 2<^u«Iis ,A C , jfblidu^ ex qua^ 

j draco A C in C B lineam , iiocd&ft Cubus cx C H , eric 

ad Cubuni ex M G , vel fblidum ex (juadraco A G in^ 

G B } ficuc linea A C ad lineam C B . Cum enim fo- 

l ida habeanc ad i auicemracionvm. cpmpoficaifi ^x ba^ 

^busdc-alcitudinibus, ecuiic iftia.ibiida ad inuicein cd- 

poflca ex dupUracioiie A C od C B ( nam C B & A43 

iunc x(pa.hoi ) $i flmpla .racioike< C B ad A C -, ideoguc 

dedu<n:a fimpla jaciond CB a.d AC ^x dupla AC ad C B> 

qux remanec eric A C ad C j^* £c propcerea Cubus ex 

H Cad Cubum ex M.C^ jf ric ficucujaea A.C adlincam 

' laniif^o vc demonflremus fe<Slionem Hemtlpiia> 
rij in r^ciQne d^caiecumbimmeciiodum Prop* | ^. re^ 
pecamui figuram ipflu^^.' £c propofkum iic; 'Secarc^ 
Hemi^hxrium ABC planoad baiim parall^ld>.ica ' 
vc Porcio .<ii^<3:a L B M flc ad Hemiiph^iam A BC 
iicuc linea S ad dupium B D » vel lineam A C : . £t | 
\ quoniam demonflracum efl; cpod^otiio fe habjeac .ad | 
Hcmifphwium-,iicucex.cefrus triplas BH fiipra tres 
propoccionales , iciiicet liileam.B X , adduplum axis 
Hemiiph«riji OporcecquodiincaSficcqualisexccf* \ 
f ui guo cripla B H fiiperac cres iilas ptoporcionalcs , vci 
iincam B X . Icerum , cum per Analyticam xx^URCip- 
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nem jiQUPniatof (•kyctautem inj&a Gcamctric^ de- 
moiiftrabiinus ) quod^Sdliclum' ex auadrato A D in Ii< 
neam S > 2<juale ut iblido ez cripla iinea AD vel BD 
in j^u^tdracum B H , ^inus cubo ex B H , Necei&rium 
ericvtibliduinillud ex tripla B D in quadratum B H , 
minus Guho ex B.H,ficad iblidum ex quadrato BD 
in dupluoi' B D , iicac S linea ad duplam BD > vel fi- 
cuc Portio ad Hemiiphffrium . Fiat igitur linea R fc-» 
cunda inN&rie guacubr concinue proportionaiiunL» , 
<iuarum-6JD ipcima.,:AC vero quartaj 5£crit:Cubus 
«xR.,.equaHsiolidoexquadrato BD in duplam dU 
.vci A C V ideoque Solidum cx quadrato B l5 in S , vel 
oi iequale > fcilicct iblidum cx cripla B D in quadra- 
tum B H minus cubo BH , ericad Cubum exR > ficuc 
iinea S ad duplani B D . 

-Supponacur ianrlinea A B qu« baiis eft linex Cu- 
batricis. ita diuidi in pun<f3x> C , vt fit A C ad G B ra^ 
cio data , hpo«ft Ccuc S ad duplam B D, & ficri ctiam 
GB «qualis AC,& a pun<ais Q, & G, crciaxper- 
pendicularcs CH &GMadpcripheriamipfius lincac 

Cu- 



♦*w 



Jt" * 



mm 



DIS£€CT^U: 



' - j 



■»^ 



*lf 






I • I M 



^ . I • • 



_ - * • ^ 



rrjfv-o* *'• • :•. » 







I » * I J t » » ' \ 

* ■» ' »■-' >i4 • • ^ • ^ 



I 



rnijMlv^l 






Cubatrids; Mant&ftttiA «l^iam cac iupni deih^oiiiibai 
tis)guo4 Cui;>u$ <DH ad cudikm cxrCM^haikit etai^ 
deihradpiiiem AC ad CB.= j^ -: r-; .\ .£:. 3r ; \-r.-i' ,; 
-Ruriiis ift'baie4iiiear'Cu&acridii fiat ^A^D iegnalit 
¥ B y & «rigatur ' perpetidicukf is^ D I > ex ' quj^' € ubii^ 
eric xqtialis ib,li<i<;> ex^uadracd AD Jh 1>B>; fuitis •al-i- 
ciQi;tci<»«(l dupla iaceri$ baiis •ipiius > ideoiju^' (imiii fch 
iidpex^uadraco axis Hemimhflirij ia dut^am aiii^a.;. 
dinem eiuiHem ;tum tota liseft AB cripla panisiA-p t 

lam concipiacur linea AB^diuidiapuiiijld C',-ii)a 
vc(k A C ad C B jracio in quS.propo^icum eft iecare 
Hemiiph^ium, 6c fieri AdatMG ad H^ 9^ica.iID 
ad NOj qu« ordinacim applicecuFlinese-^ABiiiiCJsf 
A & D* Dico fifiac in ;|xe hemii|>ba»ijBt>:ad?ltM4 
fi^uciiiCubacrice AD ad AO ><^bd ji^ifmuMrfccans 
Hemilphxrium per pun<5him H dd baum'piat»UeIum« 
dilTecabic Porcionem L BM 'in racidiif daiiad hemi^ 
ph^rium>{icuciinea S ad diiplum axis eiulci^ . ; 

Qwoniamenim €ii^tti <^=fiicarMG:ad HtCvita 
i D ad , N O > eric per-mutando yOubus ex N O ad Cu- 
bum et I D > ficiitCu^iis ex H C ad Cubnm px^ ^&G, 
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hoceft ficut A C ad CB,ratio data; Sed Cubus cx 
N O eA a:qualis!|biido^j^uacirato A O in O B j ibli- 
dum autem e;?p^iiadiiato A O in O B miflus eft iblido 
ex quadratoA O iii A B guantitkt^ ^"^^ ^^ -'^ ^ • -^P* 
plicatum efi igitiir lineaE! A^ flate fblidum defi- 
ciens Cuhbja^qualejCubo daco lek linea NO, quod 
habet ratipnem datim (fcilicei qu^ A C ad CBjad 
IbUdum ^ quit^^&kD ih D 3; .^4i /blidum ex qua- 
drato A P in D B fimile ^eft folido cx guadrato axis 
fMaaiffbskif^^iimmiiff^^ 4ii>]f^isft "tHuifkm »i&reft 
iineajitSittifl^l^i^ A^>i NflCd^pigSicQX^rAO 
crit ad potam A B , ficut imt^ hHfitSxj^hfexi^j^m ;B H 

«ItrttJiuQi^uift;^ f>ji'i¥Mc)€mmlPcim3^ iqi)04 ^nca 

A Hi Ud ^^^cpLt,\im enMff^imiit ^iim. A P ^ Q B ) 

i9UiitiC<>Qliit^;^m(^tmci,at^ |il»poi$iiQnalium, 
^afumtNii^<£iliya»!<^in9i^di!/».r'li^Q9ue: Ji^^^ qun^ 

tri|>U«ft(aki9<B Di ^fkf^j^^^pitumfixitemsrum y.q ua- 
ruh^ JitiQ«(A i iacuf iQii ^i.99Uali$ Solido dasip «& ^aa^^ cz 
miedijB & Ah -miii*»! jW^a -il lij ii t .u, ; i 
-/.MBaifi^ iki$..«i:(pr«^ jMttio ^^ii^r^ 

ttfak«Px^l4nkiaciY9pip^r:dcm0tmriULda p^^ media 

fli6ibsI,«id«t^r^t'jl4flUs» yc prirn*imb»vbr 'diffifcult?- 
tesailiiMoaiiii^iiQouir^ift i^eioiiidpnefii ^^ifHicn» 
^vioiiamm\niitiintA ldii.or4ii$qt«n»poci$iaiifiu^fti> 
^odol ^aiumplttWf (■ iMicur^ cnim noa perjmitcic 
vc 9U€iit|^ccsipIbCffnL' kfjtilotiemipi^ fecerit p^ du-pli- 
CPt^^^ltocOrl/IaiKCil^jg^nduoifQrian in alia htfiui- 
niQdiii6iiite»j.\ieiUct)i}9i;.i.,^7j..iiA quaruim prilort^ 
pbffAorSfhfiom co^tftiltiukur jid Spha^am da(am iu ra- 
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Iterwhi^ 73 .lioebici^ ^uacwia«e,;iUiwdiiJift;Wr 
fyipthfiiiD^cupt^ Prprtion«m ajguaJkmSplflaBi^-jciitf^: 
4c!|u}. hoyQ , licel^c jcoafticuene; fomoivom-iifqufi^sSh 
S|>^r^ ^^^qna?. £i«iJis/i«4lcaii .pQrcidni/ia^i iqB 

tione & Raiipne ad .Hemiiph«f iunn.i mihi i*<i»)#d©' '^medium" 
tur latis^ifle quantuitt^ppusi^ibliim igitm; cei^??:. yt 
alig uid dica,m ^ic Segm«i»0int^ftj^i)Pi dcjqw\ iJfUOt 
' niam ad Hemifph^riupaiin7lc^oaeicra£4.ccia^$Hirp^ 
teft manijfeftum eft ^qqijaiiBjSifoiwipnfi ip^flsl^pnrf 
inCerfitaliquod Solidumiipecie vd)ib«n« iSiQtlimci iattle 



Segmen- 
tum inter 




res manireiporneciii< 

Porciottis <iiflc*^ pJknAi»d'i>aiim'pmflcI<&3«iJI[p^5 

Segmenci ad bafiin fimilit.cr;jdifl*4a:?:55JW9«i0iV«£O 

iUprumlali^^c(n|nyi4nym'jwferl^^ 
menci ad i»(im y^elolmiQmQuiixZiitiQyliaicHVfiy!^ 
I criplum Conijiupcr misBQriiM^ Ai«idbmdci^iScUy 
vnacum pQi5cipne/Sphiw^iiH!cki*i|i:pgttitafv^^ ^ 

maiprvdi minpriccuAdatA.qUieuiucQmie^itCcn^^ 
4iiIecac«Lr> ^Si :veroycp4rcem P<^tipflitt4n^]Qfi^|^'* 
rd$>cuncmi9gisjignpt(pi«iain[|8U!Ce6lij»iiu^ r 

3t crudci« QQftPcum:, "kol pjipoctiooiii}md«m>^phpf 1 
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•rdidi^ litci^iimuhoiittt^crtiffei^ Cdnorutn compdficje) Si 
•ptiopR^isrmtbi) iiii^ic ^uin' m^dijs piaalsdembtii; 

•-' t Ve^ii^tom«n < ob&#UAci<Mi» ^igaufn h^sc 'iftirettto > 
qaod 'idifin Semicfirculo <|uod 'Heihiiphsrie^' fi43cid^ 
licekd^w(i« modt^^^^ffSci^itf . VldelidfrH quod /^cut 
in Hemiipiisrio Segmencum incermedium «quaio 
Se(fh»i'^undo&piu^ent^perficiei f]>ha;ricce , con- 
fticui>pi§l«n;,^xqiiioeciam in racione dact lid HemiA 
ph2riU|t)fconfl:tcaicur }ica in Semicirculd, v^Iin qua>^ 
dtanlecirculi^onllicuic&jrSegmeikcuniiiitermedium 
xauale Sec^ori , & in racione data ad quadrancenu . 
(^i^^idiautebt ifi^uadtanc^ <fiflickur-:, id^m in Se^ 
micimilo fieri clarum efit ;•' 
" Sit rgiiur Quidrians « circuli 

AB[G0i:^cuius pei?i^ri4AB - 
iuni^ntur duo put«£b( D ^ £ / 

a^qitidiftiintia ar puti<^ Ai& iB i ; 
'4uOaf<^kic'ab vcroqUe ipidruiit. ^ 
Hd^» ad ^encffupi C > -fiac Se-^ ^- 
^sEC^D'. JBcerumdtu^^per- A 

pendicidaribus ab \^oqu;e ip-^ 
ioi^tiM dii JaMraM^aadrantis D F V 
t>icoied[OFem BCD «iie sgualem quadrilacero £ D F I 
vei^fi D H G y gaoiruni eadem^ed linea ciiruar£-D cum 
Se^llb^e '£C D .;" Quc^iat^ enim, arcus D i^ «quaiis j 
k^ ^if-ui £ A , eidc angniqs DCB xqualis anguio £CA> 
idedi^b&pt^opber lequales angulos redos D F C & EGC, 
9& aM^iia iacera; D C ^ £ C triangula D F C ^ £ G G 
.«qu^lia erunc . Hisetiani as^uaiia iiinc criangula £ I C 
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DISSECTVM. 
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fi^DHC^ Quarc cuni triang^Iuqa. JP F C iic,a5<jualc 

;triangylo EIC^ adgico vtriquje t;^jlin^p mixto J^QJn > & 

dempto communi triangulo KIp>cema^net Sc6koT 

EDC «qtialis qukdrilineo Vef leg Jnento%termedio 

£D FI:quaree;lji^in-nitioiaem ,hab|et |^gmpntunu 

intermedrum E utX arf totum^ quadrantenT AB C l 

j quan^ htJ^et ^(apt^.C D aAtmitm , Vf 1 jajPQii? .E D 

' ad totum arcum AB: Vnde in j^emicircdlo ( cum. 

omnia fintduplaj-fcgmentumlhtermedium erit ad 

iemicirculum (Icut.duplum arcus E D ad totam peri- i (jo,^^ 

pheriam iemicirciili : & qudmadmodudi i|i HemiA prop«.»«» 

J phxrio lunt duo Coni a?quales , quorum bales lunt ba- 

I fes iegmefitiinterme^i;,icaniiiejnicirc^^ f^nttiuQ 

triangula «qualia qu<9rum bi&s fuhtlatera.ipifius feg- 

menti jfntermeSri . ' - * 
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\^ A 



^ cunqui?ifnc«t6htinuepr6ppr- j 
tionaleSt&tbtidem alia^ i^ e^d^it^ r^- ' 
tione > erit ficut priorum maior ad dif- 
ferentias earum vel ad qualibet ^aruqi 
differentiam > ita maior pofteriorum ad 
diff(^rentia$ pofteriorum , vel ad quam- 
libet earum differentiam viciilim fumr 
ptani : Similiter & m^dia vel minima^ 
ad quamlibet differeatiam viciHim fum' 
ptam-» f 

Slnt eiiim cres Iine«e concinue' prpporciongles A ^ 
B) ^ C j quaruixi fnaxima A excedic fi n^edian^ 
guancicacf D ; ^ vero media eaccedip C minimaxnji 
quancicace EjeftigicurJinea D£ aggregacum exceA 
' luum yel ^i^renciaf um A /upra S > ^ B iupra C ; 
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j Sim eeirim rres ali« F, 0« & H lii eldem i^elohe-^uil 
priores, quarum estceirusfine t» niiioris F /irpr^.ine- 
diam G , & K > exceiTus medijc . G .iapra minor<Hli \ H } 
dcidco I K aggregacum excefTuum vel dii&rfeneiarum 
earum : Dico quod ficuc A maior priorum ad JD^ex- 
ceiTum A lupra B>ica F maior pofteriorum ad I ex- 
ceiTum F fupra G j &iicuc A ad £, ica F ad KiScCc 
de reliquis vicii^m fumpcis . ... 

Quoniam enim linea A compbfica eft ex B & D > 
linea 6 eciam ex C & £, eric diuidendo> ficue B ad 
D>ita C ad'£)&fexa^uaH.(<;uAi Qnt propoiftiG^i^alef 
A > B , & C J ficuc A -ad b ; ica B ad C j SimilirQiodq 
demoilllrabicur inpoftef A9ri^*>s ^npd (icuc F a^ I ,Tta 
G ad KiSi cum uac in. eadein racione A^.Bj^^^jc C> 
^ua ilint F, G , & H i ^it, iicui; A ad D, ita F ad I ^ 
&c. Sed cum iit ilcuc A ad P- ita. B. ad £ ,.erit p^cmu* 
candoiicut'A ad B,iic D ad ^a^s I ad K incadem 
racionci Etex^fouaiiericiicucA.ad aggregatum ex 
D &: £, ita F, ad aggregatum ex | & K. Similicer 
dciam demonilrabitur de reliquis viciilim iumpcis> ii- 
cut in propoiitipnc, crpum^f tur. , . - ; , 
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Si iint tres Hnese continue proportionales» 
exceilas prima?maior is iupraiiecundam 
effCjnnediapn^pQnioiialislnter priauuii 
maiorem ^ & idlfiereiitf am iUtus ^cdP 
iitsr quo Asltor eXcejfTQS mfflorem (upt 
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I dlam fi:<^ort fortal^hf mter A &¥;" Cohi «litt» fa fi* 

& vc*dM<txc^a«=aVfi?briB . IgHHif li<Jtte A ad D, ki 
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Trium igicur Proporcionalium daca maiore .excre* 
m4 ^ diHcremi^ excetifuum earum > inueniuncur reli* 
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PROPOSITIO III. 

l^rium Proportionaliutn data extremS 

maiori & exceflii mediar fiiprau» 

minotem reperire re- 

liquas. 
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SI T \A maxifnatpttift {m^jkQtdicmaiiumr» li: .B ctf 
c^usftguoi/ccxihclkcxoailt iterct^iaB » .Dc&oi^atttt 
igicat.isaiicircukis:DI'£^iupcs.diftme(rOiD£ f qu0 
squalis fiac linea; daca? A ^ & ab el abicindacisr bati 
£ G .fli^ua^ dacfl^ B >:ot)QrcccijaHitai2^&ied illvid £ G 
non iicmaior^uiUBa qnarta p^J^iis A >. vei i D £ > «t 
poiftea pACBbic^' £rig«cUr kai.a p|iA<^o.£ pcrpondieu- 
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cabic in duobus pun(fbs : Secet tgicuspwilpilcMM||<i>| 
pundhs C £c l^aquibusadDianietxufn DE^demit- 

t^ — ^c ji 

i>i"i muiri jj 
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tanturperpen<iie»lareiCIC^TFir Quoniam igitur 
lincae CK zq^alis eillinea H £ ^ eriint: & quadraca^ 
earumeciam a;qUaliaj£i<S);ume(laui:em quadratum.* 
ex H£» xquale re(Sbn£uIo D £ G > quadratum vero 
C K arauale e(l re<£bngu!o D K £ j ret^ngut^m igi- 
tur D K £ gqu al e e ft.y e 6feangulo D £ Gj^eideo ficuc 
D £ ad D K >ica.K.£4id £ G> vndeper conuerfionem 
racionis eric (Icuc D £ ad £ K > ica £ K ad K G . In- 
vunitkikiicipcijrw^i^tte^ ptwpapdca]aks>.q^Um^ 
Dh piSiittCkqiialis^jAf ite/filricctthda&KG ^tr^ 
M i> qidlim • diBspinuv vel ekullas • G E. atqiialis ^ 
BdaiMijrbfu .•:.:. lo dr, :" . \ 'j.uh s.. i-l 3-,i] /J . -r. 

' iiimliiebeefafiniiitiGnilirBtnatf (jiiott ^^sMmiidi 
propc&iiaKUtfi quak^ymrp £] ma^iiiiia.' j.fiaexcsi&i nts^ 
^^(isp^mitkstimtt{ ^ia 0'£4aca7 Quoniaqrfiniiin 
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re<fbngubl;ahr£>-g£vil}9iialflrf«(^tr(^^ 

d3c quacta paccetliof»:; A-vcrI<£!£ .- Qmifil^mwsfii: 

^ttod^Erf « j^memi(H@lli«liiH» iiOfiir fn: ^ilik^^^ C¥: 
aimi(iijs Hc lcilicec qiiod <7gtiale eft ^iudi^P-.cncjdiM-^ 
dia,& bjuic )?^a|^r&r<<%u>gulu;n c^ 1:014.1^^ iu^ 

^ttdrtamptfim^ ^ivj^^ t>h : OporDet; igkii^ ^u«d< 

QE69uiBi«ildi(l^mii(yiA«BifQ(6uiii9di9 iiipr^ mi'^ 

i(« >,tto«k^ «lai^riqftarcftpwtc.Miw * . ; ; '; 
- C^li^ «wem iiartlf ^(1^109.««: JitQpoi|tifti>aJ!ijw|i V: 
qu« te fe J^r«b«tii ipoc)4iMiida^>(|U|urafii «s^cn^. ^jil 

^:mima j{eitemqpfid><fty^/ii-i|i wliqt^ pSftB 

cion.iles ( doje cnim le pr^fj^epjiy^^i^op:. j^Jif^i^ 

Jam dpmp»/fe«immMft.«»f«8M |»»?P*>ffj<i<^^ 

lum eric vna icriesproportiiii^ailignqj^lgdiftisjl^ gior^ 
portwmi» ilftci: QB ^j|X]5,ff ic d^g^^l^^^ 

«ci4cofci>ft*HCI>?augeC;iflii^i«iir9^1am.iA?j^^^ , 

cxQOO ftdjmitt^ur prp«Bri^wMsa;fja4^.i9j9f^fru,ii 
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tit. 



SeCiMib. 

t. BucM 



u. 



' cShi '^nacur ika^^ id B ZHn miTkiti t^loae y 

S^ml fciht^tiicut 1. ad s^iefJfi %kui- R£ , ^.quamtiiKO^ 

qMiiSS i '* tres igiturpfoj««iiiiial«« DE,KEi& KG, iqu* 
«ftqtndr* ] ittm«»k(^is>inae)qqaii^ti54eru^9.5»&i;hdcdlr^(iKi« 
'^ .dracum , radix , & vnir.i$ : religus vero propelobnaIe& 
llciliisieeiL ; F £ 3 ^l^ tj > ^arum eadem'^ ■^kfha;; & 
eadeai^ftdifFereh^iareliigtidlrumeruhc 9. if.^^s^.iguap 
in nuif^is iaht ffiinijxij» in ratione K£/ad £G^ 
ab- ^acjide -KE GiEG vo^anrur- Teraiini , (lue iradi *. 
'c€S Pt^opprtionis-i ^uonbm in e»km ratiohe {ninorcf 
■inifli'he^ujcuttt. [' •? " ' ?>' ' : ^ 

K B''^|>. 8» 1C:G ^ ; #^4^ aa viro ieries propottipnaliom^ 
erit i ^i t ir« Sl ^. <^U(t- luih&emin-fiiihihiS' ia-ta(i6no 
,K£>ad G£i4iitd J)i.-Be'|n>Oinnihus ap^aret qaod^ 
K^G hkb^tratioliim^.v«ttadb,K£ i^dieisy&OE qda- 
drati : ^ ^M^ifeii^ttai cft ceidflfi <ga6d £cut K £ ^ r^dijp 
qiiadr^ maiori&OE^ita <erit 0£-Y.dif]^ren£ia daca) 

tadix qtiat!wtr'FG'^ih^iV. 

Apparetetiamijuodratioduplayhoc b&: ^ri.Sc t. 

eft mMist iiiter oiWKc^ nitibnte \ (icac manifeftum ' eft 
ih Jridlbttibas 'j . ad^ W Si y.- ddi»/ ihtcr qu*$ : -j. ad 1 ^ 
•*7 CKne^ diSplft fatib) fhedia ^it > ^AG'in^ffl4iibu« 
diijs 'i^ <fandehi|nMkm' irfA jbkm-dc edindem dci&- 

III. 

ttociiicel- 
licicur de 



ligt 
tlb 



proportio 
naliilqiui 
funt maio j 

licatis • 



rentiamtfeliqiiartitfi'Hktetl' 1 " i < i - - 

' H tilctlahi obferuirtiauin^y^ii6d,'f 6tut iti feciJn^ 
dia hairumdemoniliriiiiiiitifais ^«^ceiTus ptibsr iapra l^ 
Cuhdaich ii{V'm^ditt^lK»^^i6n4iis^hcer primam 6c dif^ 
ftrehtia:m'e^cieiluftld; ita^ex deRionilratiopc huius ap-^ 
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im. 



paret «^uod excefTus ille ficradix maioris darse» & guod 
diirerenpaexcefruuxiixiilyninsl^ J: 
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nore & excellu quo maxinia excedi( 
inediam inuenire reliquas . 
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REpecica diajiniecro E) E in figur^ pracqpdencis pro» 
poficionisdiuisainPaniStis TeyK,S\Qf conci- 
piacur daca F G minor cxcrcroa , & P F exccflus pci- 
ma m^ioris iupra mediam , «^uibus in dirc^m pofi- 

td. FHS^ wib fiaS.Eif id :ilB:i.^aCE ®ii*©»i; * 

mnkd fop« mcdidm in Ittrtt^ pft6iriim'ptiW«*Sw*i|' 
lium^. • ^^•-♦-^ -' ". ■r.Dhou->t«fib a A £oml 
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Data dMTerietidalaterutn reftiidguli» &n]e 
4ia proportionali inter laterain- 
^^ uenirere 
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Sltt^^ABJiflfarptttiikeertimimm BC mtfUa.. 
ipro4)Qjt jonalii mm iaicia guaffiw i qiiibus in an. 

gulum:re<attm>CDmpofiris^iuidatur A B bi&jiam ia 
F , a^i*o#4! C. iduc«iu5linca F, JC i fa«aD iam.centro F , 
* IntCJiftUojFi: .cic^tibatur iemicirculu& DC £ , ad 

ttHa^ia:&;^,lufcflt AB ihmam^ueparecm^Fron 
au«as. .Q4Qfi«m< igiti» DF *.&rFE fiiae «quales j 

funtctJMrtj AftfeiPiBfka-itDB «gaalis AE.ac idco 
<l€dfi^JA>B commwBttijrcIiguiD.Afic B E^quales 
«^mi jjaifcfiXDcflusJinc* D B , %ra B 5. , cft linea_, 
AW«F*lfiC^fliglilfclimfVcroI>B^ (^quale.eftquadra. 
i»<^iRi 3jgituirc«,data,CB mqdi^ proportionali in- 
ji*iliJ»««a«J4tci5aj;^ai,*; BiEj ^lriimdiffcrcutiacft 
Imea A B daca i auod crat facienff irm 
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Si Aeriftt qtiatudr firiej* WiitihCi'^ i)M66^- 

ioribu9 orcHpiatlm ileduSfar ft^lne {nj^ 
nores, ertittt trcsf 

prioi-es i &c;>rum^trcm»« :quadracfti 
& (1 iterum ex maioribus bi-cfta^im 4^ 
duQx fuerint minores , reliquse earum^ 
erunt dux line^ in eadem rationc & funt 
radices quadratorum & cuborum pra^| 
diSorum ; & difFcrentia inter iUas cfl 
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Slncenim ^juatuor lincapcpntinu^ prc^oVtioiialci' 
AiBjCdcDydi iint minoris ina;(}uaiitatis guam 
duplae ex quibus ordinatim diflec^ fint partes £> F 3 &: 
G>Jci]icet quodpars E fitexceiTus lineic A fiipca-li- 
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neam B; F ezcefrusJinex B /upralineainC,& G ex> 
cefTus C iiipra D . SMc itefiiun' H ex^iRk £ iiipra 
F j & I ezceiTus F (upra G i Demum (it K difTeren- 

da inter. H ,^ I. Jan^ drjwHiJjiiVinmu^ ^it»d Zp F^ 

& Gjlimijl^er^ i^acTl^iint oropo^onales i^ ea- 
demrandiftc*i|a4 A^|5,'fe C: ^fuhcVeropropoficum 
^ demii«flcai(ev^fu^ A iE , 71 «^ S, fine^iam ^ro- 
g^ieAf^ffiaiprifi ito{|iatoto.l|fQuhEiiipiie#&j^uod 
/i. {n Cu^usoi^u^ «^uafUatiim «(% Uaeji £ » Sc rad«x li - 
bea H> ^X vnitasj qujeeft4i£rerentia interlineas H y 
kili Siinllicer qnddTD ftt cubus ; G quadratum , & I 
^4tiiaJj*liz'iVinc<fe<iak«r€ciBm^aod fint propor- 
ti(J9a(f««l>#^iiftlJ^: :^ 
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Cum enim demonftratum fit quod ficut B ad £ > ' 
ita (it F ad H ,& ficw C ^ F,4tx <5 ad I j lcd fi- 
r cut C ad F , ita eft D ad G v £ft igitur ficut D ad 
G ) ita G ad I : Cum etiam iic ficut G ad F » ita I ad H , 
erit ficut G ad difierentiam inter G & F , fic I ad diife- 
rentiam inter I & H j Scd 1 eft difierentia inter F 
&Cj^JC4ii&renpa Jl^ter I>&H>aric igicur ficat 
QM Ijical ad K,St.ideo D , G, I> is K concinue 
brdonales . 

lOiUjtrauimu^cti^faod A x£«^Hiific<X)n' 
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tinud propoitionaks ) & eadem nitione £, H ,& K 
j(tintpiiopoitionalesr»iSud9o ouatuor linea? Aj E^HyiC» 
inrationc concinua .^ 

. : . loe^iun ex Coroilarinad tcKiam pr^edeotium pro- 
po{itionttm,apparetiquod comuntdux ieries pro- 
porcionalium> «^aarum eadem eft maior & eadem di£> 
fereiitia ihter relic|uas> vna ( itilicet ea cuius propar- 
tionales Ihnt maioris inxqualitatis ) compofita elt ex 
quadrato , radice &rvnicate , cui ii addatur quarca pro- 
porcionalis maior> illa eric Gubus : vnde iequitur nuod 
cum £ *iic quadracum > H radix>& K vnicas>neceA. 
iario (ic lihe? A Cubus . " 

Quod aucem di£Ferencia incer radiees H> & |>fit 
vnicas (ic monftrabicur : In racion^bus enim qux in^ 
numeris denominancur cum diHerentia vnicacis > (i-r 
cuc in 4. ad 3 . vel 5 . ad 4- & reliquis > neceflario le- 
quicur > ex ipsa enim denpminacione apparicc: Si vero 
denpminacipnem H^beanccum maiori cii^etencia>ve- 
lucificuc 5 ad |. & 15. ad 9* fquseeciam reducun- 
cur ad proporciones cum differencia vnicacis > ficut ad 

t. 4^^«^''-'T ^ ^''r ^^^•'V ) J^M pnebfinc dif- 
ficuicacisniflquod innumeris Hnt ftsidae;: In lineis 
Vero qu^ iunc quahcicates contintta^>nulk eil diffi^ 
cultas > icd eadein Icmpef ratioquae in r eliquis . 

Hi& ica pra?parati5> vid«amus quid coUigi poilk ex 
propoiicione 5 i.circa Proportionem Porcionis ad He- 
miiphsriumydc poilea quomodo iniliiEUi* peific cal- 
culus > vt'inde exploremus >4n > ^ruacis geomecrias le- 
gibos , deinonftrari poterit ^lud Problema Archime- 
dis > Splmftmdacam in ratioR^ data iecare *' '■ 
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E)cfftocjftratuincft cnim pcr j i .quod cxcc^itt Gy4. 
lindri hptzCoxvm rcd^ngiilUm: jfcqfuali? fy Hcmit 
ph«rip , ac ctiam (juod/lnguk partes lingulis paiti. 
bu* intcr cadcm pjaaa interccpczr finc etiam aequalcs > 
yndc pcr comparationcm Coni gui pcr intcricjaioncni 
faite cft , ad Conum rc^iangulum; afleguimur etiam 
«roportipncm cxccisus Cy lindri diflcdii codcm plano 
ad totum exccffum Cylindri fupraConum re^aangu- 
jum : quJe proportio cadem eft quam habct Porcio acj 
^emiijphzrium : Sunt enim «quales . 
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M 

Sit igituf Hcmiipha:rium A B C , centrum P , axis 
BD>£^ Cylindrus ECcirca eundem axeinSdfupcr 
p^dcm. jbaii > & in ep inicriptus fit Conus re^bngulus 
£ D N } (ccentur ofiinia plano F G bafi A C parallelo> 
lecante Hemiipha*rium ia L <5fi M > Conuip vero re- 
i^ngulum in I Sn }^j ^ axen> eorum communem in 
H pun(^o. Quoniam igitur Coni EDN ,^.IDK 
iunt iimilcs >eht Coqus £ D N ad Conum ID K in^ 
triplicat4 |:atione axis B D ad axen^ H D i Sit igaHAV' 
lineis BD ^ HD , acquales Q^ P > & fit O ad Q 
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tripli- 



fmr»^ 






Mi^irtHMh 



pisspCTyM. 



*^ j i 



triplicata: i^tiadus quam hnliitzd P: .Coaus igicuv 
EDN ieIiabetad.C(muin IDK*ficucliaea O adli- 
ncam Qi^ Dedt^dla iam eac Q parte xquiiU linex ..Q> 
reliqua JEL erkadtotam p^^ucfruiic^sConi EIKItir 
ad Conum ^ D N ; iFiat.£tiam jinea 5 isguaiis tripip 
.ezceffui O iiipra P > vel priplte B H , es; fpi dedu^ 
parce a^quali linex J^ j rcliq^a T erit ad cocam S , &- 
(CucetceiTusCylindFi jE G^upra truncumConi EIKN 
hoc eft ficut Porcio L 3 M > ad Cylindrum ^ G ; ■ Sed 
.Cyliadrus £ G > eft ad Conum JE D N > iicut triplay 
BP) ad BD, hoc efl iicut iinea S ad lineam P»cx 
squali erit ucut fod O y ica portio L B M' adtComiii| 
£ D N: Sed Coniis £ D N > eft fnedietas Hemiiph«o 
ri j A B C > erit itaque ^ut T ad duplam O > iia ' Por-;- 
tio L BM ad HemiipK^icrium ABC :-ynde iequicur 
quod , data ratioi^e jin qua iecatur axis Hemiipiueri| » 
decur etijim ratio porcjonis ad Hemijfphasrium . Scd 
yideamus ylterius > quaenam fic hnea R > & ex quibus 
fiomponatur. 
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Sint igiturquatixor^ineap ,cc«itinuc jwro|^rtipn4c? 
A , B 5 G , & D , quarum A maior fit acqi^iis axi ^c^ 
milph^ij B.D,&fecunda )5>>quahs DH^.rcIiq^ua-* 
C , & p , in ordine proportipnales j lam ex A rclccc- 
turpars xquahs B,&exccflusnotetur Ej Iterum cx 
parte qu««qualis.eft 'B,refeeetiM:,pars apquajis C> & 
regdulglf: ]F>dcmttniexricl<qu4,<p^a B ;a?quaiis elt C, 
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icoll^cur parsxqualis Oi&refichiar-eritrGj J^icur E; 
F; & G^ ecunt exccilus pioporcionaiium A iupra B, 
.Biupra C>&.C iupra £>>:& flihQi itunpcs >quales 
'linea^ R prxcedencis 6gutt\ &cqux relii2a Jeil: 'lineas 
«A> aaqualiseft ■Q^uarcaepropoitionali . Outi igiciir 
linea R > ii^ ^SS^^E^^ "^ criuin linearum pi^oporcio-' 
^lium-inratione A ad B > vel B D ad HO> linea.^ 
veto S > fic «equalis criplae maiori, (Bi&a. eft enim xquA' 
liscriplae BH vel criplas E /eric pars T exceifus cri- 
flx maioru; iupra tres proporcionales > Scd demon> 
ibracumeftquod Porcio LBM>iehabeacad Hemii- 
phflerium : A'B C > ficuc T ad daplain 0> Porcioica- 
4|ue ie habec ad Hemiiphzrium Acuc exceiTus cripla: 
maioris iUpracres propoiiciQnales adduplam maioris 
quacuor proporcionalium > guarum illz cres priediiStae 
^sfanccKceiltts. Vnde« • >,.,.• 

( . . . .» • 

COJROLLAJllVMv 

Si fiot quatuor linese continue proportio^ 
nales quarum maxima data (it ; data^ 
etiam fit difFerentia inter duos exceiTus 
minores» ReSanguIumexidaia maiori 
in diflferehdaiti d^^^m arqualf eirt^ re- 

. dangulp ^x dciQl;)iis ex^e(rib\]$ ; iipaiori- 
bus. . 
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Slnc emm'^acud!i^iine;£»icoti^u^ proportioaaies 
_^ A >B > C> & E^, qtt^Utti«8c<ieflrus finc E, F> ac G> 

- - - ^ & idco 
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ic ideo 01 e«ian mtkme yial C w i r i^CKitaor priores ;4s 
iic linct I exQcirifts £. fiipni f, H irero diiierehtia ia^ 
tcr¥ScG diios exce^miooreS) IDioo-^uiod i«dltt^ 
gulttin ex A in Hyaqn^e Ut ceilSwfgttloctt £^ i(Q F ^ 
duobus excefiibas maioniMiB . Cum enim demon» 
Aracum iicgaod ficitc AadB^ibalkPJitd Gi|M^ 
conuec^ioacnicacioiiiscric-ficiit A^d-ODcefiam 4^ •itt4> 
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pra B icilicecad £» iu F ad ekceflum F (upn C>4ioe 
cftad H^&ideoredbttgttlumexEinF^seoualeeric 
redangulo cx A ia H« qaod erac . 

Sequiciureciamquodre^bngulumebe A ittldqtta^ 
]e ftc quadraco £i Idooqueqttod redtangulilm^ A 
in compoficam ez I & H > fic «quale ^uadrato B Viii 
cumredianguloez £ in F>velre<li^guio^xcompd^ 
£icaejc£ AFia£. 

Dcmooftratio Aequationis Analitfar 

Propoiicionis ai.exprsce- 

dentious. 

Voniam enim demonftcatum eft prop6^iOAO 

A. hanim quod qoadlRaum £«eqliale fit re€)sui^ 

' gulo esL A infscdlitm £ liipra F > ftilicet li* 
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jtieam I j &; iam d^moiiilrauimus guod ire^f^uigulufli 
.cx E in F «quale Itt recSanguIo ei A in H j- Siigitur 
iumdtur eKceifus tripia; £ , iupra E,I',6sG ^iioc cijr 
jinea I. bis»-cumiin©a H iemel fqux fimuliumpta 
ad duptam A > habent caddnem quam iiabet portio ad 
Hemiiph^f ium j Sc q:i iilis fiatrei^ngulum in A , eric 
iIIud.a!ijua^eduoUii.quadratisex.£> vna cum redan-^ 
gujbex £ in F, vel quod idem eiltribus<^uadratis ex 
£ , minus red^ngulo ex £ in I : Sed iam oileniunu 
efk quod linea I Cdum iint A , £ , & I in maiori quam 
dupla ratione vel ialtem in dupla ) fit raduc cubica ii- 
nea? A^ ^squodlinea £ qua&mediaei^proportiohalis 
intcr A & I iTtquadratumjvndeexapplicatione vel 
multiplicatione £ in I^fadimsed Cubus cuius latus 
Hnda f : ^quale' igwiir c& rc/£fcangulam cx A '■ itt excei^ 
fiim tHpI*.£ iilpra. E « F ,.& G , tribus qiiadrads e» 
E, mjnusCubo ex I: . Quoniam ver^ aequatio iita ex-t 
c^ic«ati9tiem.planoi!umCveapparet expr<^di<%is; vi- 
4f am^9q.Uomodo , ieruatis propbiFtionibus , fieri poi- 
fint iblida; Vjc inde .exploremus ^bmodo ibluendum 
£^Problem9.. .,;.., x '...:< '. 

Redlangulum igitur ex E , in I , ad quadratum E ,. 
eii: flcut linea I ad iineam £ ', eandem etiam rationem 
habet cubus ex lad iblidum ex £ in qUfi^ratum I. 
Sedlicut I ad £,ita £ ad A. . 

Igitur Cubus ex £ adiblidumex A iiiquadratum 
£ , eandem rationem habet*, quam I ad £ . IcerunL* 
re<9dhgulum ex A inexceiTus prxdi<fios iequale efl: 
triplo quadrato ex £> minus re(^ngulo ex A in I# 
Applicato igicur vtrobique latere .A , vc fianc ioli- 
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cxc^us praxUiSa» 



I A in £ in I. Bcdtt€ksLng\ilamex A in liX^ualeelt 

j ^uadrato E^&iblidumex Ain £ in Iicutnnncpro- 

j pprtionalesxqualeeftCubocx '£. Soliduini&^areK 

j (juadraco A in exceiriispnDdi^s «^ualeeftibliiioaBx 

! triplo A in^auadr^nim Eyminus cuboexfi. Citou 

igicur exappncatione^ensAinon mutecur tatio, 

&appafearex dem«nftratis>^u6dexceirusCubi£ iu-r 

praiblidBmextriplo A inqQadraniia£>iicine4dem 

i-acione <jua redbzxMulum ex £ in I ad tripliim aua4 

dracum £^ manifenum efledebet quod re^ fit cqua- 

tio.. Daca autem eft |inea ' A /iciiicci: axis; Hemi^hdB-f 

rij ieci^ndi in vatione daca i dantur'etiam excefius pratf 

dii^i i iciiicec^ui habenc racidnem ^ld daplum axenu 

eandefiri > dua;; daca: eft ^ in .qua debeac ifecati HemiA 

pbaerium-f Igicur Sittdum ex 'quadraco A in cxcei^ 

iUs prsdi*^ dacoF.Dacum eft> etiam criplum A; qu«» 

rendum eft igicur^iadffuum ^<» occiiitfs api^icacib^ 

ne ad criptum A , prouenieribliduin xqQaigioiiShniiit 

to excedens cubo. Inuenco igitut latere £> iecetur 

^isHemiiphxrij plano bafiparallelp» ica vt pars l^- i 

I perior axis sequalis iic iinex £ , Scjfir Hemiiphafriui^ 

kcabiturin racione daoa,iciIiceC)^cuc excdiUs prs- 

didibiad dupluni axem ve| diamjccrum Hemiipharrij . ' 

Hoc auceni non pocpii fieri iine ope alip^ius Ipci Soii - i^. ^ 

(di>veluciperlinegm Cubarricem . iupra expoiic^un^ , ;, 

auc pe|r compoiicionem duarum iimul Se^biooux% :j 

Conicai^um -, guem^dmodufn ab Eucpcio in Coqiin^- i 

(arij in Archipti^dem d$ Sphaera & Cyli|idrp duobus I 
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jQodyb^ tmkl^errtniis rekrqii^ iaucnipc^oriiin prior 
iniietictpni pipnyiciilori refercur > per compQficionem 
Panboiie cum HypcrJ^a : altt]^yeropiocl( accribiii* 
WTi ScMt per compoficionein Hvperbolae ciim Hliijpfi: 
Vicerque puIcf)«rriflius^idiffii;iilimtif$<xquo yiaere 
ii£ot:^iuld;am iu^irinc vtteres G^omeo^ce cixQs^ reib/u. 
cioiieifiilijuius pulohenEtmi B^oblanacis ^ Neaae idcir- 
coin£:iti£e arguendiiunciii^proptarca^udqnon ei^ 
i^rliic iilad ,'qupd centarunt» ied iniblen|ix pociu^ 
ijubd tencaaerinc iUnd tfacd Ar^bimedes iai^<^um rer 
liq uic.. Hoc nie deterruic primiim:i &.nunquam b unc 
campum iuilraiicm >' niit a fraoc meo cai^^mo > nibii 
impcJruitim ex^iinate»^ euiu^ op^ ic in^nioacuciifi» 
mo iixtusprimum -hoc incepi > & codcin inftiganco 
candem huc perduzi-. Praxibuuni aatemiailitutum 
mini:ittK> Veritatesnouas in iuceni proi^e, & ui^ 
his que racionibus planarumfid!n:iubiiciuA£ur>de~ 
monurare *> quare ita unt > ^^ua ratione eocum inue- 
ftiganda iit R^ucio >:cui &egoc!io ^nanfnm iacis&c^r 
rimaiiovom cftoladiciuttit 
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Si reda Imea feda foeHt vtcunqtm ; inti^ 
nire in aliquo ipfius (egmento Pundunii 
inter quod > & vtrumque terminum U- 
neae datae , & pun£bm (edtoiii$ ^r^s li- 
* lieac interceptae conflituant maximumj 
Soiidum quod fieri poflit ex quibufli- 
bet reSis ia tribus praedidis pundis ad 

: diquodiaeQdeni tegmento punfhim > 

duais. •' : 







\ »• r • * < 



r"i 



■4 



SrT JjncacMfi» AB (tim(a ytqunqut in.putt^o * 
& concipi^t^ iaduni^^ guof^J^pa^SMni F in:* 
maiori.icginent(}.CB,(i!:pun^m ^ujg^Qioi '>.a.qtto • 
tres iinese a pun(3?$ .^ , C , 6? B. duO^ , vidcJictF A F > 
C Fv& B F f^ci^f A^^ximutrtSoiidujB quod ficri po- 
teft aquib^flib^:^ i«)eis ^ puridis A> P, & C ^d aljquod. 
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^ur.ca4^c Q F m^ia |irt>|}Qrcianaiisv ^ p^ ea ^iHx de- 
monftrarafiiQt, CF?rJ« dupi« mfivof FPy^cCi^aiBu 
lipn fuerip dupla , qpadratum G F in F fi noQ eric m<i 
ximum iplidum fliiQd;fip^pofQc«Kieg(nentis linese 
C B ; idf qque guadratum G F , yg I rf^ngui^m AFQ 
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( ' Quqnittttt iilteitl>l;^iigU|4iik| A*B47 tikcjpdk tp- 
(^ngulum AFC>quantitace re<5hilguli AB iikyBF 
yt^i cum re^ngulo ex C F IQ B F >producatur ad par- 
^es A line^ A B y donef pars A C ciim prpdu(3:i A p 
fimulsquales iint ip^ AB>& eric |re^ngu|um ex 
PF in rB a^guale ^xfeffui redbnguli ABC iiipra^ 
f d^:angulun) A F C , His ppficis cqmpqnatur hoc 
mqdo: Fiat redlangulum P puius Ja^us maius eft cri- 
plum minoris & ica conftituacur vt maius latus eius 
iitparalf^luin line« A B dac^ . Applicetur iaiti liAcx 
p B inueHcs^ {atus &^id3sxeOai\^]ilvim ^quale re<^n. 
gulp ABp)0xce(knsybrqre^ngulp fimili re<%n- 
^uIoE {imiliterquppp^toig^pd Cit re^ngulum pH^ 
cuius excf fTus re<^Agulum 3H lupra lineam pB;| 
fi| fimi|i8 redahgulq £ ijmiliCergue pdfitus: Inueh» 
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iroque itm Ucori H I fiac B F ^^iialis . Dicp pun^um 
F efle p^n(5hin^ quxficum , & fp|i(ium ex re^ngulo 
A F 6 ii^ lineani F B , eifll^ n^imum qviqd fieri pbteft i 
^quibuilibeclineisapifa(3af A>fi, & C ^ aliqujcM^ 
pundfaifn in parce C B dui3d$ . Dufaxnt ^liim ab F 
linea F K pairallela H I f • ; 

I £c quoniaiia pef con&tvuSddtietn fafhi^ eft reiSlan*- 
gulun^ p H xqusic re^ang^ilb A Bp 5 |exce(^ aa^ 
jEem rej^nguli ABC iupra re<5bngulum AFp , cqua;^ 
lif eftre^ngulo,er A P ^ C F canmiafn val in F B^ 
^ineaimropC&t^fft cqualislii^i^e Api BiiStatf^ igit 
furex pt^ in F B , ko^c eft r^ngulum PK>4?<)&al6 
cft ex/;^irmre(^anguii ABC JRiprarei^ngi] 
Si reii<)^um redanguii D H ^ijicec F H > ^^|t<}|l6 re» 
jSangtni A B^iiiTGieft f^^bngHlo «A F|C «qii^je -erit» 
Sed redanguli B H lacus B I eft criplum lateri^ I H 1 
cui se^ualis f^dba erac ht^ei B B > quadrupla igi^ur elt 
|inea F j[ Jinea; F B > yel latt^ris l H^ Ideo^oe R^.^n->> 
gulun^ FH vel A^C ei^iiaiedft^ii^d^hiit^ qua^ 
draci F 3 . Quare itiQencum eft ]^piite.C Bpuilji^M^ 
F ficiuppprcwc,|^mani^ftum.m)guo>d Sol^m ^ 
quadraipQ GF in F.B (it A>aximum f^tii^tA^^ ''^ 
pptejrunt ex quibuflibi^ iegm^nti^ l^'^^ P ^ * 
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Qjwniuis iam mihi v?detur ^^&.€Ai^ pjrpbfemati^ ^^^ ^ 
attaihen guoniam dbijci poteft oUod d aliud'ilu'macut dia propor 
punceumpuca L inparceF ji/naminpart^ FC ma-^ >or.dii^yi 
ni^ftum eft «K 4&. iiuius quod omhia Iblida «runc , '^f' 
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/ninora ; nonduip $x cI^onnTacisapparcat> quod fb'- 
li^uijiifx .rc<33ang;ji|o- 4 JL C in-L-B fucrit minus Sor 
;li^6 ex ^c^ngulo AFC. in FB... Nam linwexjnaj mcr 
'dia proportionaljs pitAnf er AL & LC , vidclicct X. M, 
^?rit line.4 ^^uied^m cuius tcrmiilus.puni3;um M eric 
proprior A , quam eft pun«^um i G ^ idco(^ u e coca M B 
^aior G3i QuarcIin^A MB itaiecari potcft>vc li- 
x^c Solidum cx quadriatp ML in XB nonfuerit ma'- 
jcimumquod ficri pot^ft ex iegmantis ciuiclcm M L, 
atcam!Qi|.(9?iusvcJ.^jquaic iblido cx quadratd GF iiL,' 
JF B . .Vf.igkvr huif ; pbipcShoni iatisfaccrcm compo- 
iacf am Ji]u$nd^' dcmppftrationem , qax ob mcdia^ 
ficceirari^i^^al^qaof ji^aiu/iparticulares j milii vidcbatur 
adcp p^<4i?? > yt mcjiiim 9U£prihi illam projjiiis omic, 
Fcrc.a '8C;^ii|s IpcohiQciejgucnjcm pcrlini^ain Hyper-' 
|5blic^,pc#icrc , . : L' 
. Sic iigimt fc^g. A9 ie<3» yt fupra 
in pun^W C> ;^ ifi F > ita yc re^n-r 
gulum .A F p fit .q.uadi:up]unt ^ua- 
draci F.B>.:,Sre^a iam a pun^o F 
pcrpcndicujari F G a^qiiali Iinc« F B, 
^hdco Q vcrcicp,dc^ibacur Hypctr 
bola COH';trAa^eiis pi?rPUA<Sfcum 
G. Quarecum RedtanguIumAFC 
{it quadruplum quadraci F G , cri^ 
A C diamccer icdionis ^quadrupla 
iciSiii Jacerif } A pun(^o igic.yr C ^ri^ 
g^cur pcip^jridicijjarjis, & fiac s^qm* 
lis qviacc^ parci hn^. A C ,^ diui^a bifariam; A C itu 
"QyfrkD cpnf rum $^^onis. , ^ du^lla P p .& produn 
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^ in infinkum «rit D O prpdivSbi dfypifiootos H;^«> 
perbols C G H . .Sampto /ai6'pttn<^ L vtcu^nqjyi^ 
in parce F B ; Dipo Solifium ex rpfSbtigiilb J\ L |C iiLi 
LB minusefleSoIidoezrc^iiaiiealo AE,C in F& vcl 
FcG: Erigacur .eaim pefpei]M|iciilaris L H oC^cuihiieiis 
ie^oni in H 9 &: a pundlio G dacacur re&aL iG £ «mif- 
idiftans D O fcdaoJiis afyft&to j &; fi canne^nnnr 
pundfcaG & Hre<5tapfodu<^inconciirfiun<iiamecn 
iedtionis ACy coincidet iilainoet £ 8cCi 4}uare pais 
eiufciem intcrcepta inter pi^n^bt G ds H ciit intra ier 
(xionem , religua yero extra ; tit aafiefn P pun«tmu 
concursus in linea £Ci Fiac iam ficut JLP dd FP> 
ita FP ad KP > iSSa K ertgatur perpekdicfilari» <)«>- 
currens ttdat P G H. in M > excra ie&on«m' 
. Etquoniam^dumeftticut LPad FP>ica FP ad 
K P > erit {imilicer in e^em ratione ^icac ^H ad 
ica FG ad KMs&iicucquadracum LH a<l guadra- 
Cttm F G , ica linea L H ad lineam K M : Scdre^n^ 
eulitm ■ A L C ad . redttngulum A F C W Hyperbb^ 
lam ie kabec ikut quadracom L H ad qiiadMiciim P (j^ 
€xaequoigKur£e:habebitlinea.LH ad lineam KA/|> . 
iiicuc redangulam A L C ad r<j^[S:aAguluAi k^^ 
Ideoque Solidum exrcdbngulo ALO in rC^c^m K M^ 
araude eric iblido ex re^angtilp AFC inirtdsim iFiS 

vcl FB. . . : ,t 

Supponator aucem iam qaod iinea K M drdinatim 
applicacafita ie<%one ad diamecrum j idedqti^ jjiidd 
cadac proprius linex F G quam: eft linca KM'>^|>r6^ 
pccrea coca iit incraSe<^oncm.l(ur{us quoniam crian^ 
gulum £ F G iimilc eft criangulo D C O ^eric E F 
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^pla FG > quare fiat FN «kjualis 

• FG »& 4^^ fk N <^>^u£ fccabit 

ctiiibiun.KM in I ptrn<^ , & eric 

IK' i miiidr qunm KM : Scd K I 

; vielXN maioreft guani LB, mulco 

j^curmaior cft KM tpsa L B, ideor 

>jf|ue/biidum>cs rec^ngulo A L C 

;in LB miiiQr eft ^lido ex AL C 

.in K M> vqI ejr A F C in F B quod 

xlc mon (irandum erac . 

. . Qupdaucem K I vel KN fiic ma- 

cior <|uam X B {Tc probacur . Cum 

«nimi P>FP> KP ilnc per confti-u(ftionem conci- 

nueproporctonalesjericdiflerencia ipfarum LF mai- 

iQr difikeneia F K> ied F B & F N iunc xquales -, Igicur 

JC N vel Kl maior eft quam L B . 

Hociim'demonilracomani&fl;umeilqu6d maror 
iit ratid F^BM LB quam Re(Sbinguli ALC ad re<^ 
j^tangulum A F C & uieo in figura pr«cedence , quojd 
JP^N tauQiGt F fi (Tcut ailumpcui|i fuic . . Mazimttm 
Jgicuriolid^umiquodfieripoceftea^ quibuEibec cribus 
reii^qs 4 pun<^ A> B> daC ad aliquod pun£):um uu 
pattA Q'M 4^^9^ cft ihnd quod nc ad pun(3:um F , 
fciii^^ ««Iinei& A F € F & B F , ita vt xc<aangulum 
A F C (it quadruplum quadraci B F . 
r, ' Ideif^ eciani' demoiiftrabicur in minoce iegmencQ 
5S3ijdftpWij^um F ita iumpcum fuerit vc re<9angu, 
Im 4 F p iic quadruplun^ quadcaci B F ^ 
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Si io (phxni micripcus fiierit Conus Scale- 
fius » & per ceocrum bafis ipfius duda^ 
fiierit diametcr Sphaprar» ad quam a vcr« 
tice ConiScaleni cadat perpendicula- 
ris (ecans ip£im . Conus ille Scalenus 
erit ad Spharram in quainicribitur» ficut 
Sobdum ex tribus legmentis dmmetrt 
Sphaerae terminatis ad centrum bafisip- 
fius Coni, ad dimidium Cubt totius dia* 
metri Spharrar . 

IN Sphaora ABCD in- 
icribatur Conus ali^uis 
Scalenus A C F cuius vertex 
C y ba(is circulus circa du- 
mecrum A F > & centrum^ 
ipftus £ } per guod & cencra 
Sphanrxducacurreda BED, 
auji^ ideo erit diameter vel 
axis fphzro; . lam du^ per- 

endikulari a verdce Coni 

caleni C zd axem iphxne» 

fecante ipHimin H pun^ > <lu€ti(que re^ DA As 
D F> cbncipiatur in eadem Sphser^ Conos re^s ADF» 
Dico Conum Scalenum A C F eife ad Sphaeram A B^. 
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C D , ficut iblidum cx tribvis Jinqis D E , B E & H E 

ad dimidiuirt Cubl 4jati|metl»f »^t>.^ ? 
Lemmaad j Quoniam cnim Conws rcO:us AD F eiladSphx- 

j vel €x tcitaiigulo P^d in £'t) ad drfriidium Cubf 
i3tt>B'l fefefios vei-b^SthfciiuV 'A'CF, cum hafeeat 
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r^tlQRfiblimdioif ifRmi iciiicec {^r EH adr red^m 
I § fi^ ^t jjtJjdinefn Coj>i xc^i A p F^ ,veJ ficut iojidum 
ex tfj^sngul^ DEB in EH ad Sofidum.ex codenL. 
rKlitoWi^E t iit E-l>i ex ap^no^giturConus Sca- 
jini»^3i^f ^j^^h^^ ABCD; ficutib- 

li^pii» 'cdtfrtwi lincjs : JiE , j H ^ j» f? B E' ipgmentis 

, {js Coni Scaieni A C P, acl dimidium Cubi cbtius dia- 
metri SplifBrje , iicut demonilranatfm erar. ' 

COROLtARIYU. 
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Hinc elicicur,qubd Conorum in eadem. Spiv(r4 ins 
icriptorum > &: eandem Ji^be^nrium bailm » maxi^uf 
iic Conus re(^his } & Scajeii9rum .ad ^nuicem^ie^per: 
[ maioriJiecuius axis.miniviiac-JiQeatu»£it^(i. .N^Kn^, 
L ii concipias in pra»cedcntfc figmiipmidtum C ejje^^ 
f propius punifto D in parcejpC.,.v»4?-anguiuf 4<| J^ 
"i fa(3:us fuerit minor angujq C£l>i:CU|ic pundium -H 
f inaxe , in quodcadit pcrp^ndiwbiii? a pun<Sto Q^ei 
f pQl^in^ Mmt^c» D » i<k<>qu(t' arliciiii4^ ^onii iljiu^ m; 

I ior cnit «fae^idiflfr 5 H -Goni AQYh^ proin<^,ma^ 
i f^ ramttcmrh^bfibib jid$tvh«r«ua;A BCt>« in.a 



.- 



M««*iV«M>» >)««• 



« « * 



inicri- 



i; 



I • 



-- -.. -Ae 



mn 



DE 




O SOXLEISfO: 



±€^ 



ij^fcribi^ur. Solidum enifflez re<^ngufo-D£fi:iii^ 
< lilticuclinem ipfius , maiuseft folido ex re^iiagulo DEB 
in £H. Simili fatione > q^ando vcitex Cbni Scalexn 
eritin partp peripheris CE^ica v& angulus ificlina> 
tionismaiornieritanguio C6D>nuaoveritalticuda 
ipfius cpni ) ^ proptprea ininprem tacioiKm jiabebit 
ad Sphjcvafn in qua inlcribicur > quam Cconis ille qui | 
! habe|; minorcm inclinationjcm addiam^ttuni Spkie-^ | 
r« 3 & iiipcr eadpm bafi ^pi^flituitur-f . — ' v ! .* ... 
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Si £)an6niin Scalenorum in Sphanri ni-.; 
Hcriptorum ^ & fimiltcer inelihatidrtiixi^ 
V|iiim (ic pundum v^rticisi omni;i Ceiir 
tf » bafiui?! ipfi?ruip 41^ epdeni erunt Ci(^ 
culb. /f 

SI- T Cifcuk». N^ 
Afl[PC,in^.?A. 
i ctiins: peripheria 
iumaciir vtciique 
pohcSium: A,a ^uo 1 
duGicur diametCE 

^u$; AD. Pro-» 
i poiito iam quo-. 
1 (cunquef ahgufo a->^ 

I.cutcKipoti S>pro 
angiiio inciinacio 
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niffniicttius Coni Scaleni , i& fotti|)io puada C , j[ca v^ 






Li 



peri» 






■t- 



«■ 



»*■■»■ 



•- *■ •"T^- • 



"TT 



^<* * ■ 




<2iifiiBt(04 



~t .. «. 



# • • » 



•• . I 1 



• '. « 




* 



/ i A^ 




« 



^jai; aiigliluiiu Sr\> - 
^.^ dtiicacurabiiUqi 
galok. irQ^bpSv ipi| 

^entrQP^intcrr 
uallo DB deicri- 

t . . . . * » » • 

|>atur (irculul f f r 
KC, & cqncipia-. 

l«tV «HGid^cpoi ^'«]^> tetfi^lutioae i{>fias v 

^ljpj^umanfi^lufi^^^^^^ in eadem iS|fh«:a .B F K C 

ripheria circuli A B D C . 

' Ducat^r ^nin^ vcciiiique a pun^q? 4 > ^^. A G £B 
iecans circutuni 6 VltC. in pun(^ (^ & F yperipMe- 
riam vero P D |C in £ t>up<^ , a qup ^d fcncrum !> 
reda £ D 4u<^ eri^ perpendicularis ipQ G F , ideoijue 
reda GF diuisaeftbi&iriaminpuncdo £ intedecStio- 
nis cum circulp A B p C. Du^li^ iao^^aci j>undiiinx> G > 
re(Shs a pundiis G<& F , concipiatur GQ'^ cohlisSca*') 
ienus in Spiian-a BFKC inicriptus > cuius sxis C£ 
inclin^r gb axe Coni re<^, hoc eft ^ finei £ Diecun*- 
dum angulam C E D } angulus ycra C ]£ P j-qmiin-. 
icriptus at in portione circuli C A B D, squalis dk aA- 
&^IoprQpQj(ito S: (^piwmgnifcifhxmeicpuiu^jiiakE 
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^»pheriapircaIrABp<3^ '>•• )-■ -[^ ^i 
'^ Qudd ' auceiii 'nailtsi/^ {^o|ius jSc^lenus puins bsot 
fis cptttf^tt^ Gt ptcra-^pM^/ibfiam piulcldm .cifciili 
^dC^^^ui habefi; 4ailM('^ifciio9doiiem ^^ciliocc 
aaguli Sy^cild ei hoe lied^cicii^.^ ;Sikppp^ chinib 
>j}rim4^i)Uod QE 'ibemittfam a]^ifi'aiM>>ii§ Pohi Scai 
jeni iimiJicei: inclinaci^ciiiu^ biafis -cencmi^ qim £atii 
ric ijdem pun(^m £, jed yelexcraperiphfriam BDC 
yel incra ^ (i ab illo , ( ycci^nque fueric ) (du<^ fic ^tcdsaut 
ad D cencrum Sph^ne > ^ciec anpuium vel maioreni 
yel minorem ftnguio C £ O , hoc eil angulo prpppfi- 
co S . Abiurdum igicur eil dicere quod cencrum baiis 
Coni Scaleni cuius Vercex C pun<^m > inicripci iphae* 
ra B F K C ) poific efle ei^cjrap^cipj^eriam cirpuii BDC . 
Si vero axis Coni noiijfu^icTademiieda C £ ^ verunu 
s^iquazliivc^tiSLji^n^Sig Q ^u^ ^ihii ^eferc ^ nanu 
femperlinea apui^<Sb6';A'dU(l^'ac[ pun^um incerfe-r 
lOiionis ipiifis redbe cum pcrtpheria BDC hajbebic par« 
tem ipiius incercepcam ihii^^ulo B F K C diuiiam ab j 
ipf Q pund3;p jbi^iam ^ & ninllum aliud pundium po- 
ceft dari excra peripKeriam B D C > a quo idem eifi« 
ciacur . Quare mani^ftum eft /]u6d omnes Coni Sca-r 
ieni, quprum idcm eft vercex Q , fimilicer inclinaci 
&inicripciSphsra BFKC, habeancbafium iuarun) 
cencra in circulo A B D C . 
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Hinc & ex prius demonftracis manifefl^ rtpparec ^ 
quod produdia vcrinque £ H ad I> & K> ica yclinea^ 
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DE CONCSeAtENQ. 



iLCiit^axislphziacBFKCin^guainicrikuurCoilut 
Scalcnus B C F , ipfe ConuiScaleaus habcac ad Sphjcr- 
«aai.eandem ricioneni.,quam hibec Solidum cx re- 
ifiangulo ■1S.EH in E I adidifnidium Cubi tociusdia- 
niecrtI,K: Vndeeciaihjcanftac, quod {icet^anguluin 
£E H <fic quadruplum qiudrati>£ I,tunc Conus Scav 
lenusiGGf fici{iaximusquiin«^em inclintcions^ 
inlctiin pofflc in cad^m ^Aacra f : 
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P R O P O 5Iln I o 

DE SVP£ilFiaE jCQNI 5CAI.ENI . , ' 

fn qua aliqua: pafeiones jCirciiipf 

rum aperiujnttur . 
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PR PPPSITI O L 

Quadwtabinamm jrca^rii a tcrtpiiiis al]^^ 
cuijus xljauQietrU^^jaliquod puni9utn»&- 
ue intra , iiu^e^cra^circuluin dinSarum» 
ftmu! fotnpt^^<juali.a J^nt Jbipis quadra* 
tis, quar a ^erailnjs cUiMicunque alteriu^ 

.diametn ad jdieimpMniSum ducuntur^ 
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Slz Circulus cuius jcen- 
truin D.&itttca ip- ; 
i ium iamatur vtcuQgut^ 

puii^2:iun<C>pcr ^uod Sc. . 

cencrnoi D cranicdt dia^ ^ 
'■ mecer A B.:ciuc3:8 iam vc- : . . 

canque diamccro EF., a 
; cerminis ipfius ^d puniflu . 

! C dttcautuj: reda; .E C & - ...^« , 

! FC. Dico aggregacum .guadratcrum ex EC^ FC i 

iimulicquale cfleaggregaiofx^*^^^^^ AC^ JLC . 

Pro- 
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Producadir enim FC a4 

^eripi^riam ia G & <;on- 

nedantur pundbf GE . Et 

quoniamtrianguiu FCE ^ 

e$ ambligonium^quaclra- A 
*tiim qiioa fit cx F^E' an- 

gulu obtuium i^btQyeh- 

te mftius-^ft ^uopus qua;- \ 

dratis cx F C fic Cf JE .quanr , , 

titate duorum reCbfagUlbrum cx F C & C G > nam 

linea EG eil pcrpcndicularis ipfi FG; Scd quadra- 

cum F£ cquale eil |<^adrat6 ex AB j re(QanguIufn^ 
j etiam FCG asquale eil redangulo ACfi ^ dcdu(%s 
; igicur vtrobiquc duot>iis : rcdbhgolis F.C G & A C B > 
! duo quadraca ex FC & C£ ^^qua^ia erunt duobus 
i ^uadratis ex A C & C JB , 

Similiter dcmonilrabicur , cdamii piin^m C iu- 

matur extra circulum > q^od ouadrata re<5);arum £ C 

& CF (imul iumpta>ac<]ualia iinc quadratiscx AC & 
C B iimul iumpcis . 

Sit enim vt iupra circulus cuius ccncrum D > & iu^ 
j matur pun^m C cxtra circulum » a ^o ducatur 
per centrum D> re^ CBD A > & crit AB diamcter 
'circuli i 8c ducatur vtcunquc alia diamctcr £ F> a cuius 
tcrminis £ ^ & F , dutSfcs iint ad C pundum re£tx £ C 
& FC. Dico quadraca ex £C & CF iimuliumpta, 
'cqualia cHe quadratis ex AC & Cfi {imul iumpcis. 
Ducatur enim re^ F G > guie perpendicuiaris cric re- 
<a«EC. 

£c quoniam angulus £ C F eil acucus, quadracum 

quod 



>«■*■ 



■^ 



*« I 



V-V ,^. ■ J,'ll' 



ii»" 



COl SC ALENI. 



*7i 



iquod' Jr ex htetc £ F illum fubeendence , ihiiuiS' eft 
^UAckads ex dttobus lacejribos £C& CF ipiumfom" 
prebefidencibus'» quandcate duorum re<9aagiilarum * 
fcilicec 'ejrrno Jaterum FC &; pacte CG imerangu-^ 
lum C & perpendirularfem ^ G incercepcam : Sed 
^edbanguloi eac £C CG xquale eft re<^ngulum £3i 
AC & CB: Duo igjtcur ^iiadrata ez £C & CF (i*. 
^ul iumpcajeiceduac quadracum tx iacere £F ,quan-^ 
ticace duorum re<9^gulorumex AC CB.> (^iadraf» 
ta vero fix AC 36 C 3 excedunr quadracum ck AB 
eadem quancicace , jE:ilicec / ducnrum redanguloruni* 
exipiis AC ^CB. Duoigicur quadraca^ex AC ^ 
C3 iimul iti^ipca , cqualia (uac aggrcgaco duorunu 
jquadracorum ex re^ £ C & C F taj^rum.. .Qttod 
,dem.pnib:an<)um erac . 

DEFINITIOJ 



Si aegregacujn ex pluribus magnicudinibus dii^-^ 
dacur iecundum numerum ipjforum in parces arquav 
lcs , Magnicudo ex diui/Ione inuenu v^cecur, Medii 
Aritbnutcica incer omnes . 
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Hjanc deducicur quod , d dwStt, fueric diamecer M I 
«d re^os angulos ipli A B > ii^ iungacur H C , quadra;»» 
cumex HC eric medium arichmecicum inccr-omnia 
quadraca re<^um ducendarum abomnibus pimdiic 
peripheri^ circuli A H B I ad.pundum C ,. 
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' Gapcipjantor. cniin in femicit^lD AH|8qf»)fc«ttr 
i|tBrpiinQidia per «equal^i ftoc^ »4 maicpqi diftfMKM?» ^ 

qiiii>iis ^mamur ^qffciui^.diici pimiShi ipuni (£4f 

K jcauajifcr ^ib >A t^c ^'4itt«Qti« >i finpbn^G j c6«if 

£DF H^aifi?ttiwn^«jioci>£^udJ^B aclRlCfii» 

ti85^A<i)/^ CBfimttt A 

^fhpcis ; $ed Jin^» A B , r 

4iai<»^ bfferiam in O- v \ • f ^f 

^jQ^ iii^M-iaftv in <^:f' 

! quare «^uadrac^ ex A C 
& C B fimul , azqualia.^ 

fupt duQbus quadr6i:i| ex (A^ VAllcum duobus qua-^ 
drficis cx DC, hpc ejft,duobu5 guadratis ex H C : Duo 
igiiciir^juia<lMC9 ex H C ;e<j[ualia ioti^ qiladt^is ex ■£ C 
^ CK fimul iiimpcis^ (^anto ergo qujtdracum e» 
£C ^uoerar^qu^apuiii ipx HC, tantd idem quadra- 

fum ex H C lupcrac qiiadratum « C K , fis fic iemp^ 
pertotum i^micirculum AHB, vbicunque iunipta 
Bierinc biuaqu^ui^Ailb piln^^ iYiperipheria a pun- 
Ods A,^ B, fEduidiitantia, qu^dratum ex HC erit 

inttr quadrd^a rc^^^rum ad>pun<3;um C du^.me- 
diimi Ari^hmecicum , ficut di<^um iuit , 
j..;3iv!erppu4)i<um C fucrit extra circuluih ih diamci 
(r9>prQ(ill<^> per .' i o. ^cundi ^uciidis demonft rabicur 
Ctiam , qu5d ii duGEicurUi>4ilo rcOisi ad pun4^m H j 
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teCbLsUc du«a crit fotentia Medium Ark{iin«itkuifLi 
intcr ^uadracum A C f hoceft cx comjKrfltl^cat A By 
BC oanquam vna) ScquzdmiUfi Cfi panein exttaj 
circulum. ..... :j 

Mii|c. etiam ae^ucicur , ^iod ^ichio /patia A^ C £ ^ 
KCfi vcl FCBYOutf^AQ^Nfi^fS^^^MiM^ 
i^^l^^^fif;;^)^!^^ fimul iumpta^qaaliaY^Jit duobuslie::^ 
<aoribu$ ADE & FDB: TfianguJa eriiih DEC» 
F DXI ^c&xLmli^nH: eidem baii D Cvd^ iihc eiulHeifi> 
aklcadiiiis)(:nam'pcrpcridicuUre&apun(5H$ Pdc £ ad 
didin^trimi A B.{Krmifne s^ualts erunc /iiurDihuicem' 
xx^uAVdz^ 'Ideoque: deda(^o ex ^ai^io AC £ > tFiangU"- 
Jo ID£C: ^ & addn» ^>atio F C B triangixlo :£Hf C , er un^' 
duo( iiedircces; ArD £ ^D B> dupbus: ipaoijsi A C^j^^ 
F C fi , vel ICC fl; atquales , ^ 
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pofitis eir ponatur; Conus aliquis iScaienus 
^ B cuiusbaiisiicCircnlus AHBI^diamei-e 



A B ^^H I .ad JoSbos angulo&i i 
pei;peiidicuJari&;D C in dian^i 
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tur »m .*)!« <l«m«*t vt-, 

caoijue.f £G>a «uiuxexr 
txemkwim. ^ Se Qfomr, 
SdSx ducancur in fuperii- 
cte coKi, AOS re<SE'FO 

ADBOasHD; Etqua- ^ * 

siain teiSaJXI eil pentci»-. 

<ltculams<l:planuni;rafisif«cictxagD)intei3R>s coitiJ. 
lUieis ACyBCtPCiii GCijqitaStau vqro cacF.G 
& GC:fim.ul&mpC4fkin9fti:atitinvsil«x^aalia <luo- 
biu qaultatisfx AC a;.Gfi> vl;Iklua6ui^aacMti4<:r 
HCi i)uans liaddaouungiilis, puitnmneijiudtaicum, 
QC( enuuquadtac^oi; , AC &; C B Vha, cum diiobus 
quaclcacis DC limulaAjualiaduadtacitiex; FC'& CO 
'bmul«umipfi&cluobu$ (juadcacis DC> quibuseciam 
:*qualia lunc.^ito -(Mi^dtata 'ex HFQlViM *iJm duobus 
quadtacisDC . Sed guadracunv ex FD cquale ell qua- 
4ta^iscx,BC flq C^i ^quadrawnnea; D -ft^Tq^^-V 
eff duotiisqviadiacis G C & O C /duci igicuf qun la- 
ta,(cilicn;'-FD ii GD arqualia/flhf^iiqfiu/qUMra- 
tisFC «3l9e'viticut»Vlu*tti!!:^dtbcisb.(Jv Qua- 
, (C edam a:^)^M fiuu: ((iiqhoKqTodMQK e^ A D & D B. 
fimul,fiuqduob»^g^^ap|ietHp. ; 

Ciim igitur ^uoqiiauraca ex F ti & H G fimul liim- 
pca xqualia finc duopuSqUadraUs ex H D , q uadracum 
aucem F^Q mains & qa.adiato VG ; |e^uicitr[<liod 
qciantdquadtacumFOliipetatquadtaiium HD,|an7, 
coqaadratum HOliiperacqoadiatUin. GD4 Ideau. 
1 demouftiiabicut dc^uadtat(& tc^lattim AD & 30, 
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vercice P ^ cero^ii^os c:uiiiic)in<gu^ diatj^^t;^ in bai^ 
ip{ius*CbiMS(:aIeiii^*&;per totuQiipfius luperfipidiiL» ^ 
Quare (^iia^rscum iredixe H P erit medium A^ i^blilP-^ 
cicum inter pmnig quadrata /re^r^pi a yertlic^ p ^ 
omni^ pu^<^ , v^iad quot|ibep ^q^u^diftantia puri^ 
nu^i^ro paria iun^^ta in periph^M ci|:culi qui biiii^ 
e(l^piru5Cd^i;S»cgleni ,Ap]B. .' 

Liipctin f^iiiskfm^rh C, in quo4 cadij p^penv 

dic^Umyt ye^ice p>ni Scaleni repreientatui inthJ^' 
circiilum qui bf^ eft Coni > Fpta yerb demonftjracio 
eit yili4er/^r ^ pnica^ > tam > ^id de^pnl^f^duitL» 
aUriu4b7cIf fi? bUn^fii , ^prit ^ra , <^uam ^tra ; Ej^ 

ie^un^ii^iQieri bii^prbp^i^ipnispr^ic^flepeiidetr 

mero < jjmp^ i fuerlat ^otem duo 0U9* 
dr^u ex media ipfiuruiq ja^qt^^ 
quidratis qiiae jib e)^treinis jiuflt^lpeip 

. . iredis.prdine a niedi^ irqiuilitf r idlAaii- 
ttibus . Pico qubd rc&s^^foai: dupla e(| 

m^iJiiinaiorftttiqieJcpn^^ C3^- 

, trqois/ye) ^ quib|i^unque bipis ali/s 

. irqu^liter 9 m^dijs diifaintibus ; 6^ quod 
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' .'COtwpofita ex e!?tt^iWSihiinor fit qua^ ; 
ciinqUe coiripofita ^ttitermcdfjS . 

S,int ewm quitique Jiiicic iriiqualcs A,,p', _C,p ^, 
'qiiqrun) Ijt mictii j <iV''^,it i>'mem ctup/um qua- 

4»ti C, «^'e quadratis ejctj-p^, A, ; ' ■' — > , 

inariiin A &E , nec iion & d^io- " 6 , \ >.' ^ i ; : ' ■'! • " 
bus.quadrstjs ex int^riPS^fiK B ,",je V,: ' , ^,, r --r 
& l>."t)icoqu6dfe<5foa , - .^ *'' , 

^uplie C',maiQrfi.tgiaaii :',,.,. \ , 

compofita ex extre^nis 'J pjiniitw' eniijjj 

};mul,;<!^,&E)&iiat'ynii (sjf/.i^^idiifur ita 

i:ii'^"vt' fit .FH^^cjli^lij i^jj^.»ii«.'Ej& 

itcriim bifariam lc<!etiir'iJ 

r > — ' ' ' 'O 



-:^'^ <ffai^3tnqKf(km'tiij¥H ecH.&irtoml-ftm- 

bus quadratis ei rH, guadi;.u,uin ex F^^.tnipHS erit 
quadiliitftx- C,?ohOii enim' 'duijrab^ex lin^^ 
liunaaiii^flia awWs^ak^rfe ei ftM-JSd/H-fi . ) 
MwrlJgiturleftJjgpaftt qmtoi Jrl: dlfflidiSaggrc- 
f»"ex^4*jf^._,,.f^.,, :,;,;. ,,.^.'J .,u;? 

Rii& dico^odliliea fj^mW^i;^ ex ^p.ijetnjsdijs 
B~& Dmaiorfit (jnaitfMinpbfita^ex extremis A & 
Ei<^ddautcm'ii)inotf?tqWf»d{ip).T C ti Mmdiiais 
i«>^tW .->SupponattB:'aiitco^i'iptaiiiLcp'mp<sStfe fa A 
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ft Efi^fiewpoecfti C^ohiam '^em maior f ft difi^ 
reiitia inter A & £ ^ guam jijQcex B & {)> jninor eri^ 
fitid B ad JS^i^iiam. A ad JE^ jdcQ^jue jn lineijg]^ 
iou» ^quaJts poiia^ur re^Je.FG ^ jiaiXM ad Ml^^ 
^cuc B ad D> &iJ»ifaiaam /cccmr)Coca JCI* ia N> a 
i^ .ft^^oeniam ^padraca K.M'&i M Z. fimvd iumpt» 
«qualia iunt quadraos cx. f H *J H G y iw«4 YC|EQ K t 
feda eft bifariamin N ^ non bifariamja M> idep 
duo quadrata K N .vlia^nUtu^bjIs quadratis ej^ NM 
fimul , jsqualia iunt duobus f^uadratis ex K M & M jE^ 
vel FH £cHGi Sedmmor.citiratio KM'ad ML, 
quam F H ad H G ,minar-ig4tur eft K Mquam RF^ 
K N yero x<paMs F I , &.ideo N M minor ^ft^ ^uani 
I H i Qjiare duo quadrata i^x .KN VAa (^uini dupibua 

guadrati^ N M minora iunc duobus auadrittis F I custf 

duobus quadratis XH^ Jioc ^ft duoous iguadritti^ lut 
F H & H G . Non p^teft igicitf iinea KL «jucpov 
nitur irqualis linec f^ > yel> ag^ogato cxft^cmmitr^ 
A & £>eiIe£qualisaggregaco«c B^D»neque mii 
norjeilepoisft. Qp<Ati^( ergo quod compoiita ex ei^f 
waas A ^B , nlinor ilt quacunque linek§^0^ ^^j 
gregato quarumlibec intermediaruiaoixiiDaticri i^im^ { 
pcarumr . • • ^ j 
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Hinc manifeftuQi eft qiiodin diagrammatfi prwc^^ 
dentis propofitionis > duplum jlineas HD|cttius. qiiftt- 
dratum cit medium Arichmeticum inter-omniar qjiit 
drata r&^un» in.iuper£cie Coni Scalcni ADB dy^" 
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€&tum A Witiccf adiwfimg; fic itidius tggregato' rc^^a- 
Wmi F Di'& D G > &<ju<Waggii8gatum ex F D & D G 
^iam maiUs fit aggfcgAtd^ ci AD & DBi Vftdc^ 
eilnm Gonftat , <ju6d aggreganim , «t A D & D B, fic 
omnmm a^cgaCorum ^uarumcan^ue rc<3!aruai * « 
fcrmiiiiscuiujfcunqufeclis^mttriinbaicdi^ Coni dtt- 
^bttum ^ verticem D > minimum ; 
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' Sint dtto triangula A B C 
ft ' A D C rupcr c4dem ba(t 
AC cohftituta /& iiTit eonim - ' 
fecrpetidieular^s^ bafimiic^- 
Jiciit B G & £) F inft«r ie 'arqua« 
ks > pun^m autem> £ ut hi ' 
me^k)f;^ftiis AC,(iefi«maio^ 
difl amia pun<^ F in ^uodca- A 
dit perpendicularis a vertico 
D , ab £ puni^o , quam pun^ G,,m quod cadit per-: 
pendicularis a vertico B abiplb E: DicoaggregacuiQ; 
cK AD & DC maius-efle aggpegato ex A B &; BC, 
Conftituantur enim triangula ABC &.ADC 
ita lupcr baficommuni A C j vt perpendiculares qu« 

. cadant ad 




a verticibus corum^^Videlicfct' &G &• 

ea^em partespun^ E. Producatur iam AB,& in^ 
I pro«iu^iiat B H squalis BC,^£onnedanturre^ 
j H p ,=& BD j Et quoniam in crianguio A B C , latus 

A B maius eiliatere BC , criirangulus BAC vcl HhO. 

f paraHcla cnim eft B D baii A C ) minopangulo AC B 
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DBC aua; duo Jacera HB & B D duobu^ Jacfi^us 
crianguli BDC icilicec BC & BD argualia habeane, 
ingtmifii vero DBlQ 'xninoretn anguio^Ti^BD^ lacjjii 

DC^aiusericliacer^ DH. I<leoc[ue ■a^gr^gaeiin^y 
i ~AD'^'DH miniur cric aggrs£<saco er:AD' ;<& DO? 
:Sedsggi«gacu]B:e»-AJ> &;i>H. nMius<0ft4iAe4 A H 
vel ^ggregaco ex AB & BC>aiu3nd1gici]r4naius erir l^ 
aggrpga(un>e? AO ^ D^,aggregJicocK4'B&B<:,' 
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Siio b^e ConiScaleqidudaiuierit^ilime- 
ter qusr tranfitper pundum ia quod Cfti 
dit perpe|P|dicuiafis a vertice » m&9L au*' 
terfi (u^rit & alia diatpefi^f vtcuiiqii^ «; 

• ~ad terniifiQS[ vero vtriqfquic; .^iiaaictrji 
. appiicatar fuerint tangcntes <:iccuia2 Ei! 
Ji>ad'(ii9g;uias€aruni avertice €odi du-' 

: a^fuerintperpendiciJ^res.I5i)f<i<4^o* 

%regatuflD,binarwm i^^^^^ 
: qjiifaverticeCqniScalehidiicuiiturad 

^ eerrni^sdiaithetri^quiKtranfitperpun' 
gd^^qudffciditpttye^^^^^ ^ 

\ ffl^Ais>ggregai;o binairMai pef;pcpdi^^^^^ 
brium qusip ad tineastangeQtes baumj« 
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Ic cQtm C0Q119 Scalcou» A D 9 cOins b«6« Clrcu- 

ilns .A^J^I^i KTt^ P> pcrptiwlicvtlaris OC ca- 

diamcccf Jbsiis reiia ABC» |iic4ccn]n; «lttdi«R<!W 
B, E, «c F , ducaiWM: tangcn- 

cantur perpcndicujarcs C B ? 

; C A,CH,fc QG^&^i ycr-. 


















i4J^u.ii4 i^aixd uwyt^ 3 Vf A^ KiuAJLVL&ii "K 

^ C ati.pkriifm^ftKicrc^^mi^Sccl 

c w &ift f^HQ. gucKiclt #c| pifti>««r, tci«i«gufifir^ui 
«rit ad Imm ntUmQfi .pgrp?;4jcliculam ? ^Wiili 

mocicy cjemQQitraotcur qUQci rcliauie^linca? p H , D B 

d^ ^A^iii^feikm p^fe^ 'ifiitgtilist4ngfeiiti- 

; C*is A&iP maius cfl< apgrcgatQ 05 Dinis D H & D G, 
'" - ^-^l^^ncfrcnkWilitidfs E|?Jc P (3 ttegifnti. 
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Quomameniin/uacdaocriaagulaApB 6c GDH, i 
in ipldein alcicudui& condftefici^ > & &per bdfibus 
^gualibus > eft enim G H sguaiis F £ > F £ vero a;(|U9- - 

fe4Aguapf0gt^i»ba<is(5Hi^Uaii?eftbffti^;:ftrt^ 
%.^?5u^^iii C in qupd perpcud^uluqi ^^., qw^is 
di&dtf put)$Sb I in medio baiis cirianeufi APB^ q^m 'i 
dilfat Wihi pondrfm C a p«n<a<> if, <j^bd incdiunL, j 
cft&iiitrianguliLXDMylatdl^ljgicdr ADyf>BicHan- : perMm» 

Ptrtf f S^ngdi Q P H Jjnj^ ,. 

- iiiikt^ihiM\iai'C& ^m 4^^ ff^^ a^cbdac 

pun^him in quodcadic pcrpcndicularU^arWttict ad 

j medium bafis , eo minus ei!e a^grcgacum binorunL* 

lacerum priangulid; 9110 quan^icur>Se qti^ th^himjUA 

aggregacum eil, <]u;mdo per^dicuiufh -6a<tic in ipt- 

ium dimi<iiuni b;m$> hoc dk ^'qiiando triahgUlum qe 

qao qusricur cii^libiccles . i^e^gu^^^i^im^aE! binic^ 

perpca4icularps-qttc-ducipofliint^aVercit6 ^pfmi Sca-! 

leni ad quaicunquc binas cangeiices in cerii^ihW aHctt'> 

ius di^ecri , iunc ^qualcs dildb^sye<^&,^ duib^itibceitf 

duncaiigulum rc^um compril^nluYn k duabus' r^« 

jStisJ «luar-intt vnA «qualis elcalcicudtiii CbiiiVfeli^uii 

vero.^icmidiamecjiio pa(i» «iuir^v -M^unydi igku^^<- 

gregaitutxiez binii ^^pcndibtflcbribtA sk vercice C<mi 

D Ja<^)ad quaicanque binM'taii]giehcesaieMJaifim>^ft 

tx :AJ3^ D Bi : Af iaimum a1ifc<Uii ^ a^^jii^e dut^ 

busl^ce#ibBsConi<rt<a3 iuperlctd&th b^ AE^Fl^ 

fncadem akicudine P'C cetiiiiicuil;— ' 
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^ in |niii% I ^ prQ$iucatu|r«^fn ^E C >& jQat. p K ^ 

^Ec^upn^l^ an^iia4'P!P|>friifiaL> j£:C A^* F>^ B.^fl| 
ZiqBalfs. :, pb aBQiii3|e& pfn|itk^ jknjfiftuiic^ 

eru|ic:etiam ang^.GX) A .,&.:0JE>^ aaqual^ }f^^'^>l^ 
a4 i^ccm$r anguJu9.;lwro B|>'1 .^ equalis ^angui^: 
<SpA, i<i^ucieciain'*agu^^^^ vi^ipS?«ft; 
pcfpKi^ipiibm filyiiifeQi^e.pi^ualis D.iH.>.i{^; 
I coca G i ,aggrcgato eac jQ P & p H .' Afuiida iao? 
P ducaticur re(^ p F & p K ^ quac quoniam pun> 
iftum K eftjp|iVninr(C|ireuIo^i&;p#«iphtfria BKaequar 
lis pcriphcrias BF > pric DF a;qualis pK> & igicur 

^tdaMili^i F jpii», )?< ^ p<( '.f!'^'^'*;?*^:^^^ * ^^ 
atqualia tpcribi^ KD ;^ L-Sc angujus Jl) R s^a- 

lis^ngulb 'KpI,3<^q&^gtiittsptK^^^^ 

ycl <^a^a A| B ,, jAggi^^W/fi «»( V^JgJ^fiW^ H 
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D';adtangeiii%iffiihal luinpc^v «aiiales Gat omnibia | 

perptnHicuiaribitsit cencro ad eaidem caagettfie^ du^ j 

.. dis : C)uare)per definicionem medijiAriciiiniftici;{emi« ! 

" &^'A C eA medifl AricJfimeticaincer pmnes p 

culares a pun(9x» D ad ipias cangences du<^ 



eadem rei^i quxiimedia eft 
A^ichntecica incer cxu<emaspcrpendicuiares>fiLeciam 
snediaulrichmecicalihceicoitineseairum: Nam Seml* 
diamecdriAC eftmeaiaj^fichineiic^incerADaeP^, 
&>incerj0ftinpf, .••<-• ■:••.• '• •.-i c;. ;■ . •••. «,) 



1 I . • *. I 



.r, /; 



f < * ^ » 



/ « •« 



« J ' f 



<• v* ^ *k. 



a 



PROPiOSlTiOVI. 

S • r . 1 

• ■ » • • » '11 'l ■ 'i*\ • 



y • 



■• • i 



t t . 



i - 



.- i; 



» > 



r • • 






i ; ^ pQrtfOQali^imoi: radium Bam Codi Sca ; 
ne$ taogf t6s io punais circuli duci)wr> 

EScoigicut Cbi]fi*JJdiIdiilit AXJCB^Jcuius bafis Ra^ 
dius AE,8c fic linea M media Arichmecica in-> . 

tiut;pmii««pe«peiii^V$iKefi[Riirercic6;D 4d :pa34ia 
»e^s Cftii^iiQUil^aiicpriAiiiBii:! «Si^iaucemiii^QBr; s^j^ , 
A£ lroc%iiahpcpppf{i«e%fi9;:^> il^QQcircuilUm 4?x ra> 1 
t M N j«4h^P^ flfl^bpptfi<xi«iii©«k;as Coii.i -AD 

r vOupd^^^ itai^iiibectiipfoi^brr ConQtpi^ci 
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fttfamicisffxriniikf^gififpofy.go^ffii .aijujlibiij 
iaaatimiiing\i}isjSlM>y^()^\ioq]ie itngi^ryisa ,a4 
,cajmim •duiix nStx : a ftgmri v^ro^iUreamkfihfot?!/ 
bafim Cooiadyettieem f) dnfiacut jtlanaper yeipr 
^m & fingMja figurx kten , pt. q wbins lk&9 if rit ^J^rar 
misfiinipiJlcrib^nsjConuax. !rrJaiiguIa>jigitiir quj; 
fiuutiex.clu4j»;«faatJiin .adcentr» ^a ^£Hris sirc^fljt 
fctibeabus! .cirpulpfc: ■ ' li' 'm 

fiint oniQes iimiles,. 
idcoque ia x^tipnv 
' .ad inUii.ccin (wut Fir, 
,cttiiipC,vpl fipuf jrcr, 
.^hngula qwe.imt' 

.ex bafibus ^altitijL* * P 

dinibus .iplQr^uq, .: 
TriaQ^^la ycio jgi^in ^ac Jbtera P^rairiidis fiipamdnt 
.facntisCoiitim,qua^ctiam£intjatuneroi>ariia^cliquif 
quz in i:irc|ilis jSunFihabc/ic^aJcLcm b^cs i^ua^jhabent 
triai^ia fig^re /ciif umfaitf wis jbafim Cpni , altito» 
dincs yero sq uales perpfi^dicukriblu qUiT.a .vetcice P 
.Coni,^baiesducun;uriquaierriangaIumpuiu^per- 
pendicuJbm «eft mcdium .Arith.meiifum ^ntic omnu 
perpcndiiciik^cft ;nediuii;i ^ithni^enif um^crximnia 
cnaijgHJsia luperficie Pyrai;aiduiq>i>:jcircumlcEifiit 
Conum. .SedRadiu; M efl: .medius^^-ith^icticusin.i 
tex o^tfjcspsrpSPdislJJaires 4u(4iia yeiticc;£) ad bafe 
triangsJflrum , .qua: :iant ^angciites ad bafim Coni ; 
Igitur^nvsikTriangijyk^niupcrficic JEycamidis Y hoc 
sltS.ufijr&ifsI^rn^idis; ie hibaat ;idomnianiaa< ■ 
-^ i. .' — I ' -- I I 
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^useft bti^ Coni.. SifUtiiAtfem fe habct liiwa M ad- 
j AEradium bafis Cdaii ,itaSl babct figuM P<slygoma 
drcumfoiJfitftc^Gulb cuiUsVk<li«S' N , ad figm-am cir- 
ctimicript^m bafi Cdtti r-> Qoarc Rgm polygenia cir-. 
eumlcripC^^Circuldds^radio^ Ni^^Ualis elt lupcificici 
iy^aMidis4itcumfei»bamis<:dnum Scalcnuin ADB . 
Siigitur,, iccundum mcthoduni' Airchimcdis , Cir- 
culo cx fadio N circiumfcribatur Flgura pdlygonia ex 
«qualibusconfiftcns angulis & lateribui!, &ei altera-* 
inicribatur firailis, ita vtcircumicripta eYcedap inicri~ 
ptam, miiioreguantitace^.quam diexccflksijuoCir-» 
culus cj^ radio N iuperat iup^iipi^m Conieam Coui 
icalenii ( fiippofito quoci rjiaior ifit XSirculus cdnica lu* 
perficie i) Hcfi circa bafim Coni fimilis: cir<^umicriba^ 
{itcfigom ,|iro bafi IYramki« <A0:umicribeii(is Ca- 
num j^oft^^etunjuodciroului ex rfidio N non poi^- 
fiteftb ma^i^Conioifiiperficie . ' iEt fimili prorlas tac^ 
chodo dcmpnftrabitur ^uod >ne<3ue minor elie Qoteft^ 
Quare>nece^arfumeitvt?fincarqua{es^' • . . 
•1 jykthodumautemJdemdni^rationis quoiuam ad^ 
ihodun:Biongam,.£C4)mhibiisiatfsfiocam,mefiuS'mihi 

viiiuncft^noaappoiiere? iedDttagcs^TC apud auchocem; 
Archimedem libro pninKy de '^ph^t^ & Cy i int&cr i^use^ 
racur. r-i .-•i'. :.* o ■'• •;•■• '. •' :■' -u-'; . ' /'• . : <•"> 

> Media^Eem. Arithaaecicay interomne^ Perpendi-' 
culares ai vertice Coni ^ DB^ ad btaines tangentes ba- 
fis ipfiiisy fic quarratur t Quoj^api enim Media in- 
ter AD..It:-DB> non eft media ^«fita , propcerea^' 
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diculares ad cangentes baiis » ^ guod int uencilacile ap- , 
parefMt0.qmItamijy^{K^jf(J mf^ iJV^ff^ Q §c,PB 
dSk medii^ fjii^iti . Updrcet Jgtnir vt ^uieracaj» me- 
dia Anthmetica inrer aggregatum ex A D & D B & 

dem altitudine conftituti . -/tlaximum enim aggre- 
gatum omnium bic^utii ^^d^Micularium eit e;t 
A D & p B j Minimum vero eft duplum lateris Coni 
re^ y ez eldembd^& aicJtiidiid Cicttt antea) deq|ibi|- 
ftratual^ft . Dimidium. igitiur iUius med^ Af itlipi<f^ 
cici incer aggregacum.cz < A D de D>B » 2<iii^lum htfi-^ 
ris Cont r^6ti > eft Medium AritJuiietieuJnTiottcfitumi 
guod infinitisescemplis in'nunKrisc5pirohaoiciiri5up>» 
pon^tur enimquod. AD &. D(B (inr ^aat ;6,M|k 14.' Al 
qiaMmiaimx)^tfcndiQaiafiaki(a^9s^^ Coiit 

re^ {iat j & } . aggregacum tgicur omtiliiia£. eft J ti* 
^uod diuitimi per'numeri^m:. tccmihbrucki ;4. £tcit 4« 
pro Medio Ancbmecico inter omnes numeros » Hanp 
inudnrionem Medij : Arithmecici . veranfai idiS^iudicoi 
etiamfi Ceometrice.demQnAratftm>nfm; aflitoffle s don 
liec auEem improbecur > & faliafii eflf dmoti&rctuf 
jfempcrveram dlc cxiftima|>o « 
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i^ diaiiii^^iw^ Q^tn^ne |n£Mi!ti4;9UiottinK^^ci-> 
^fftffimmicrjtt IfwpocrateiCiiiUSjimM yixiic 0tc4 dO'^ 
Aiun ^uiiigen^mufn ancc CKri^o^ nacum; pofk 

ft HipP^racis ^ua«lr«k(ui!^ i^pc ab illo in 
^emflum Pafallogiifniactdticimro Hi<i yero liccc non 
quacilraucri^ffCt^Circoliiini ^ auadrdult.^nicft Lumi«< 
j&my dCDoll^iUnnvvi^c^id Vi^cain no4 «xfti^i^ siiu^, 
qui ve|aliquam'9|uiir-Circuli parcen^ «^uadrjnierit , 
Vietaeamen^uadraiuiplinrc^ LHnuIa^ ^ Arfafilni&^, 
Jnccrin^ excpgicaca fiii? -^ 0iiioifli|acQ & Ni^medc vr 
refercf^appu^tine^qu^clracrij^^cuius ope dacurredhu, , 
sequalis ^ircum&renci£ Circufi , ^ Geoinecris camen^ 
reie(fla f propcerea ^uod io, bafe non decur ipG^m, pun^ 
iJlum ; vcruncamen , jioc cohc^^lTQ , faciJe demonftra-. 
l)^ur Cuii^iuis Solidi roc^ndi Cubacio . T<uidem mi- 
tiiaccidic qu^rcnci cubaciQnem Cyjindri ^ Inuenireuj 
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-Baneia^cddSem /iji&^m -plaxu» per l^utidam afih 
oiumI in-^perficie.- &: cencrum boGs, spopMti cmiiua^ 
Pri%ad , cuius fiaiisiic 6ibio£^maktta. tr iangqlo nia»- 
admoi ^uodfic pecfe^tionem eiu£lem ^btdoaiiyfiaakf 
^plaiuuniQcansrct^^alcicudo vtt&ii^uMiiitmt*' 
CFobaifB Cyiiuciri.. laueni ^edain quoa diifii^ it» 
irufii)>> ex^alia parcct .£^itndri> poidone ' fimcli i,paccem 
incermectiam ( quain Cuneum Cjriindsidim ifioqii^ 
no ) non poi^ pubari « fioe Qpe re^ je^ualis cirpum- 
^renp^ circuli ; Vel ^ gu6d> d fdisi rafionc cubari po^ 
fn&nf y darecur eciagi quadrfitujra Circuli > quod Pro^ 
i>lemacic^ e^EipBre pro impoijibiii babeo ; Ineorema* 
cic^ vero Cul^acio Cvlindri , iicuc ilia Arcliimedi^ ^ua» 
4cf)CUi9 Ciixuli £iciilime e^ciec\ir » 
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8k igicuf Cylindrus reawi A B ', cuius 9e£& Ci»i 
culus circa cencrum D , a quo in bafi dttcatur ad peri« 
pheriam fc<aa D E; a punOo verdE iafiiperficic Cy^ 
lindri ducacurre^,inqu4fumpco^ocunqu»pun^ 
^. per illud & D cencrum bafis, craiueac.Piannm dii&^ i 
insparccmCvliridri AFCD,cttiusbafi«AEC ^&^l 
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ip&^fffligua ve(QSttpcrficicttftip£u8Cyliiidbti« Coii- 
«ipiatur iaoi ifta I^irHDircdilKfi&i^iccrlun iecaripJaiio 
«er pttivdiun P> adlpia^a AFC As A£ C rc^ > lacieiice 
ivianguliilfn F£D; iBcHat Pri^ IC iupcr.iKiil iub» 

|i 4ianpcch> A C. IHc<^ Pikfmdni-itUm AFCD» 
^uatiiFciimaciK; 
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Sccccur ifcrum pprcio A F C P vccunquc alio Pla- 

»0 , paraJlclp Planp F £ P , fscjcncc |c«3aoncin Trian- 
%^m QHl, Ec ^upuiam Cyjindrus A e cftrcc^u^ 
erua? pm|ie$ rc^« iul/upcriicic Cylindri ad bafiiai 
eiu?crc^,quarcJinca FE cltpcrpcndicuJaris EP, 
& GH^ |4|; Iccrufii cumiin^dup plana FEP, & 

GHJ-; parajfel^, Jlfc'fciam duo aJia plana AFC> fi^ 
AECf^tt«i/J4ftcw»cominunc» «orum fr<3jonesj 
^icotf eftpi: J? p afc>Q I ,.p E i^ J H > ^rumi inoiccan 

P«l^*Ji(^«b!Hiepqtt^4yiOWncbunt iix(Mcc anguJo? a?qua- 
w. <Swtriaiigula/pJP,.^GH.I>crunc(imJiia, 

^ <ifip^ tbfcttmipagittm SQjidivAFCP,omni»wn- 



i ivl-n 






gula 



I 



fAKTi^ ^xnnf^hh 



^M- 



"«rr 



m 



^^ 



FE O iipruiir a^ iftU^^fniliniii? » .^«Pfi ^mi^m jfrwo^ 

tcrum homplogprwOj e|-it friangulwn QHJ g4 triaa- 

P, &fi(:crJrqi#o<i»ijaIJwiii-|angvi»m «/i<Sfcioii<i^ 

p«faJifil4 fe^um M wiangolum^ j? j^p, afflu^pu^om- ( 

IuI?u$^m^e4eii|ti|fMs a4 (MQfi(le^f9/9/^ue|U9$><^i;inc 

piniviat«aflguU»$<)lic|Q.AB]Q«feocpft;f^^ $0» 
lidujp A ^QM rotidcm pria^gui?; f E D, hop ?ft gq 

^ui afnm <}v«draw rc^tf m 4A 3emiarculo A E C 
act^yiam^irum A CappUcacgrum > »4 C9(i<{ea| ^^adra^ 
ta |?midiimwi £ D, 5edi«cuf omnia jft^ q^uadrai^L^ 

re<ais illisproradijsj adtotidem Cwrio«."?*>ftffiidi*:- 
mecro JB D : hoc eft fi^ut $ph$r4 e? radio E D ad Cy- 
lindrqm ex eodem radio ]BD pro haff Sc altitiidmc^^ 
A C ; V?l (icut Spha^a »d C^liQdfuni ^m (:ircum-* 
; |cribcntem> idpitjin ratione ^ubiei^uialtera • Qaa<r 
I re Solidum A F C rft ad Priim^i ^r b^fi tnangulo F£D 
I &alti^udine VcOa^ A C m ^adpm r^tionc, /cillcet iub^ 
I leiquMfc^ri . Priima autem K conftituta eft iuper bv 
'■ (ifubieiguialcerg|;rianguli FEp^^inaltitudineeiui- 
dcm r?^* A C i Quarc in rf^cion^ |ubiei^uialcera ic-> 
I habc^ Priima K ad tale Priim^ lupcr ba(i criangulo 
F£D & eiuidcm alcicudinis AC^ Ideoqne Priiina.» 
K 5c Pars Cy lindri di(k^ nocaca liceris A F C D liin? 
jEiqualia y Quod era^ prppo^tum . 

(j^od ^umpcum eft f icilicec , quod ratip om mum 1 
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*^4 cvtjm&^ ¥m,m mBfcfDai . 

iibadiratcitutii rei£iJpKiin! m dii^tiio Wdifiacim a^ptica* 
ta^tiii» r adcocideiii quadrica-(efliiJdiiafiiiecri> uc (icuc 
^haeri ad Cytmdriim eaih circiimldribeiicein idedu- 
'cfrurejfCauallemufadoaii-lna^Gebihetrix indiuiiibi^ 
liuin /^dehibnllraripocett ea(^j]i;iiha propoilciono 
libritercif eiuideivi '.'^Siftb eciam mahifeftum eft 9x ea 
^od circulii^ qui imisk^ <^li6ilri iequalis 6ceiui(lem 
uncud^i^ i^miph^^iiC'^il^UiaIcer circuli qvd ba- 
^s eitC^lJbdri cireUfR^il^enHs Spberam; oporeec au-» 
cm qu5dipircuk^ qki kli(i54SbGy\itidtiai<pAlk ^has- 
|*XjUch|ediusArich'm^Eicu&iiiter'0mne8 circulos iiL» 
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Ideoqu^'<]imhiescifcuil ipjfiUMd ohiaescircufosQjriin^ 
dri tirci^ftlbriBehilii <^m> fKiid biiiisad biiifimVlUAS 

«nifi^^ih^oitdenijdcttudllic. Quare^cp, 
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96 . pefUnt llteiraB. J^BcMin figovA |l^»M«tls pl%- 

nuin par^fl)un .bafi . ' 
1 13 . . ^ Fit erK>r ii^ine: ponendaf 4 tuP ^lplPfllior pff* 

^ ^t^ /\ . : '. 

13 5 peeft in /igura ttera N, o^ltnej^ ^ piiAd|a.;H > io^ 

cludepsre^t«uigttiumiFI^^ ' ^ 
14S i^ Ag«inf$;ri(>ip6teftpropH^&f^cn)idet,. 
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